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Sommario

Nella nuova era dell’esplorazione del cielo transiente, i progenitori di esplosioni relativistiche
– come i lampi gamma (GRB) e le supernovae relativistiche (SN) – sono tra i protagonisti più
importanti della ricerca. Le osservazioni multi-frequenza del vicino GRB 170817A – le cui
onde gravitazionali sono state rilevate dagli interferometri LIGO/VIRGO – e la recente scoperta
alle altissime energie degli afterglow associati a due GRB brillanti (190114C e 180720B)
con i telescopi Cherenkov MAGIC e HESS hanno suggellato la nascita dell’astronomia multi-
messaggera. Lo studio dell’afterglow dei GRB, originato dall’interazione tra la materia espulsa e
il mezzo circostante, è fondamentale per comprendere i meccanismi di emissione, la microfisica
dello shock relativistico, le proprietà del mezzo circostante e del getto. Gli afterglow radio dei
GRB – per quanto difficili da osservare per la loro intrinseca debolezza (dell’ordine del sub-mJy)
– sono cruciali per comprendere appieno questi aspetti, e in particolare lo shock inverso, che a
sua volta dipende dalle proprietà della materia espulsa e quindi dal progenitore stesso del GRB.
Anche se diverse campagne osservative hanno migliorato la copertura della parte radio dello
spettro di emissione, ad oggi manca un quadro esaustivo degli afterglow.

In questo contesto mi sono occupato di modellizzare l’emissione multi-frequenza degli
afterglow, con particolare attenzione al radio, con la realizzazione del codice Python sAGa (Soft-
ware for AfterGlow Analysis). Dopo aver testato con successo sAGa su vari afterglow di GRB
(120521C, 090423 e 050904), l’ho utilizzato nel caso di GRB 160131A, i cui dati suggeriscono
l’iniezione di energia da parte del progenitore, e la presenza di un getto. Inoltre, l’insolita
presenza di picchi nelle curve di luce radio potrebbe essere dovuta a effetti di scintillazione
interstellare. I miei risultati mostrano che i dati multi-frequenza sono difficilmente spiegabili
nell’ambito del modello standard degli afterglow.

Al fine di incrementare i dati radio, ho coordinato una serie di campagne osservative con il
Sardinia Radio Telescope (SRT) per gli afterglow di GRB 181201A e GRB 190114C. Nonostante
queste non abbiano portato alla rivelazione degli stessi, mi hanno offerto la possibilità di
confrontare tre metodi per rivelare sorgenti deboli: quick-look (il meno accurato), source
extraction (tipico dell’analisi ad alte energie) e il fit con una Gaussiana bi-dimensionale. La
messa a punto di una nuova metodologia per l’analisi dei dati di SRT (1) ottimizza la rivelazione
di una sorgente debole ad un flusso minimo rivelabile di ∼ 1.8 mJy, e (2) evidenzia l’importanza
di un’accurata conoscenza del fondo.

I GRB lunghi sono associati alle Ic broad-line (Ic-BL) SNe. Ad oggi il legame GRB/SN
è testabile solo per i GRB a redshift z . 1 per la debolezza intrinseca delle SNe. In questo
contesto ho analizzato Ic-BL SN 2014ad, rivelata solo in ottico. La vicinanza di questa sorgente
(∼ 26 Mpc) e le osservazioni in radio e raggi-X hanno permesso di vincolare profondamente
(1) il tasso di perdita di massa del progenitore, (2) l’energia totale della materia espulsa a
grande velocità e (3) la geometria dell’esplosione. Ho considerato due regimi di emissione di
sincrotrone (isotropa con espansione sub-relativistica, tipica delle normali SN; relativistica con
getto osservato fuori asse, come nei GRB), dimostrando che i getti poco energetici osservati
fuori asse in un mezzo a bassa densitá non possono essere esclusi nemmeno per una BL-Ic SN
così vicina.
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Abstract

In the new transient sky era, the progenitors of relativistic explosions, such as gamma-ray
bursts (GRBs) and relativistic supernovae (SNe), are the focus of forefront research. Broadband
observations of nearby short GRB 170817A – whose gravitational waves were detected by
LIGO/VIRGO – and the recent detection at TeV energies of two bright GRB afterglows (190114C
and 180720B) with the MAGIC and HESS Cherenkov telescopes heralded the birth of so-called
multi-messenger astronomy. GRB afterglows, originating from the interaction between the ejecta
and the circumburst medium, help constrain the radiation mechanism, the relativistic shock
microphysics, the circumburst environment, the structure and geometry of the relativistic jet.
Observations of radio afterglows are key to understand the reverse shock, which links directly
to the nature of the outflow and, consequently, to the progenitor itself. On the other hand, they
can hardly be observed with current radiotelescopes because of their faintness (mJy or sub-mJy).
Recently, several radio followup campaigns improved the observational coverage of the lower
part of the emission spectrum, but an exhaustive picture of GRB afterglows is still missing.

I developed an approach focused on broadband modelling (with particular attention to the
radio frequencies) through the Python code called sAGa (Software for AfterGlow Analysis).
After successfully testing it on various GRB afterglows (120521C, 090423, and 050904), I
applied it to long GRB 160131A, whose data show evidence for energy injection and jetted
emission. Radio light curves are characterised by several peaks, that could be due to either
interstellar scintillation (ISS) effects or multi-component structure. My results show that the data
can hardly be explained self-consistently with the standard model of GRB afterglows.

To help collect more radio data on GRB afterglows, I coordinated radio campaigns with
Sardinia Radio Telescope (SRT) to observe two GRB radio afterglows (181201A and 190114C).
Although they have come up with no detection, they fostered the definition and the comparative
analysis of three detection methods for faint radio sources through single-dish imaging, in
terms of sensitivity and robustness: quick-look (a smart but rough approach), source extraction
(typical of high-energy astronomy), and fitting procedure with a 2-Dimensional Gaussian (a
more sophisticated approach). The new methodology for the SRT data analysis (1) pushes down
the sensitivity limits of this radiotelescope – with respect to more traditional techniques – at
∼ 1.8 mJy, and (2) highlights the need for accurate knowledge of the background.

L-GRBs are associated with type Ic broad-line supernovae (Ic-BL SNe). This connection can
be observed only at redshift z . 1 because of the intrinsic faintness of SNe. In this context, I
analysed Ic-BL SN 2014ad, detected only in optical. The proximity of the source (∼ 26 Mpc)
and the radio/X-ray observations turned into very deep constraints on (1) the progenitor mass-
loss rate, (2) the total energy of the ejecta, and (3) the explosion geometry. I considered two
synchrotron emission regimes (uncollimated non-relativistic ejecta, typical of ordinary SNe);
off-axis relativistic jet, such as those seen in GRBs), showing that off-axis low-energy jets
expanding in a low-density medium cannot be ruled out even in the most nearby BL-Ic SNe.
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«But I do not think it is possible really to
understand the successes of Science
without understanding how hard it is –
how easy it is to be led astray, how
difficult it is to know at any time what is
the next thing to be done.».

The first three minutes
StevenWeinberg
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Introduction

In this PhD Thesis I focused on the study of the broadband data modelling of relativistic
explosions, in particular gamma-ray bursts (GRBs) and supernovae (SNe). I therefore aimed
to develop an approach that devotes special attention to the radio band data in both the radio
observations and data reduction, as well as in broadband modelling.

GRBs are the signature of cataclysmic events on stellar scale in the Universe. They consist in
short and intense pulses of gamma-ray radiation, and for a few seconds they outshine the whole
gamma-ray sky.

Their progenitors – either core collapsing massive stars or binary neutron star (BNS) mergers,
depending on whether the GRB is classified as a long (L-GRB) or short one (S-GRB), respectively
– launch relativistic jets with very high gamma-ray released isotropic equivalent energies (∼
1051 erg for S-GRBs, ∼ 1052 erg for L-GRBs), and jet opening angles of a few degrees.

The burst itself is called prompt emission, defined as the first signal of soft gamma-ray/hard X-
ray emission detected by GRB detectors; the origin of this emission remains not fully understood
after more than 50 years of observations. GRBs are also characterised by a long-lasting emission
– days through months – at lower frequencies known as “afterglow”, originating from the
interaction between the ejecta and the circumburst medium. This interaction takes place through
shocks, mediated by magnetic field irregularities and resulting mainly in synchrotron radiation.
The propagation of the ejecta creates two shocks: a forward shock (FS), propagating in the
circumburst medium, and a reverse shock (RS), propagating back into the ejecta and radiating at
lower frequencies.

GRB afterglows encode a wealth of information that links to (i) the radiation mechanism, in
particular the possible presence of large-scale magnetic fields ploughing the ejecta, which is still
one of the main open issues in the field; (ii) relativistic shock microphysics; (iii) energetics; (iv)
jet geometry. All these issues can be addressed effectively and uniquely through observations at
lower frequencies, especially the radio band. GRB radio afterglows are crucial to understand
the RS component which in turn can (i) clarify the nature of the outflow and, consequently,
(ii) constrain the nature of GRB progenitor stars. GRB radio afterglows are typically faint
sources (mJy or sub-mJy) and can hardly be observed with the current radiotelescopes (both
in interferometric and, especially, in single-dish mode). In the lastest years several dedicated
radio followup campaigns improved the observational coverage of the lower part of the emission
spectrum, but an exhaustive picture of GRB afterglows is still missing.

To this aim, I developed a specific Python code called sAGa (Software for AfterGlow Anal-
ysis, Chapter 3). This tool allows for the characterisation of physical properties of afterglow
through broadband data analysis based on fitting procedure in Bayesian approach. The main
radiative processes involved are synchrotron and inverse Compton, self-absorption, radio scintil-
lation, optical absorption caused by dust. After successfully testing the capabilities of sAGa on
various GRB afterglows (such as GRB 120521C, GRB 090423 and GRB 050904; Sect. 3.9) in
the context of the standard GRB afterglow model, I analysed long GRB 160131A (Chapter 4),
observed through deep follow-up campaigns from radio to high-energies. Preliminary analysis
shows that the broadband data set can hardly be explained self-consistently with the standard
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model of GRB afterglows.
Moreover, in the context of radio followup of GRB afterglows, I supervised a request of

observational time of the INAF proposal 23-18, and two other radio campaigns in target of oppor-
tunity (ToO) mode (02-19 and 50-19) to observe two GRB radio afterglows (GRB 181201A and
GRB 190114C) in single-dish mode with the new Sardinia Radio Telescope (SRT), characterised
by a parabolic reflector with a diameter of 64 meters . These followup campaigns resulted in no
detection of GRB afterglows during all the 10 observation epochs. This outcome suggested to
analyse several detection methods for weak radio sources through single-dish imaging, in terms
of data sensitivity and robustness (Chapter 6). These methods are included in a specific Python
code for the analysis, that allows to measure the flux density and the uncertainty of a point-like
source in an image not particularly crowded. The new methodology for the SRT data analysis I
have come up with exploits the capabilities of SRT by optimising the detection of faint sources
(as is the case for GRB afterglows or GW radio counterparts), thus pushing down the sensitivity
limits with respect to more traditional techniques.

Except for a couple of ambiguous cases, L-GRBs are found to be associated with type Ic
broad-line (BL) supernovae (SNe; hereafter, Ic-BL SNe) observable when, for example, a dim or
rapidly declining GRB afterglow does not overshine the SN component. Since these SNe are
detectable – with current facilities – at redshift z . 1, the direct evidence of GRB/SN connection
is possible only for nearby GRBs. These sources result in final evolutionary scenario of massive
stars, they do not show hydrogen and helium in the external layers, and the broad lines in the
optical spectrum are the signature of a high expansion velocity of the ejecta (∼ 20000 km/s).
Ic-BL SNe are more energetic than ordinary Type Ic SNe, with explosion kinetic energies of
about 1051 erg. The nature of GRB/SN connection, together with their progenitor stars and the
circumstellar medium are open issues.

In general, not all Ic-BL SNe are accompanied by a GRB. Among several interpretations, the
simplest one is (i) the absence of GRB; alternatively, (ii) the GRB jet is misaligned with respect
to the line of sight of the observer (who therefore cannot see it; this is the so-called off-axis
scenario), or (iii) the ejecta fail to make it out to the photosphere (the chocked jet scenario),
possibly because launched by a weak short-lived central engine, resulting in the production of a
relativistic SN rather than a GRB counterpart. The emission mechanism concerning the shock
heating of both SNe and GRB afterglows differ mainly in the ejecta velocity (relativistic for GRB
afterglows, mildly or sub-relativistic for SNe). This results in synchrotron radiation from SNe,
observed at radio and in X-ray frequencies.

In this context I focused on the GRB/SN association adapting sAGa to the SN emission,
to extract its physical properties through a broadband approach. My workbench is SN 2014ad
(Chapter 5), a very nearby Ic-BL SN (∼ 26 Mpc) detected only in optical band, with no observa-
tional evidence of a GRB counterpart. To analyse the possible GRB association I considered
two scenarios, both characterised by synchrotron emission: uncollimated non-relativistic ejecta
(typical of ordinary SNe), and an off-axis relativistic jet (as seen in GRBs). I deeply analysed
available X-ray and radio observations, but the source was undetected at these frequencies. The
upper limits, thanks to the proximity of the source, enable very deep constraints on both the
progenitor mass-loss rate and the total energy of the ejected matter that are, still today, open
issues in the GRB/SN connection.

This PhD Thesis is organised in 6 Chapters as described above. In particular, Chapters 1 and
2 contain a brief summary of both observational and theoretical properties of GRBs to guide the
reader to the understanding of the following chapters, and all the results are summarised in the
Conclusions.
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Chapter 1

Gamma-Ray Bursts: observed properties

This chapter presents an overview about observative properties of the gamma-ray burst (GRB)
phenomenon, to introduce the subjects of this Thesis. After a brief historical overview (Sect. 1.1),
I present a phenomenological description of GRBs (Sect. 1.2), including their multi-wavelength
emission, classification (Sect. 1.3), correlations (Sect. 1.3.4), progenitors and circumburst envi-
ronments (Sect. 1.3.3). I then move on to the polarisation of the GRB signal (Sect. 1.4) and the
connection between GRBs and supernovae (Sect. 1.5).

13



CHAPTER 1 1.1. GRB HISTORY

1.1 GRB history

Despite an average detection rate of about one GRB per day – with a full sky coverage – first
GRBs were observed only during the 1960s. Since the atmosphere of the Earth is opaque to
high-energy radiation (X- and gamma-ray), this emission is detectable through detectors aboard
either space satellites or balloons. The first gamma-ray detectors were conceived to monitor
nuclear weapon activities. During the cold war several nuclear detonations were carried, resulting
in the danger of radioactive fallout. This led to the Partial Test Ban Treaty in 1963, signed
and ratified by most countries (especially by the United States and the USSR). To verify the
observance of this treaty and to enforce surveillance of spatial nuclear detonations, from 1963
to 1970 United States sent in orbit the six Vela satellites, built to detect X-ray and gamma-ray
emission by nuclear weapons tested in space1.

A bright flash of gamma-ray radiation was detected on July 2, 1967, by the Vela satellites
unlike any known nuclear weapons signature: this was GRB 6707022, the first GRB ever to be
observed (Klebesadel et al. 1973). Other similar events followed, whose localisation (successfully
performed) based on the triangulation of arrival time at different detectors, allowing to rule out
both a terrestrial and a solar origin, thus supporting the cosmic origin.

After this discovery, initially progress has been slow, especially as the intrinsic brevity
of GRBs and the technical difficulties in determining an accurate position (and hence the
GRB distance) of gamma-rays, resulting in no detection of counterparts at lower frequencies.
This problem caused a heated debate between the cosmological and the Galactic origin of
GRBs, resulting in several hundred theories. This scenario improved significantly thanks to the
InterPlanetary Network (IPN, e.g. Cline & Desai 1976), a network of spacecraft able to provide
localisation accuracy of hundreds of arcminutes down to a few arcminutes, but with a delay of
days to months, too long to detect an afterglow. The cosmological origin was further supported
by Hartmann & Epstein (1989), that highlighted the isotropic distribution of a sample of 88
IPN-localised GRBs3. Nevertheless, the galactic origin theory still had significant support: in
addition to the existence of theoretical models based on neutron stars (NSs), an event detected
on March 5, 1979 Evans et al. (1979) was localised near a supernova remnant (SNR) in the large
Magellanic Cloud, which provided a connection between GRBs and NSs4. The high transverse
velocities of NSs (Frail et al. 1994) suggested that NSs could populate the galactic halo; an
isotropic distribution of GRBs could therefore support the galactic NS origin.

The launch of the NASA Compton Gamma-Ray Observatory (CGRO) in 1991 was a crucial
event for the GRB science. Among the instruments on board there was the Burst And Transient
Source Experiment (BATSE, Meegan et al. 1992), a sensitive gamma-ray detector working in the
0.02− 2 MeV band, designed for GRBs. BATSE was able to promptly notify a rough localisation
(2 to 3 degrees, up to 20 degrees for low-luminosity events) and, thanks to its all-sky coverage,
detected about 2700 GRBs (∼ 1 GRB per day) during its nine years of operations. The sky
distribution of BATSE GRBs (Fig. 1.1) turned out isotropic, therefore calling for a cosmological
origin. On the other hand, there were still no direct measurements of distance, and hence both
Galactic halo and solar system models were not ruled out. Other important results regarded

1The last satellite to be decommissioned was in function until 1984.
2The GRB naming convention follows the format GRB YYMMDD. For multiple detection on a single day the

format GRB YYMMDDX is adopted, where X is a letter (A for the first detection, B for the second one, and so on).
Since 2010, all GRB names follow the YYMMDDX convention (including the final letter) even if only one GRB is
detected on a given day.

3Galactic events would be expected to concentrate in the Galactic plane.
4This event turned out not to be an actual GRB. It had an unusual light-curve and spectrum, and 16 more bursts

were observed from the same source. It was later classified as a soft gamma repeater (SGR), originating in a
magnetar (Paczynski 1992; Grindlay 1994)
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Figure 1.1: Galactic coordinates map of the 2704 GRBs detected by BATSE. The color code refers to the
fluence of the bursts, gray dots indicate incomplete data. Credits: CGRO BATSE Team.

the non-thermal origin of the GRB emission and the bimodal distribution followed by the GRB
duration (e.g. Kouveliotou et al. 1993).

The Dutch-Italian satellite BeppoSAX, launched in 1996 and operational until 2002, was not
specifically designed for GRB observations, but was fundamental for faster and more precise
GRB localisation. BeppoSAX hosted five instruments ranging more than three decades in energy
(0.1 − 300 keV) with a relatively large effective area. Four of these instruments constituted
the Narrow Field Instruments (NFI), covering the energy range 0.1 − 10 keV and pointing in
the same direction; the fifth instrument was the Wide Field Camera (WFC), consisting in two
coded-aperture cameras each covering a 40 × 40 degrees area in the 2 − 30 keV range, and
providing an accurate position down to a few arcminutes. These detection improvements allowed
to observe and analyse several long GRBs. Moreover, the discovery SN 1998bw, a Type-Ic SN in
a nearby galaxy at z = 0.0085, in the error circle of GRB 980425 (Galama et al. 1998; Kulkarni
et al. 1998), was another important result to reveal the connection of long GRBs with some kind
of core-collapse SNe.

An arcminute localisation is crucial to observe at lower frequencies the afterglow, only
theoretically suggested up to that time (Meszaros & Rees 1997). The first afterglow ever to
be observed was that of GRB 970228 (Costa et al. 1997; Wijers et al. 1997; van Paradijs et al.
1997). The WFC caught a pulse of X-rays during the GRB, localised with only 3 arcminute
precision; the NFI were repointed towards the position with a slew time of 8 hours, successfully
detecting a X-ray source ∼ 104 times fainter than the original signal. This GRB position led (1)
to follow-up observations with the Hubble Space Telescope and other ground-based telescopes
(Galama et al. 1997; Pian et al. 1998), and (2) to measure the first redshift (z = 0.835, Metzger
et al. 1997), which formally established the cosmological origin of GRBs. Moreover, the first
radio afterglow was discovered following the BeppoSAX burst GRB 970508 (Frail et al. 1997).
The GRB field formally entered the multi-wavelength afterglow era. In this context, the abundant
multi-wavelength afterglow data allowed to begin exploring the physics of GRBs, in particular
(1) the power-law decay behaviour of multi-frequency afterglows consistent with the predictions
of the fireball forward shock model (e.g. Rees & Meszaros 1992; Meszaros & Rees 1997; Sari
et al. 1998), (2) the optical flash detected at early-time in GRB 990123 (Akerlof et al. 1999)
interpreted with a reverse shock model (e.g. Mészáros & Rees 1999; Sari & Piran 1999), and (3)
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a steep temporal index identified in the afterglow light-curves of several GRBs, interpreted as
evidence for a jet geometry of the fireball (Rhoads 1999; Sari et al. 1999; Zhang & Mészáros
2002; Bloom et al. 2003; Berger et al. 2003; Zhang et al. 2004).

GRB science entered its modern era thanks to two highly successful – and still active –
satellites, Swift and Fermi. The Neil Gehrels Swift observatory (Gehrels et al. 2004) – built
by an international collaboration (USA, UK, Italy) – was launched on November 20, 2004 with
three instruments onboard: a wide-field Burst Alert Telescope (BAT; Barthelmy et al. 2005), a
narrow-field X-Ray Telescope (XRT; Burrows et al. 2005a), and a UV-Optical Telescope (UVOT;
Roming et al. 2005). The BAT (15 − 350 keV) is a coded aperture hard X-ray imager, with
1.4 sr field of view. The XRT has a field of view 23′′.6 × 23′′.6, large enough to search for an
X-ray counterpart in the BAT error box (typically a few arcminutes wide), and a typical slew
time of about one minute; these characteristics allow to quickly catch the X-ray afterglow of
the majority of detected GRBs and provide an arcsecond position. The UVOT is characterised
by a 30 cm aperture, a field of view 17′ × 17′. The accurate positions provided by XRT are
promptly distributed to the ground-based and other spaceborn follow-up telescopes through
the Gamma-ray Coordinates Network (GCN5), to promptly plan specific campaigns to search
for counterparts at lower frequencies. The prompt slewing capability allowed Swift to detect
numerous GRB afterglows, enabling direct observations of the very early GRB afterglow phase.
In particular, it detected the faint afterglow of short-duration GRBs, leading to the identification
of the host galaxies of several short GRBs and their relative locations with respect to the host.
These results very different from those of long GRBs suggest that the progenitors of short GRBs
harbour a different population (Gehrels et al. 2005; Barthelmy et al. 2005), likely associated
with compact stars such as the coalescence of two neutron stars (NS – NS) or one neutron star
and one black hole (NS – BH). The abundance of early afterglow data, especially in the X-ray
band (e.g. Nousek et al. 2006; Evans et al. 2009), allowed to better understand the physical
processes that shape the early afterglow light-curves (Zhang et al. 2006). The ordinary X-ray
afterglow light-curve is composed by five distinct temporal components (Zhang et al. 2006), with
the possible presence of erratic X-ray flares connected with the prompt gamma-ray emission,
suggesting that the GRB central engine lasts longer than previously believed. Further broadband
observations revealed a more complex “chromatic” behaviour for at least some GRBs, suggesting
more complicated afterglow physics. Moreover, Swift observations challenged the separation
between the long and short populations. In particular, duration can be ambiguous in the GRB
short/long classification (e.g. Gehrels et al. 2006; Della Valle et al. 2006; Greiner et al. 2009),
calling for more sophisticated classification criteria (Zhang et al. 2009). In addition, Swift
greatly broadened the measured redshift range, allowing to study the evolution of the universe.
In the low-redshift regime, Swift discovered several low-luminosity GRBs associated with SNe
(e.g. GRB 060218/SN 2006aj Campana et al. 2006; Pian et al. 2006), suggesting that they likely
represent a distinct population from ordinary more luminous ones (Liang et al. 2007; Virgili et al.
2009; Bromberg et al. 2012). The furthest GRBs discovered by Swift so far are GRB 080913 at
z = 6.7 (Greiner et al. 2009) and GRB 090429B at z = 9.4 (Cucchiara et al. 2011).

The Fermi Gamma-Ray Space Telescope was launched on 11 June 2008. It carries two
main instruments: the Large Area Telescope (LAT, 0.02 − 300 GeV), which covers 20% of the
sky at any time and scans the entire sky every three hours, and the Gamma-ray Burst Monitor
(GBM, 0.008 − 40 MeV), which scans the whole sky for any events (Meegan et al. 2009; Zhang
2019). The broad energy coverage allows to study the broadband spectra of GRB prompt
emission with unprecedented detail. According to the second Fermi/LAT GRB catalogue (Ajello
et al. 2019), LAT detected 169 GRBs above 100 MeV out of 2357 GRBs detected by GBM,
suggesting external shock origin of the GeV emission. Sometimes, GeV emission shows a

5https://gcn.gsfc.nasa.gov/gcn3_archive.html
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delayed onset with respect to the MeV emission, not predicted from known models6. Detailed
spectral analysis in a wide spectral window provided important information to understand the
composition of GRB jets and the physical mechanisms of prompt emission, showing a multi-
component scenario (Zhang 2011; Guiriec et al. 2015). Moreover, photons with > 100 GeV
rest-frame energy have been detected in several GRBs (e.g., GRB 080916C Abdo et al. 2009 and
GRB 130427A Ackermann et al. 2013), constraining the bulk Lorentz factor and consequently
particle acceleration mechanisms in relativistic shocks.

The detection of gravitational waves due to mergers between two black holes with the
gravitational wave (GW) detector, Advanced LIGO (aLIGO7), heralded the beginning of GW
astronomy (Abbott et al. 2016). On 17 August 2017, a NS-NS merger event, GW 170817,
was detected by the aLIGO and Advanced Virgo8 gravitational wave detectors. The event
was associated with a low-luminosity short GRB 170817A (Abbott et al. 2017b) and a multi-
wavelength counterpart detected in optical, radio, and X-ray bands (e.g. Pian et al. 2017; Nicholl
et al. 2017) in the nearby galaxy NGC 4993 at ∼ 40 Mpc. This historical achievement brought the
GRB field formally into the so-called “multi-messenger era” (Abbott et al. 2017b). Moreover, the
recent detection at TeV energies of two bright GRB afterglows (190114C, MAGIC Collaboration
et al. 2019a,b; 180720B, Ronchi et al. 2019) thanks to MAGIC (Major Atmospheric Gamma-ray
Imaging Cherenkov Telescope) and HESS (High Energy Stereoscopic System) ground-based
Cherenkov telescopes, further extended the range of covered frequencies where GRBs can be
analysed, strongly suggesting the signature of inverse Compton in their afterglow emission.

1.2 GRB Phenomenology
The observed properties of prompt and of afterglow emissions are summarised in Sect. 1.2.1 and
1.2.2, respectively.

1.2.1 The burst itself: the prompt emission
Following Zhang (2019) one could define the prompt emission of a GRB as “the temporal phase
during which excessive sub-MeV emission is detected by the GRB triggering detectors above
the instrumental background emission level”. Most of the energy released during the prompt
emission is of electromagnetic origin; the isotropic–equivalent luminosity during the prompt
ranges between 1047 and 1054 erg/s, and the isotropic–equivalent energy Eiso

9 ranges between
1049 and 1055 erg.

Observations of the prompt emission in frequencies lower than gamma-rays are rare, made
difficult by the combination of unpredictability and short duration of GRBs10. Early data can be
obtained if a precursor emission alerts the community or in the case of an exceptionally long
duration GRB. In the optical domain, two types of components are observable (both may be
present in the same burst): a component for which the peak of the optical emission is offset with
respect to the peak of the gamma-ray emission (which points to a different physical origin), and
a component that tracks the gamma-ray light-curve.

6Such delays (or the lack of) for photons with the highest energies place important constraints on the Lorentz
Invariance Violation (LIV, Abdo et al. 2009).

7http://www.ligo.caltech.edu
8http://www.virgo-gw.eu
9The isotropic–equivalent energy is defined as the energy emitted in the 1 − 104 keV range in the rest-frame

of the source assuming the emission to be spherically symmetric. In the case of collimated emission with a jet
half-opening angle θ j, the beaming-corrected energy is Eiso(1 − cos θ j).

10To date, there are only two examples of a GRB observed from the optical to the GeV range during the prompt
emission (GRB 130427A, Fraija et al. 2016 and GRB 160625B, Troja et al. 2017).
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Figure 1.2: Diversity of GRB light-curves observed by BATSE. These light-curves show the variety in
duration (milliseconds to tens of minutes), temporal structure, and pulse shape. Figure reproduced from
Fishman & Meegan (1995).

Temporal properties

The duration of a burst is generally characterised by T90, defined as the time between which 5%
and 95% of the total fluence11 is collected by the detector. T90 is used to limit the uncertainty
on the entire duration, as the start and the end of a GRB cannot be determined precisely due to
background fluctuations; this value is detector-dependent, meaning that it is strongly dependent
on the sensitivity of the instrument. Usually T90 ranges between a few tens of milliseconds and
thousand seconds, with an average value of a few tens of seconds; the T90 distribution shows two
log-normal components peaking at 0.2 − 0.3 s and 20 − 30 s, separated at ∼ 2 s (Fig. 1.7).

GRB light-curves can be (i) highly structured, with numerous and clearly distinct pulses,
with an erratic behaviour, or (ii) simply composed by one or few single pulses (Fig. 1.2, Fishman
& Meegan 1995). Each individual pulse – the duration of which is in timescales of seconds –
typically shows a fast-rising and exponential-decay (FRED) shape.

Fig. 1.3 shows that the shape of a light-curve depends on the adopted energy band: in general,
pulses are characterised by narrower profiles in harder bands.

GRB light-curves show no periodicity (Beloborodov et al. 1998, 2000; Guidorzi et al. 2012).
However, an interesting feature emerges when averaging the power density spectra (PDS) over
many GRBs. For BATSE GRBs, the average PDS of some bright GRBs is a power-law with an
index of ∼ −5/3 and a sharp break above ∼ 1 Hz (Beloborodov et al. 2000); for Swift GRBs, the
PDS slope is steeper (from −1.7 to −2), without break at 1 Hz (Guidorzi et al. 2012). The −5/3
index is the theoretical value of fully developed hydrodynamical turbulence (Kolmogorov 1941).

Some GRBs have a precursor – tens or hundreds of seconds before the GRB bulk – followed
by a quiescent gap before the main burst comes out (Zhang et al. 2016); the emission properties
of the precursor is similar to the main burst (e.g., Lazzati 2005; Burlon et al. 2008; Hu et al. 2014).

11The fluence is defined as the time-integrated flux of GRB radiation, and it is expressed in units of erg cm−2.
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Figure 1.3: The light-curve of GRB 080916C in different energy bands. Figure reproduced from Abdo
et al. (2009).

Estimates of the fraction of GRBs with precursors range between 3% and ∼ 20% depending on
the precise definition of a precursor event (Burlon et al. 2009; Lazzati 2005).

Spectral properties

GRB spectra usually reveal a highly non-thermal nature. However, unlike the seemingly chaotic
temporal behaviour, they can be described by an empirical model that features two smoothly
connected power-laws (Fig. 1.4). This model is known as the Band function (Band et al. 1993),
with the photon number spectrum N(E) defined as:

N(E) = A
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where A is the normalisation of the spectrum, α and β are the photon spectra indices (both
negatives), Ep is the peak energy in the E2N(E) spectrum12, N(E)dE indicates the photon
number in the energy bin dE. Typical values of broken power-law indices are −1.5 ≤ α ≤ 0.5
and −2.5 ≤ β ≤ −2; typical peak energies Ep range between several keV and a few MeV. In a
time-resolved analysis, these parameters evolve during the burst.

In the limit β→ ∞, Band function (Eq. 1.1) tends to a cut-off power-law function, often used
to fit GRB spectra; this corresponds to the case of the limited detector bandpasses, resulting in
no constraint of β. The limit α→ β corresponds to a simple power-law.

Some GRB spectra call for additional components; for example, a power-law extending to
high energies has been observed in e.g. GRB 090510 (Ackermann et al. 2010), and a subdominant
quasi-thermal component has been seen in e.g. GRB 100724B (Guiriec et al. 2011). These

12This corresponds to νFν spectrum. Moreover, the flux density spectrum FE (or Fν in terms of frequency)
corresponds to EN(E); this is also called spectral energy distribution (SED).
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Figure 1.4: The time-averaged spectrum of GRB 990123 observed by CGRO. Top: flux spectrum in units
of photon flux (NE) or brightness; this shows that most of the photons in a GRB are emitted at the low
end of the energy range (into the hard X-ray bands). Bottom: the same spectrum (νFν) in units of energy
flux shows that most of the energy of a burst is emitted in the gamma-ray range. Figure reproduced from
Briggs et al. (1999).

properties suggest that the prompt emission spectrum may include three components (Zhang
2011): a Band component, a quasi-thermal component in a range of tens to hundreds keV, and a
power-law extending to high energies.

Most GRBs are characterised by strong spectral evolution. This behaviour manifests itself in
two different properties: (1) “spectral lags” observed in light-curves at different energy bands
(Norris et al. 2000; Liang et al. 2006); (2) rapid temporal evolution of Ep observed in time-
resolved spectra. There are two types of evolution patterns: hard-to-soft evolution – meaning that
Ep decreases from the beginning of the pulse (Norris et al. 1986, 1996) – and intensity tracking
from Ep (Golenetskii et al. 1983).

1.2.2 The afterglow emission
The prompt emission is followed by a long-lived, fading signal typically at lower frequencies,
so-called “afterglow”. It is defined as the emission detected after the prompt sub-MeV emission
phase, and both its spectrum and its light-curve are characterised by a multi-segment broken
power-laws. GRB afterglows are usually observable on timescales of days, depending on the
observational frequency (the lower the frequency, the longer the duration); in particular, a radio
signal may be detected up to several months after the GRB.

The afterglow was theoretically predicted (Meszaros & Rees 1997) before its first discovery
(Costa et al. 1997; van Paradijs et al. 1997; Frail et al. 1997); since then, the observations
and interpretation of the GRB afterglows at several frequencies have made great strides. In a
nutshell, ignoring the nature of the central engine, a GRB suddenly emits a huge amount of
energy in a small volume, resulting in a fireball moving at relativistic speed (if baryon loading
is not heavy). This relativistic ejecta loses speed and energy through the interaction with the
circumburst medium (CBM); this deceleration creates a forward shock (FS), observable at
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late-times (0.1 days/months with respect to the GRB trigger), propagating in the CBM as well as
a reverse shock (RS), observable at early-times (≤ 0.1 d), penetrating the ejecta and radiating
at lower frequencies (radio/optical band). Electrons and protons are accelerated in the shocks,
giving rise to bright broadband non-thermal emission through synchrotron radiation. As the
fireball slows down, the strength of the shock reduces, resulting in a fading emission at low
frequencies.

GRB afterglow flux density can usually be characterised – for each epoch and observing
frequency – by:

Fν(t, ν) ∝ tανβ (1.2)

where α and β indicate the temporal decay index and spectral index, respectively.
GRB afterglows are crucial to investigate many open issues in GRB science, in particular

(i) relativistic shock microphysics, (ii) energetics, (iii) jet geometry, and (iv) the radiation
mechanism(s) responsible for the prompt emission, in particular the possible presence of large-
scale magnetic fields entrained in the ejecta. As predicted in the synchrotron external shock
model (e.g., Meszaros & Rees 1997; Sari et al. 1998; Dermer et al. 2000; Sari & Esin 2001),
the afterglow covers a very wide frequency range, from radio to the TeV range, and hence all
these issues can be addressed effectively and uniquely through multi-frequency observations.
Typically, observations start with the crude localisation given by the gamma-ray prompt emission
(with an accuracy of 1 − 4 arcmin for Swift/BAT), and the slewing procedure for the detection
by X-ray instruments with a refined position (down to a few arcseconds for Swift/XRT). The
X-ray localisation allows narrow field telescopes to search for an optical counterpart. More
than half of GRBs with a Swift X-ray afterglow are also detected in UV/IR frequencies. On the
other hand, as we will see below, the detection rate of radio afterglows is low, because of the
synchrotron self-absorption in the early radio afterglow and the insufficient sensitivity of current
radio devices.

In the following we discuss the afterglow properties in several energy bands.

X-ray afterglow

X-ray afterglows were discovered in 1997 by BeppoSAX (Costa et al. 1997). Prior to Swift,
X-ray data were sparse, due to (i) the delay of several hours from the GRB detection needed
to the NFI to start observing, and (ii) the rapidly fading of the emission. Swift dramatically
improved this situation with minute-scale NFI observations due to which more than 95% of
Swift GRBs have an X-ray afterglow and their light-curves are much more complete (starting
seconds after the burst up to several days at least). These results yielded a canonical picture of
the X-ray afterglow (Fig. 1.5, left).

The temporal evolution of X-ray afterglow light-curve is smooth, driven by an underlying
continuum that may be composed of different segments and, sometimes, flaring activity. As we
can see in Fig. 1.5 (left), usually the X-ray afterglow is characterised by five components:

1. Steep decay phase. The early X-ray afterglow is described by a steep decay phase, usually
explained by the high-latitude “curvature effect”13 (Kumar & Panaitescu 2000; Zhang et al.
2006); typical power-law indices are steeper than −3, sometimes even as steep as −10.
This steep decay is smoothly connected to the tail of the prompt emission, when BAT and
XRT data are both available (Barthelmy et al. 2005).

2. Shallow decay phase. After 102 − 103 s the steep decay may be followed by a plateau
regime (with a slope & −0.5), occasionally even slightly rising in the beginning. These

13This effect describes the observed radiation from the relativistic GRB ejecta; it depends on the Doppler effect,
and hence on the angle θ between the emission direction and the observer.
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Figure 1.5: Synthetic cartoon of a light-curve of multiple emission components as observed by Swift/XRT
(left) and by optical telescopes (right). For the X-ray case (left), the phase “0” denotes the prompt emission,
segments I and III (solid lines) are most common, whereas the other three components (dashed lines) are
less frequent. Figure reproduced from (left) Zhang et al. (2006) and (right) Li et al. (2012).

plateaus can be understood through the standard external shock model with continuous
energy injection into the blastwave (e.g. Zhang et al. 2006; Nousek et al. 2006; Rees &
Meszaros 1998; Zhang 2011).

3. Normal decay phase. This phase takes place at typical times 103 − 104 s, usually with
index ∼ −1, but sometimes with index . −3.

4. Jet break phase. A late time steep decay (index . −2) can occasionally follow. This is
compatible with the so-called jet break (Rhoads 1999; Sari et al. 1999 and Sect. 3.4).

5. X-ray activity. Nearly half of X-ray afterglows of Swift GRBs shows a flaring activity,
consisting in one or more flares, suggesting a probable common origin with the prompt
emission (Burrows et al. 2005b; Chincarini et al. 2010).

Optical afterglow

In the pre-Swift era, GRB afterglows were observed in the optical bands several hours after the
GRBs. The late-time optical light-curves usually exhibited a single power-law decay with a
decay index α ∼ −1, and sometimes a two-segment broken power-law with a temporal break
between α1 ∼ −1, and α2 ∼ −2, suggesting jetted emission (Sect. 2.3). These light-curves
show seven different emission components (Fig. 1.5, right): (Ia) prompt optical flares, (Ib) early
optical flares from RS, (II) early shallow decay segment, (III) the standard afterglow component
(sometimes led by an afterglow onset hump due to deceleration), (IV) the post jet break phase,
(V) optical flares, (VI) rebrightening humps, and (VII) late SN bumps (Zhang et al. 2016). The
components II–V can find their X-ray counterparts (Melandri et al. 2008).

The peak time in these light-curves can be used to estimate the initial Lorentz factor Γ0 of
the ejecta during the afterglow phase (e.g., Molinari et al. 2007; Melandri et al. 2010). Both Lp

and the isotropic energy released by the onset bumps are correlated with Eγ,iso (Sect. 1.3.4).
In the standard external FS models (Sect. 2.1.3), optical and X-ray emission originate from

the same synchrotron emission component, often characterised by achromatic hydrodynamic or
geometrical temporal breaks14 (e.g. the energy injection break and jet break) in the light-curves
(Sect. 3.4 and 3.5). On the other hand, multi-frequency observations suggested that some GRBs

14An achromatic break should occur simultaneously in the optical and X-ray bands.
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Figure 1.6: Radio light-curves at 8.5 GHz for the long GRBs in the observed time. The red solid line
indicates the mean light-curve, and the pink shaded area represents the 75% confidence band. Figure
reproduced from Chandra & Frail (2012).

showed chromatic behaviours in these two bands (e.g., Panaitescu et al. 2006; Liang et al. 2007).
A dedicated study showed that most of GRB afterglows are roughly achromatic, suggesting that
the standard external shock models can be compatible with most of the afterglow observations
(Wang et al. 2015).

Radio afterglow

Radio observations of GRB afterglows are hampered by the faintness (mJy or sub-mJy) of the
sources: to date the detection rate of radio afterglows is a mere ∼ 30%, to be compared with
> 90% in X-rays and > 70% in the optical band (Chandra & Frail 2012), and this rate did not
change before or after the launch of Swift. Some attempts have already been made, especially
in interferometric mode (e.g., Melandri et al. 2010; Laskar et al. 2014, 2015, 2018a) with the
Karl Guthe Jansky Very Large Array (VLA), the Arcminute Microkelvin Imager (AMI) and the
Giant Metrewave Radio Telescope (GMRT), but a conclusive picture of the radio GRB afterglow
properties is still unavailable. Typically radio afterglow light-curves at 8.5 GHz show initial
rising and a peak time around 3 − 6 weeks in the rest frame (Fig. 1.6, Chandra & Frail 2012),
compatible with the standard external FS model where the peak corresponds to the crossing
of the typical synchrotron frequency νm or the self-absorption frequency νsa in the radio band
(Sect. 2.2). Moreover, radio afterglows are very important to constrain the presence of jets in
GRBs (Sect. 2.3) and the synchrotron spectral slope (Sect. 2.2).

Predicting the radio flux is no easy task, as there is no obvious correlation between radio
afterglows and other observables (such as the optical magnitude or the gamma-ray fluence)
and modelling of the optical/X-ray emission and extrapolation to the radio band suffers from
degeneracies in the model parameter space. Most radio afterglows have optical and X-ray
counterparts (Chandra & Frail 2012). The most reasonable approach to maximise the chance to
detect them is interpreting the optical and X-ray data through a simple synchrotron model. Some
well-monitored bright GRBs show an early radio flare (e.g. GRB 990123, Kulkarni et al. 1999;
GRB 130427A, Anderson et al. 2014), which is usually attributed to the RS emission (Sari &
Piran 1999; Kobayashi & Zhang 2003b).
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High-energy afterglow

GRB afterglows at high-energies are important to understand the physics of GRB, such as the
role of inverse Compton (Sect. 3.8). The first detection of high-energy afterglow – conventionally
emission above 100 MeV – regarded the observation of GRB 940217 in GeV energies with
CGRO (Hurley et al. 1994). Fermi/LAT detected a small fraction of GRBs in the GeV range
(15 − 20 detection per year above 100 MeV, Ajello et al. 2019), because of the limited effective
area; nevertheless, this rate exceeds expectations (10 − 12 GRBs per year above 100 MeV, Band
et al. 2009) in large part due to the continuous improvements in event analysis and detection
algorithms (Ajello et al. 2019). Usually these GRBs are characterised by high-energy emission
with duration longer than the prompt emission itself, suggesting an afterglow origin (e.g., Abdo
et al. 2009; Ackermann et al. 2010; Ghisellini et al. 2010). These light-curves typically show a
power-law decay, with an early steep-to-shallow break transition (Zhang 2011; Ackermann et al.
2013; Ajello et al. 2019).

GeV/TeV afterglows can be observed by ground-based telescopes through the detection
of the Cherenkov radiation, such as MAGIC, HESS, VERITAS (Very Energetic Radiation
Imaging Telescope Array System), and in the coming future CTA (Cherenkov Telescope Array).
After many unfruitful attempts, recently MAGIC telescopes revealed TeV radiation from a
GRB for the first time, detecting intense, long-lasting emission between 0.2 and 1 TeV from
GRB 190114C (MAGIC Collaboration et al. 2019a,b). Similarly, the High-Energy Stereoscopic
System (hereafter, H.E.S.S.) imaging air Cherenkov telescope array collaboration reported the
detection of GRB 180720B above 100 GeV (Ronchi et al. 2019 and references therein).

1.3 GRB classification: progenitors and correlations
GRBs are mainly classified in two categories based on their duration and hardness properties:
short/hard (hereafter S-GRBs) and long/soft GRBs (hereafter L-GRBs), respectively, that has
been attributed to two different progenitor types. Several correlations between temporal and
spectral properties have been found; among them, one of the most important is the “Amati
relation” (Amati et al. 2002; Amati 2006), relating the rest-frame peak energy of the ν Fν

spectrum, Ep, to the isotropic-equivalent released energy Eiso in the 1 − 104 keV rest-frame
energy band, Eγ,iso (Sect. 1.3.4).

1.3.1 Short/hard vs. long/soft GRBs
The traditional phenomenological classification scheme (Kouveliotou et al. 1993) arises from the
evidence of a bimodal distribution in the observer-frame15 T90/hardness ratio space (Fig. 1.7),
where the spectral hardness is evaluated through the peak energy Ep in the E2N(E) spectrum.
As showed in Fig. 1.7, a rough separation between L-GRBs and S-GRBs is set at T90 = 2 s,
and L-GRBs tend to have a softer spectrum. S-GRBs and their afterglows are significantly
fainter than L-GRBs and span a distribution of isotropic energies 1049 − 1052 erg; moreover, the
redshift of S-GRBs usually ranges between 0.1 and 3, with a median 0.5, much smaller than
that of L-GRBs (z ∼ 2). Sometimes the same GRB – observed by two different instruments –
could appear both short and long, as T90 depends on the energy band and the sensitivity of the
detector (Sect. 1.2.1). In all observed samples, S-GRBs are less numerous than L-GRBs: for
example, about 25% of BATSE GRBs and (∼ 10% for Swift) are S-GRBs. This reflects both
the fewer number of photons of S-GRBs and the inefficient effective area of instruments and a

15Since no GRB redshift is available at early-time (a few seconds), rest-frame duration is unknown; these works
are therefore based on observer-frame duration.
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Figure 1.7: The spectral-duration distribution of GRBs, as seen by BATSE, shows the bimodal GRB
distribution in terms of T90 (X-axis) and spectral hardness (Y-axis), evaluated through the peak energy
Ep. Two regions can clearly be distinguished, even if there is a significant overlap between them. Outset
histograms show the number of events in appropriate duration and energy bins. Figure reproduced from
Bloom (2011).

25



CHAPTER 1 1.3. GRB CLASSIFICATION: PROGENITORS AND CORRELATIONS

poor coverage of detectors with observing energy above 100 keV: the same detector collects
fewer photons for S-GRBs than L-GRBs, resulting in a worst statistics in the data analysis
for S-GRBs. In this context, the High Energy (HE) unit onboard the Chinese “Hard X-ray
Modulation Telescope” (HXMT) – launched in 2017 and designed for GRB observations – plays
an important role because it is particularly suitable to detecting S-GRBs above a few hundreds of
keV: in particular, its large effective area (∼ 5000 cm2) and the broad energy range (0.2− 3 MeV)
allows to constrain – with unprecedented accuracy – the spectral shape of S-GRBs, in terms of
the spectral peak energy Ep and the radiated energy (Wu et al. 2002, 2004; Li 2007).

Additional evidence for a distinct origin between long and short GRBs classes arises from
the study of spectral lags, defined as a delay between the arrival time of high-energy photons
with respect to lower energy ones. By definition, a positive spectral lag corresponds to the case
where soft photons lag behind hard ones. In general, S-GRBs have negligible spectral lags, as
opposed to L-GRBs which are characterised by positive lags (Norris et al. 2010).

1.3.2 Other GRB classifications
The simple and somewhat naive long/short GRB classification is complicated by other phe-
nomenological aspects, in particular:

• among the class of L-GRBs, there is the sub-class based on their luminosities, with a
separation line roughly at 1048 − 1049 erg s−1. The so-called “low-luminosity GRBs”
(ll-GRBs) are characterised by smoother light-curves and a local volumetric event rate
density of ∼ 100 Gpc−3 yr−1 (Guetta & Della Valle 2007; Liang et al. 2007), much larger
than the traditional high-luminosity GRBs. However, the separation between ll-GRBs and
HL-GRBs is still unclear.

• The existence as a separate class – to date under debate (Virgili et al. 2013; Zhang et al.
2014; Boer et al. 2015; Gao & Mészáros 2015) – of rare ultra-long GRBs, with durations
T90 & 1000 s, discovered during the Swift era (Gendre et al. 2013; Levan et al. 2014).

• GRBs with both short and long GRB properties have been observed (e.g., GRB 060614
and GRB 060605 Della Valle et al. 2006; Fynbo et al. 2006; Gal-Yam et al. 2006). They
seem to challenge the above dual classification scheme. Simulations suggest that the
observer-frame duration does not increase substantially with increasing redshift because
part of the signal falls below the background level (e.g., Lü et al. 2014).

• The existence – in addition to the long and short GRBs – of a third (and even of a fourth)
class of intermediate duration GRBs (e.g., Ripa & Meszaros 2015), but the statistical
support is limited and they do not seem to have any other distinctive property, that would
help identify them as a physically separate class.

• There is a broadband afterglow-classification: GRBs can be classified as optically bright
and optically dark GRBs (Jakobsson et al. 2004; Rol et al. 2005). The X-ray afterglow
data suggests the classification between GRBs with X-ray flares and those without (Zhang
et al. 2016), or those following a canonical multi-segment light-curve (Zhang et al. 2006;
Nousek et al. 2006) and those following a single power-law decay (Evans et al. 2009;
Liang et al. 2009).

• Some further prompt emission properties are useful for the duration classification scheme
(Zhang et al. 2016). In particular, spectral lags are often used to discriminate between the
two classes (e.g. Gehrels et al. 2006).
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These properties help infer their physical origin and suggest possible more elaborate classifi-
cation criteria/schemes. Based on observational properties and theoretical modelling of GRBs
over the years, GRBs are physically classified into different categories:

• Massive star (Type II) vs. Compact star (Type I) GRBs: the former category – associated
with deaths of massive stars – roughly correspond to the L-GRBs, and latter roughly
correspond to the S-GRBs, even if there are ambiguous cases (e.g., Gehrels et al. 2006;
Della Valle et al. 2006; Levesque et al. 2010; Antonelli et al. 2009). This GRB classes
are defined Type I and Type II GRBs, with a multiple observational criteria to identify
the physical category of a certain GRB (Zhang et al. 2006, 2007, 2009; Kann et al. 2010,
2011).

• Successful vs. choked jets: type II GRBs can be further classified into successful (associated
with the traditional HL-GRBs) and choked (associated with some ll-GRBs such as GRB
060218, e.g. Nakar & Sari 2012; Bromberg et al. 2012) jets.

• GRBs with different central engines: For both long and short GRBs, two types of central
engines models are described the literature: hyper-accreting BHs (e.g., Narayan et al.
1992; Woosley 1993; Popham et al. 1999) and rapidly rotating magnetars (e.g., Usov
1992; Metzger et al. 2011). Signatures of magnetar spin-down have been detected in both
long and short GRBs (e.g., Lü & Zhang 2014); in particular, a possible magnetar central
engine for S-GRBs (e.g., Dai et al. 2006; Fan & Xu 2006; Metzger et al. 2008), if verified
by future GW data, would have crucial implications in constraining poorly known NS
equation of state (e.g., Lasky et al. 2014; Lü et al. 2015; Gao et al. 2016) and in searching
for electromagnetic counterparts of GW events (e.g., Gao et al. 2016; Yu et al. 2013).

1.3.3 GRB environments and progenitors
The GRB environment – both at a large scale and at a Galactic scale – suggests the nature of
their progenitor systems. Usually, S-GRBs originate from old stellar populations, while L-GRBs
are good indicators of star formation and hence are related to young, massive stellar populations.

Short GRBs

S-GRBs, as opposed to L-GRBs, are characterised by the heterogeneity of their host galaxies
(early-type, late-type, or unknown-type), suggesting that their progenitors span a broad range of
ages (Fong et al. 2013; Berger 2014). In particular, about half of Swift S-GRBs are associated
with a host galaxy; the resulting sample is mainly composed by S-GRBs associated with late-type
galaxies (∼ 50%), usually characterised by young stellar populations (Berger 2014). However, the
presence of S-GRBs in late-type galaxies is not necessarily the signature of a young progenitor,
as in the case of GRB 050709, where there is no association with a star-forming region (Fox et al.
2005). Generally, S-GRBs under-represent their host light, and they are often discovered away
from the galactic centre, suggesting that S-GRBs occur on average five times farther from the
centre than L-GRBs (Fong et al. 2010), compatible with compact object binaries that travelled
for enough time before merging, due to large natal kicks following SN explosions (Paczyński
1998).

Moreover, the specific star-formation rate of S-GRB hosts is much lower than that of L-GRB
hosts, at less than 1 M� yr−1(L/L∗)−1 compared to ∼ 10 M� yr−1(L/L∗)−1, where L indicates the
luminosity of the galaxy and L∗ is the characteristic luminosity compatible with that of the
Milky Way. These aspects results in a progenitor consistent with the merger of compact objects
(NS-NS and NS-BH mergers). The gravitational wave (GW) observations already confirmed the
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NS-NS merger progenitor (GW 170817/GRB 170817A, Abbott et al. 2017b) and will tell whether
NS-BH mergers can also make S-GRBs. Some indirect features to the NS-NS merger progenitor
is the extended emission (e.g. Norris & Bonnell 2006), internal plateaus (e.g. Rowlinson et al.
2010), and X-ray flares (e.g. Barthelmy et al. 2005) following S-GRBs; these features suggest
that the central engine of S-GRBs may be a stable or supra-massive magnetar (e.g. Metzger et al.
2008; Gao et al. 2013b; Metzger & Piro 2014), compatible with the NS-NS merger progenitor
(a NS-BH merger would not result in a magnetar). S-GRBs can have a non-merger origin; for
example, the scenario invoking accretion-induced collapse (AIC) of a NS to a BH (e.g. Qin et al.
1998; MacFadyen et al. 2005; Dermer & Atoyan 2006) seems to satisfy most of the observational
constraints.

Long GRBs

Usually L-GRBs are discovered in dwarf, blue, irregular galaxies with a high star-formation rate;
in rare cases, a few nearby events occurred in star-forming regions of spiral galaxies (Fruchter
et al. 2006). Moreover, L-GRBs are detected preferentially in the brightest regions of their
hosts, suggesting a high specific star-formation rate (Graham & Fruchter 2013). The main
type of progenitor star is the Wolf-Rayet (WR), a rapidly rotating massive star with hydrogen
and helium envelope lost before core collapse (Woosley 1993; MacFadyen & Woosley 1999).
The association L-GRBs/Ic-SNe (Sect. 1.5) is consistent with such a progenitor. On the other
hand, the progenitor stars of ultra-long GRBs could be characterised by a larger size, e.g. blue
supergiants (Mészáros & Rees 2001; Kashiyama et al. 2013; Greiner et al. 2015), but to date
no smoking-gun signature has been identified. To date, the only case of ultra-long GRB whose
associated SN could be studied is GRB 111209A: the high luminosity and the low metallicity of
the associated SN 2011kl can be explained by a model with energy injection from a magnetar,
which has also been proposed as the explanation for super-luminous SNe (Greiner et al. 2015).

The main differences between long and short GRB host galaxies, in the same redshift range
z . 1.1, consist in (Berger 2009):

• L-GRB hosts are subluminous with respect to S-GRB hosts by an average value of
MB ∼ 1.1 mag.

• The star-formation rate of L-GRB and S-GRB hosts are 0.2 − 50 M� yr−1 and 0.2 − 6 M�
yr−1 respectively, and the specific star-formation rate of L-GRB hosts is 3 − 40 M� yr−1

L−1
∗ , one order of magnitude higher than that of S-GRB hosts.

• The metallicity of L-GRB hosts is lower than that of S-GRB hosts, with mean values of
12 + log(O/H) ≈ 8.3 and 12 + log(O/H) ≈ 8.8 ≈ 1 Z�, respectively.

• Generally the stellar mass of L-GRB hosts is lower than that of S-GRB hosts, with mean
values of 109.2 M� and 1010 M�, respectively (Berger 2014); single stellar population
models infer the mean age of the stellar population (60 Myr for L-GRBs and 0.25 Gyr for
S-GRBs, Leibler & Berger 2010).

These considerations suggest that the progenitor of L-GRBs is connected with the death –
near their birth place – of massive and short-lived stars.

1.3.4 GRB empirical correlations
The beaming-corrected total burst energy clustered around 1051 erg (Frail et al. 2001) suggests a
stellar origin, but unfortunately does not allow to use cosmological GRBs as standard luminosity
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Figure 1.8: Amati correlation for cosmological GRBs. Figure reproduced from Martone et al. (2017).

candles, whose apparent brightness would provide a distance determination (Mészáros 2006).
The search for empirical correlations between burst observable parameters is crucial to measure
the distance of cosmological GRBs only with gamma-ray data; moreover, the search for these
correlations help gain insight into the mechanism of the prompt gamma-ray emission and the
activity from GRB central engine (e.g. Kocevski 2012). The exact origin of the correlations
is still under debate: some groups suggest that they arise as a by-product of detector selection
effects (e.g. Nakar & Piran 2005), but this interpretation is refuted by the existence of a given
correlation in the time-resolved data (e.g. Ghirlanda et al. 2010).

As previously anticipated above, one of the most used and studied correlations is the Amati
correlation, valid only for L-GRBs (Fig. 1.8). This correlation is characterised by a rather
broad scatter and some outliers (such as the case of GRB 980425); S-GRBs follow a similar but
different correlation (Zhang et al. 2012; Calderone et al. 2015). The Ep − Eγ,iso correlation with
41 GRBs is defined as Amati (2006):

Ep

1 keV
= (81 ± 2)

(
Eγ,iso

1052 erg

)0.57±0.02

(1.3)

A tighter GRB correlation – so-called Ghirlanda relation (Ghirlanda et al. 2004) – between
Ep and the beaming-corrected energy Eγ was calculated, assuming that the temporal breaks
found in the pre-Swift afterglows are jet breaks, as:

Ep

100 keV
' 4.8

(
Eγ

1051 erg

)0.7

. (1.4)

Subsequent analysis suggested that the Ghirlanda relation becomes less tight, especially when
the early-time jet breaks are included in the analysis (Wang et al. 2018).

Other correlations have been claimed; among these, there are the spectral lag τlag – isotropic
peak luminosity Liso (Norris et al. 2000), the variability V – Liso (Reichart et al. 2001), and the
Ep – Liso (Yonetoku et al. 2004).

1.4 Polarisation in the GRB emission
The main component of the GRB emission is the synchrotron (non-thermal) radiation (Sect. 2.2).
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Synchrotron emission can be strongly polarised in an ordered magnetic field + non-spherical
geometry, whereas the overall observed polarisation can be negligible in the case of random
magnetic fields. The polarisation light-curves may provide useful constraints on the jet structure
and the average magnetic configuration in the emitting region, but it is rather difficult to constrain
each of these two ingredients separately (Granot 2007).

1.4.1 Afterglow emission

Linear polarisation of a few percent has been detected in the late-time optical/NIR afterglow
of several GRBs (e.g., Covino et al. 2004), confirming that synchrotron radiation dominates
the afterglow emission mechanism. This detection is compatible with the expectation of the
external forward shock model (Sect. 2.1.3), in which the magnetic fields seem to be generated
by plasma instabilities (e.g. Medvedev & Loeb 1999; Nishikawa et al. 2009) or macroscopic
turbulence (e.g., Sironi & Goodman 2007). On the other hand, X-ray emission components
(directly powered by the central engine) may be linearly polarised, with a moderately high
polarisation degree (e.g., Fan et al. 2005), but – to date – there is no X-ray polarimeter with rapid
clewing capability to observe the X-ray polarisation of GRBs (Zhang 2019).

Since the afterglow image is almost always never resolved, the only possible measurement
is the average polarisation over the whole image. For this reason, a shock-produced magnetic
field (symmetric about the shock normal) results in no net polarisation for a spherical flow; the
production of net polarisation takes place from the break of the spherical symmetry of the flow,
and hence considering a jetted outflow (e.g., Sari et al. 1999; Ghisellini & Lazzati 1999). In
this scenario, the combination between a jet geometry and a line of sight slightly off-axis with
respect the jet symmetry axis is crucial to break the symmetry of the afterglow image around the
line of sight (e.g., Granot & Ramirez-Ruiz 2010).

The different predictions for the afterglow polarisation light-curves for different jet structures
imply that afterglow polarisation observations could constrain the jet structure (e.g., Ghisellini &
Lazzati 1999; Rossi et al. 2004). However, the situation is much more complicated, mainly since
the observed polarisation depends not only on the jet geometry, but also on the magnetic field
configuration within the emitting region; to date, several models have been proposed (e.g., Loeb
& Perna 1998; Gruzinov 1999; Medvedev & Loeb 1999; Granot & Königl 2003), but the exact
configuration is not well known.

Early-time optical afterglow observations revealed interesting polarisation signatures, using
a ring imaging polarimeter on the robotic Liverpool Telescope (e.g. Steele et al. 2006, 2017).
These observations showed signatures of reverse-shock emission in the light-curves, lending
support to the presence of large-scale magnetic fields in mildly magnetised GRB ejecta (Steele
et al. 2017). GRB 060418 is characterised by a smooth hump in its light-curve, suggesting a
forward-shock-dominated light-curve, and it shows a derived upper limit on the polarisation of
< 8 % (Mundell et al. 2007b); this is consistent with the late-time forward-shock synchrotron
origin of the afterglow, in which no significant ordered B field is expected. On the other hand,
GRB 090102 had a reverse-shock-dominated light-curve with a polarisation of 10 ± 2 % (Steele
et al. 2009), suggesting that the emission region carries a significantly ordered magnetic field;
this is compatible with the magnetised central engine scenario, where a bright reverse shock
emission in a moderately magnetised ejecta takes place after a magnetic dissipation in the
prompt emission phase (e.g., Fan et al. 2002; Zhang et al. 2003; Kumar & Panaitescu 2003).
GRB 120308A, another GRB with a reverse-shock-dominated light-curve, was found to have
a variable polarisation degree (Mundell et al. 2013); this is consistent with the transition from
the reverse-shock-dominated phase to the forward-shock-dominated phase (Zhang et al. 2015b;
Lan et al. 2016), again consistent with an (almost) ordered magnetic field in the ejecta. The
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generation of ordered magnetic fields in the forward shock is still unclear, although a proposal
was put forward (e.g., Uehara et al. 2012). Alternatively, a long-lasting reverse shock can also
originate the desired afterglow decay index (Uhm et al. 2012). The high polarisation degree may
then be expected, if emission from a long-lasting reverse-shock outshines the forward-shock
component (Zhang 2019).

1.4.2 Prompt emission
Compared to the optical, NIR, or radio bands, at high-energy frequencies (hard X-rays/soft
gamma-rays) the nature of the dominant emission mechanism remains uncertain, and it is very
difficult to measure the linear polarisation.

An ordered magnetic field within the outflow (e.g., Granot & Königl 2003; Lyutikov et al.
2003), a shock-generated magnetic field (e.g., Granot 2003; Waxman 2003; Nakar et al. 2003)
or bulk inverse-Compton scattering of an external photon field (Shaviv & Dar 1995; Lazzati
et al. 2004) can produce a high net polarisation, of tens of percent, slightly smaller than the
maximal polarisation of the local synchrotron emission. This requirement may be compatible
with brightest GRBs, for which the prompt polarisation can be measured, as such bright events
usually correspond to very narrow jets. Nevertheless, statistical studies over a sample of GRBs,
or time resolved polarimetry of different emission episodes for a single very bright GRB, may
allow (i) a better comprehension of the dominant emission mechanism, the jet structure, or the
magnetic field configuration within the GRB outflow, and (ii) a better distinction between the
different possible causes for polarisation.

The first claims of detection of a high degree of linear polarisation in the prompt emission of
some GRBs have been rather controversial (e.g., Coburn & Boggs 2003; Rutledge & Fox 2004;
Wigger et al. 2004; Willis et al. 2005; McGlynn et al. 2007; Götz et al. 2009), but the subsequent
claimed detection are characterised by a better significance (Yonetoku et al. 2011, 2012). To
date, despite the promising recent measurement with both the Chinese POLAR experiment
aboard the China’s spacelab Tiangong-2 (Zhang et al. 2019) and the CZT Imager (CZTI) aboard
AstroSat (Chattopadhyay et al. 2019), all GRBs with gamma polarimetry measurements are
still characterised by a limited statistical significance (< 3 − 4σ, McConnell 2017)16. These
observations show no clear picture of the polarisation properties of GRBs. On the other hand,
data suggest that, at least for some bright GRBs, the prompt gamma-ray emission likely has a
relatively large level of linear polarisation (typically, > 50%), suggesting a synchrotron emission
associated with an ordered magnetic field structure within the GRB jet (McConnell 2017).

1.5 The GRB-SN connection
Prior to GRB discoveries, it had already been suggested that SN shock breakouts may generate
an observable signature in gamma-rays (Colgate 1968, 1974). Later, Paczynski (1986) noted
that if GRBs were to have cosmological origin, the energy released in gamma-rays would be
compatible with that released by a typical SN. Theoretically the collapsar model (Woosley 1993)
connected GRBs to SNe. Observationally, after about thirty years of unfruitful attempts caused
by the inaccurate GRB localisation, BeppoSAX enabled the first direct evidence for a GRB-SN
connection (SN 1998bw/GRB 980425; Galama et al. 1998). Successively, the rapid and accurate
localisation of GRB afterglows on a routine basis allowed to pinpoint star-forming regions as
GRB birthplaces (Bloom et al. 2002).

16Although the diminished systematic errors, the statistical significance is still at about 3σ level, also due to the
low polarisation found.
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SNe are believed to originate in two types of explosions (e.i. Maoz et al. 2014; Woosley &
Heger 2015): (1) thermonuclear explosion of either an accreting white dwarf or, more likely,
two merging white dwarfs; (2) explosive phenomena originating from the terminal gravitational
collapses of the core of massive stars (core-collapse SNe). SNe are usually classified according
to their spectral properties (Filippenko 1997). Among SN population, Type I SNe, characterised
by the absence of hydrogen spectral lines, are subdivided in type Ia (presence of helium and
silicon lines), type Ib (presence of helium lines, absence of silicon lines), and type Ic (absence
of helium lines). White dwarf-related SNe are Ia SNe, whereas all other types originate from
core-collapse events.

Usually GRB-SN connections are compatible with type Ib/c (e.g., Liang et al. 2007; Cano
et al. 2017), even though type II SNe have been occasionally suggested (Garnavich et al. 2003;
Gorosabel et al. 2005). GRB-SNe fall on the luminous end tail of the distribution of type Ib/c SNe
and they are characterised by broad spectral lines17, implying a high ejecta velocity (& 2×104 km
s−1, e.g. Mazzali et al. 2002; Cano et al. 2017), ∼ 104 km s−1 faster than in “ordinary” Ic SNe
(Modjaz et al. 2016), suggesting energetic explosions. Within type Ic SNe, a small fraction
are broad-line (BL-Ic SNe) and, out of those, only a small fraction is observed with L-GRB
counterparts. However, other features of this SN population do not seem to follow common
behaviours: thus the distributions of peak brightness, rise times, or broadness of the spectral
lines for instance are affected by a large dispersion.

Since SNe are detectable – through current facilities – at redshift z . 1, the direct evidence
of GRB/SN connection is possible only for nearby GRBs.

1.5.1 Observational evidence
The first well-studied example of GRB-SN occurred for GRB 980425/SN 1998bw (e.g., Kulkarni
et al. 1998; Li & Chevalier 1999; Pian et al. 2000) where the optical GRB afterglow, instead of
fading, was getting brighter, suggesting that this signal was the rising emission from the bright
and peculiar SN 1998bw (Galama et al. 1998). This SN was classified as BL-Ic SN, indicating
that the optical spectral lines are broadened because the photosphere was expanding at high
velocity (> 0.1c). However, the proximity of GRB 980425 (z = 0.0085), an unusual event with an
extremely low energy output (Kaneko et al. 2007), did cast doubts on the possibility of extending
the GRB-SN association to cosmological GRBs.

Supporting evidence for the GRB-SNe association was supplied by the observation of a
SN-like bump in the optical afterglow (Reichart 1997; Bloom et al. 1999), and the confirmation
came through the spectroscopic identification of SN 2003dh following GRB 030329, exploded at
z = 0.1685 (e.g., Hjorth et al. 2003; Vanderspek et al. 2004; Lipkin et al. 2004). To the time of
writing (end of 2019), a total of ∼ 50 GRB-SN associations have been identified (e.g. Klose et al.
2019).

1.5.2 Detectability of GRB-SN
The association of L-GRBs with star-forming environments (Sect. 1.3.3) and the first observa-
tions of GRB-SNe suggested that all L-GRBs could be connected to SNe; this scenario was
corroborated by the collapsar model (Sect. 2.5.1), and it was believed that the absence of a SN
counterpart was a characteristic of S-GRBs. However, subsequent observations showed that not
all the BL-Ic SNe are connected with a GRB counterpart. In particular, in the local universe

17Doppler broadening of the spectral lines occurs when the SN ejecta moves in different directions, resulting in
dispersion of the radial velocity; the higher the ejecta velocity, the larger the radial velocity dispersion, resulting in
broader lines.
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(z ≤ 0.1) some BL-Ic SNe have also been found in association with mildly relativistic outflows
in ll-GRBs, which are too weak to be detected at larger distances, Liang et al. 2007; as opposed
to L-GRBs, ll-GRBs show no evidence for jetted ejecta (Kulkarni et al. 1998; Soderberg et al.
2006a; Bromberg et al. 2011).

A possible interpretation of this observational lack of evidence for L-GRB counterparts in
the majority of BL-Ic SNe could be the off-axis jet scenario (Rhoads 1999; Eichler & Levinson
1999; Yamazaki et al. 2003; Piran 2004; Soderberg et al. 2006b; Bietenholz 2014; Corsi et al.
2016), where the SN explosion powers a GRB-like jet that is misaligned with respect to the
observer line of sight; as the jet velocity gradually decreases, resulting in a broader relativistic
beaming, the emission becomes observable from increasingly larger viewing angles. Deep radio
and X-ray observations extending to hundreds of days post explosion offer the opportunity to
reveal the emission from off-axis jets as well as to recover weak GRBs that would not trigger
current gamma-ray observing facilities.
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Chapter 2

Theoretical framework of GRB emission

In this chapter I focus on the theoretical understanding of GRBs through the description of the
standard framework – called fireball model – usually adopted by the community to describe
GRBs and infer their physical nature. This model is very generic, and does not depend on the
actual acceleration mechanism of the jet. Once a relativistic jet is launched from the progenitor,
the model can give estimates on the consequent synchrotron radiation due to the internal and
external dissipation processes. After the theoretical aspects of this model (Sect. 2.1), I present the
physics of the GRB emission, based mainly on synchrotron radiation (Sect. 2.2). I then describe
the jetted radiation of GRB ejecta (Sect. 2.3), and its transition to Newtonian regime (Sect. 2.4).
Finally, I briefly review the central engines that have been proposed as GRB progenitor candidates
(Sect. 2.5).

35



CHAPTER 2 2.1. THE FIREBALL MODEL

2.1 The fireball model

This model, first proposed by Cavallo & Rees (1978), is considered the standard framework to
explain GRB observations. A fireball occurs when a compact source releases a large amount
of energy (∼ 1053 erg), regardless of the central engine origin. The quasi-thermal equilibrium
between radiation and matter generates an opaque radiation-electron-positron plasma accelerated
to relativistic velocities (characterised by Lorentz factors of γ ∼ 102 − 103). The presence
of baryons makes this plasma opaque to Thomson scattering, allowing the acceleration of the
fireball until a considerable fraction of the initial energy has been converted into bulk kinetic
energy (Goodman 1986; Paczynski 1986; Shemi & Piran 1990).

2.1.1 The compactness problem

The first theoretical clues to the ultra-relativistic nature of GRBs arose from the compactness
problem, as first discussed by Ruderman (1975). This problem arises from the contradiction
between the non-thermal spectrum observed for GRBs (Sect. 1.2.1) and the fact that the source
appears to be optically thick (assuming non-relativistic expansion). The simplest way to see the
compactness problem consists in the estimation of the average opacity of the high energy gamma-
ray to pair production. First of all, the variability δt observed in the gamma-ray light-curves (up
to tens of milliseconds) constrains the size R of the GRB emitting region. In this situation, the
time taken by the photons to cross an object (the light crossing time) produces a natural timescale
for δt; a typical value δt ≈ 10 ms implies a compact source with size R . cδt ≈ 3000 km (Piran
2004).

A compact source implies a very large optical depth τγγ ∼ σT Rnph, where σT is the Thomson
cross-section (for photon-photon interaction producing e+/e− pairs, Eq. 2.8), and nph is the target
photon number density; nph could be approximated through the rate between the typical burst
isotropic energy E = 4πS d2

l (1 + z)−1 (where dl is the luminosity distance, S γ is the fluence of
the burst, and z is the redshift of the source1) and the typical photon energy Eγ≈mec2, over the
source volume 4πR3/3. This results in:

τγγ ≈
3σT S γd2

l

(1 + z)mec2R2 (2.1)

Typical values of τγγ for GRBs (∼ 1015) correspond to an optically thick source, incompatible
with the observed non-thermal spectrum (Piran 2004). This conundrum is solved by admitting
relativistic motion of the source towards the observer with Lorentz factor γ � 1, resulting in a
lower value of τγγ, and hence in a source optically thin (Ruderman 1975). Two effects appears in
this case:

1. a relativistically expanding source can appear much smaller than that resulting from
δt, resulting in the squeezing of the successive photons for the observer. Therefore, δt
corresponds to δt0/(2γ2), where δt0 is the variability in the source rest-frame.

2. the observed photons are Doppler blueshifted, and hence their energy emitted in the source
rest-frame is lower by γ; this reduces τγγ by a factor ∼ γ−2β (Piran 1999), where β is the
high energy spectral index, because of the reduction in the number of photons responsible
for pair production.

1For a typical GRB observed with a gamma-ray fluence S γ ∼ 10−6 erg cm−2 and located at a luminosity distance
dl ∼ 2 × 1028 cm (corresponding to a redshift z ∼ 1), the typical burst energy is E ∼ 2.5 × 1051 erg.
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Therefore, this ultra-relativistic motion modifies the Eq. (2.1) in:

τγγ ≈ 1
2γ4−2β

3σT S γd2
l

(1 + z)mec2R2 (2.2)

and hence the source becomes optically thin for typical Lorentz factors γ & 50. GRBs may reach
values γ & 1000, making these sources very unique.

The radio observation – using a Very Long Baseline Interferometry (VLBI) observational
campaign – of the apparent size evolution of the afterglow region in GRB 030329 at z =

0.1685 (Taylor et al. 2004) and GW 170817/GRB 170817A at z = 0.0099 (Mooley et al. 2018;
Ghirlanda et al. 2019), resulting in an apparent ultra-relativistic expansion speed, is crucial to
directly confirm the relativistic (superluminal) motion of GRB ejecta. The scintillation in radio
observations (Sect. 3.7) – knowing the distribution of galactic electrons – allows to infer the
source size, in particular through the analysis of the suppression of scintillation when the angular
size of the source becomes larger than the electron fluctuation scale in the interstellar medium
(ISM, Frail et al. 1997).

However, before the high-energy photons can escape, the ejected matter must reach relativistic
velocities; the fireball explains this emission mechanism.

2.1.2 The dynamical fireball evolution
The dynamical evolution of the fireball (quantified by Goodman 1986; Meszaros & Rees 1993;
Kobayashi et al. 1999) consists in three phases: acceleration, coasting, and deceleration.

Let us consider a spherical outflow of radius r0, volume V and temperature T , with total
energy E0 and mass M0 � E0/c2, adiabatically expanding (due to the high optical depth). In the
comoving frame, TV1−γa is constant, where γa is the adiabatic index (in this case equal to 4/3
since the pressure is radiation-dominated). Since V ∝ r3, the temperature evolves as T ∝ r−1.
Conservation of energy suggests that the decreasing internal energy per particle is balanced by
an increase in the bulk kinetic energy per particle (or bulk Lorentz factor γ), resulting in γ ∝ r:
this describes the acceleration phase, also called radiation-dominated regime, where the most of
the energy is carried by photons.

This expansion takes place at the expense of the comoving frame internal energy. Since
the bulk Lorentz factor per particle cannot increase beyond the initial value of random internal
energy per particle, η = E0/M0c2, γ increases as long as it reaches a maximum Lorentz factor
γmax ∼ η (Mészáros 2006). This describes the evolution in the coasting phase, also called
matter-dominated regime, where the matter ploughing in the fireball has most of its energy in the
kinetic form; in this phase the matter essentially is characterised by a constant radial velocity,
with γ = const (Paczynski 1986; Goodman 1986; Shemi & Piran 1990; Paczynski 1991).

Finally, the fireball is decelerated by the interaction with the circumburst medium (CBM); in
this phase, called afterglow, γ ∝ r−3/2. The deceleration becomes important at the deceleration
radius rdec, where the initial bulk Lorentz factor γ0

2 has decreased to approximately half its
original value.

2.1.3 Internal and external shocks
Once the fireball reaches relativistic velocities, an efficient conversion from kinetic bulk energy
of the baryons to radiation is needed. The released energy must correspond to a perturbation of
the trajectory of the particles, thanks to the presence of the shock, defined as sharp discontinuities

2This value corresponds to γmax during the coasting phase.
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in the properties of a region (such as density, temperature, pressure) compared to those of a
neighbouring one. There are two categories of shocks in the fireball model: internal shocks and
external shocks.

Internal shocks

Assuming that the relativistic particles ejected from the central engine are packaged in several
shells emitted with slightly different Lorentz factors, an internal shock occurs when a fast-moving
shell catches up with another slower one (Rees & Meszaros 1994). This interaction – since
the density of matter is not high enough to allow a significant number of direct collisions – is
mediated by long-range forces (probably of magnetic nature), enabling energy and momentum
transfer. Internal shocks generally occur at radial distances ∼ 1014 − 1015 cm from the emitting
region, and explain the strong variability of the gamma-ray light-curves resulting from the
emission of shells, characterised by different energies and Lorentz factors.

On the other hand, the conversion efficiency from kinetic to radiation energy is rather low.
This is due to the fact that the relative velocity between the shells is limited: at most half of the
shell energy may be extracted (Kobayashi et al. 1997). Despite this efficiency issue, the expected
properties of internal shocks are the most accredited scenario for the prompt emission in the
fireball model.

External shocks

The fast-moving shell due to its interaction with the CBM (earlier emitted by the GRB progenitor)
creates an external shock, resulting in the GRB afterglow emission. This shock becomes efficient
only when the swept mass is large enough to significantly reduce the kinetic energy of the shell.
External shock results in a forward shock (FS) propagating in the CBM as well as a reverse
shock (RS) propagating back into the ejecta at lower frequencies (Meszaros & Rees 1993)3. The
short-lived radiation from RS is initially in the optical band, with the characteristic production
of optical flashes observed in several GRB afterglows (Sari & Piran 1999; Kobayashi 2000); as
the reverse-shocked outflow adiabatically expands, the typical frequency goes down, and it is
expected to come to the radio band days after the burst (Sari & Piran 1999; Kobayashi & Zhang
2003a; Kopač et al. 2015). Since the late-time optical and X-ray afterglow emission originates
from the blast wave (i.e. forward-shocked ambient medium), the emission is rather insensitive to
the properties of the original outflow. These two shocks create four regions: (1) the unshocked
CBM, (2) the shocked CBM, (3) the shocked shell material, and (4) the unshocked shell material
(e.g., Kobayashi 2000).

The CBM density profile is crucial to understand the evolution of external shocks. ISM-like
CBM is characterised by a constant profile with a density of particles n ∝ r0, whereas stellar
wind-like CBM is characterised by a profile n ∝ r−2, where r is the radial distance to the
explosion centre.

The width of the ejected shell influences the dynamics of emission. There are two kinds of
shell: thin and thick shells. When a shell is ejected from a source, is characterised by a high
density; as the shell expands, its density decreases and hence the shock becomes relativistic – in
the unshocked ejecta frame – while it is crossing the shell. In particular, in the thin shell scenario,
usually RS is Newtonian and is too weak to decelerate the shell; on the other hand, in the thick

3Although RS emission is short-lived and at lower frequencies, RS and FS region contain about the same amount
of energy at the onset of the afterglow. In the case of RS region, the same amount of energy is distributed among
a larger number of electrons in the shocked ejecta (it is heavier than shocked ISM at the shock crossing time),
resulting in a lower emission frequency.
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shell scenario, RS becomes relativistic and is able to decelerate the shell (e.g., Kobayashi et al.
1999; van Eerten 2015).

2.2 GRB synchrotron emission
In the internal/external shock model, the GRB spectrum originates from synchrotron emission of
relativistic electrons gyrating in local magnetic fields (Piran 1999). The electrons are accelerated
to relativistic speed by the 1st-order Fermi acceleration mechanism, which implies a power-law
distribution in terms of energy, given by:

N(γe)dγe ∝ γ−p
e dγe (2.3)

where γe is the electron Lorentz factor, and p is the electron energy distribution power-law index,
usually constrained to 1.5 . p . 3.5 (Granot & Sari 2002, hereafter GS02).

The minimum injected electron Lorentz factor γm (< γe) in this distribution is defined as:

γm = Γεe

(
p − 2
p − 1

)
mp

me
(2.4)

where Γ is the Lorentz factor of the shocked fluid (also known as blastwave Lorentz factor), εe

is the fraction of the shock energy distributed to electrons, me is the electron mass, and mp is
the proton mass. The efficiency of the shock in accelerating particles (εe) and in generating and
amplifying turbulent magnetic fields (εB) is an important and yet unclear issue, and is currently
believed to be of the order of a few percent to tens of percent by energy (Sironi et al. 2013). In
the presence of the self-generated magnetic fields, these relativistic particles lose their energy
emitting synchrotron radiation. The typical synchrotron frequency of a relativistic electron
depends on its Lorentz factor and – in the observer frame – is given by:

ν(γe) ' Γγ2
e

qeB
2πmec

(2.5)

where qe is the electron charge; B is the comoving magnetic field strength, defined as:

B = (8πeεB)1/2 (2.6)

where e is the energy density in the shocked region (assumed constant), and εB indicates the
fraction of the post-shock energy fraction in the magnetic field. The spectral power of a relativistic
electron Pν with initial energy γemc2 varies approximately as ν1/3 when ν < ν(γe) and cuts off

exponentially when ν > ν(γe). The total emitted power can be expressed – in the observer frame
– as:

P(γe) ' 4
3
σT cΓ2γ2

e
B2

8π
(2.7)

where σT is the electron Thomson cross-section, defined as:

σT =
8π
3

(
q2

e

mec2

)
' 6.65 × 10−25 cm2 (2.8)

The total peak spectral power occurs at ν(γe), where – in the observer frame – it has the
approximate value:

Pν,max ≈ P(γe)
ν(γe)

≈ 8πq3
eΓB

9mec2 . (2.9)
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Pν,max does not depend on γe.
This picture is valid only in adiabatic condition, where the electron loses a negligible fraction

of its energy to radiation. This regime is valid until γe is less than a critical Lorentz factor γc,
defined as:

γc =
6πmec
ΓσT B2t

, (2.10)

where t is the timescale (in observer-frame) within which an electron with an initial Lorentz
factor γe > γc cools down to γc. Above γc, cooling by synchrotron radiation becomes significant,
so that the electron distribution shape is modified in the γe > γc regime (Sari et al. 1998; Gao
et al. 2013b).

The electron Lorentz factors γm and γc – evolving in time – define two characteristic emission
frequencies νm and νc in the synchrotron spectrum. Depending on the order of γm and γc, the
synchrotron spectrum falls into two broad categories: fast-cooling (νm > νc, or γm > γc) and
slow-cooling (νm < νc, or γm < γc) regimes. In the first case, all electrons with Lorentz factors
above γc cool rapidly; in the second case, only the highest energy electrons cool rapidly (e.g.,
GS02, Sari et al. 1998; Gao et al. 2013b). The prompt phase of GRBs is expected to be in the
fast-cooling regime due to high shock/internal energy density and consequently high magnetic
energy density; this allows highly variable gamma-ray emission as well as a high efficiency in
the internal shocks (Piran 1999). Transition to the slow-cooling regime is expected to take place
during the early stages of the afterglow (Meszaros & Rees 1997; Waxman 1997, GS02).

Another characteristic frequency is the synchrotron self-absorption νsa, below which the
synchrotron photons are self-absorbed, calculated through two methods: (i) the condition that the
photon optical depth for self-absorption is unity (Rybicki & Lightman 1979), and (ii) equating
the synchrotron flux and the flux of a blackbody (Sari & Piran 1999; Kobayashi & Zhang 2003a).
During the afterglow phase, νsa is usually the smallest among the three frequencies. In particular,
only in fast-cooling regime the self-absorption frequency splits in νac and νsa, where an optical
depth of unity is produced by noncooled electrons and all electrons, respectively (Granot et al.
2000, GS02). When νsa > νc, the electron energy distribution may be significantly modified,
resulting in inaccurate analytical models (Gao et al. 2013b).

2.2.1 Evolution of GRB synchrotron spectra and light-curves
The synchrotron spectrum (both FS and RS) evolves in time as the blastwave expands, with
spectral transitions occurring when two or more break frequencies cross each other.

For the case of FS emission, different possible orderings of break frequencies result in five
spectral regimes (GS02), displayed in Fig. 2.1. Regimes 1 – 2 and 4 – 5 correspond to slow
cooling (νm < νc) and fast cooling (νm > νc), respectively, with different orderings of νsa; regime
3 describes an intermediate case, where the relative ordering of νc and νm is unimportant. The
spectral indices are reported in Fig. 2.1; moreover, the “spherical model” columns in Table 2.1
report the evolution of spectral break frequencies and peak flux densities.

Like in the case of FS, a RS ploughing into GRB ejecta is expected to produce synchrotron
radiation with its own characteristic frequencies (νsa,rs, νm,rs, and νc,rs), and peak flux Fνm,rs . These
quantities are related to those of the FS when the RS just crosses the ejecta at the time tX: for
thin shells tX = tdec

4, while for thick shells tX = T90 (Kobayashi et al. 1999). The ratio between
these two sets of break frequencies and fluxes help constrain the ejecta (Lorentz factor and
magnetisation). As opposed to the case of a relativistic RS (thick shell regime, Sect. 2.1.3), the

4The deceleration time tdec of the ejecta for an impulsive injection of a fireball with energy E and initial Lorentz
factor Γ0 corresponds to the time at which the swept-up mass from the CBM is about 1/Γ times that of the ejecta
(Gao et al. 2013b).
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evolution of the characteristic frequencies and fluxes for a Newtonian RS (thin shell regime,
Sect. 2.1.3) also depends on index g, that describes the profile of the shocked ejecta γ ∝ r−g; it
ranges between 3/2 and 7/2 in ISM-like CBM, and between 1/2 and 3/2 in wind-like CBM,
from theoretical arguments (Mészáros & Rees 1999; Kobayashi & Sari 2000; Gao et al. 2013b;
Gao & Mészáros 2015). Further information about the RS synchrotron spectra is available in the
reviews of Gao et al. (2013b) and Gao & Mészáros (2015).

The synchrotron light-curve at a given νobs evolves with time, undergoing temporal transitions
(or power-law breaks) whenever a characteristic frequency crosses νobs. This translates in
smoothly connected power-law segments: for example, tm and tc are the times at which νm and
νc cross νobs, respectively, that is νm(tm) = νc(tc) = νobs. As described in Sari et al. (1998), the
possible orderings of break times depend on the comparison between νobs and ν0, defined as
ν0 = νc(t0) = νm(t0), where t0 is the transition time between fast and slow cooling regimes. The
regime νobs > ν0 defines the high-frequency light-curve, where t0 > tm > tc; on the other hand,
the regime νobs < ν0 defines the low-frequency light-curve, where t0 < tm < tc (Fig. 2.2). The FS
temporal indices are reported in Fig. 2.2. The case of the RS light-curves is well described in the
reviews of Gao et al. (2013b) and Gao & Mészáros (2015).

2.3 Jetted emission
The GRB outflow usually shows evidence for the presence of a jet in the form of an achromatic
break in the temporal power-law decay of the afterglow light-curves. This is usually interpreted
as the edge of the jet becoming visible to the observer. Light-curves of GRB afterglows show that
typical isotropic-equivalent luminosity at the peak time (Lγ,iso ∼ 1052 erg s−1) is much larger than
the Eddington luminosity of a BH with mass of ∼ 10 M� (LEdd ∼ 1039 erg s−1); collimation is
therefore needed to continuously power the engine with gravitational energy (e.g., Zhang 2019).
Estimating the jet opening angle is therefore required to measure the true (collimation-corrected)
energetics.

In the literature there are two broad families of jets: uniform and structured. The first assumes
an uniform distribution of energy and Lorentz factor within a jet cone with a sharp edge, the
second assumes an angular distribution in energy and Lorentz factor (e.g. Granot 2007; Zhang
2019). In this Thesis I focus on the uniform jet regime, because is simpler than structured jet
model, based on special relativistic hydrodynamics (e.g. De Colle et al. 2012; Granot et al. 2018),
although in the latest years growing evidence has been found that favours the structured jet, as in
the case of the S-GRB 170817A associated to GW 170817 (Alexander et al. 2018).

The uniform jet scenario assumes a simplified conical jet blastwave, with a half opening angle
θ j and blastwave Lorentz factor Γ, where only the emission inside the 1/Γ cone is detectable due
to relativistic beaming. During the deceleration phase, caused by the interaction between the
outflow and the CBM, Γ decreases gradually until 1/Γ > θ j – for an observer in the line-of-sight
of the jet – in the form of a break in the light-curve. An off-axis observer could not observe the
GRB, and hence an orphan afterglow (i.e. an afterglow without the gamma-ray emission) could
in principle be observed. The light-curve steepening can arise from two effects: the edge effect
and the sideways expansion effect. The pure edge effect (e.g. Panaitescu et al. 1998) arises when
an observer feels the deficit of flux outside the θ j cone, when 1/Γ > θ j is satisfied. In this regime,
the blastwave dynamics does not change during the jet break transition. The degree of steepening
at the jet break time t j for the flux densities is defined as ∆α = αpost, jet − αpre, jet = (3 − k)/(4 − k),
where k describes the kind of CBM (k = 0 for ISM-like, k = 2 for wind-like, Granot 2007). The
sideways expansion effect of a conical jet (Rhoads 1999; Sari et al. 1999) arises when Γ ∼ θ−1,
and the jet decelerates exponentially; this feature translates in the change of the evolution of
both the spectral break frequencies and flux densities at t j, as described in several papers (e.g.
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Figure 2.1: The five possible SEDs, calculated for the Blandford & McKee (1976) spherical self-similar
solution, under standard assumptions, using the accurate form of the synchrotron spectral emissivity
and integration over the emission from the whole volume of shocked material behind the FS (GS02).
The different panels show the possible broadband spectra of the afterglow synchrotron emission, each
corresponding to a different ordering of the spectral break frequencies, and time series. Figure reproduced
from Granot (2008).
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Figure 2.2: FS synchrotron light-curve from a spherical relativistic shock, ignoring the effect of self-
absorption. (a) The high frequency case (νobs > ν0); (b) The low frequency case (νobs < ν0). The scalings
within square brackets are for radiative evolution (restricted to t < t0) and the other scalings are for
adiabatic evolution. Figure reproduced from Sari et al. (1998).
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Sari et al. 1999; Sari 2006; Panaitescu & Kumar 2002) and summarised in Table 2.1. Several
numerical simulations and sophisticated analytical treatments suggest that the contribution of
sideways expansion is not important until Γ & 2 (Granot et al. 2001; Kumar & Granot 2003;
Cannizzo et al. 2004; Zhang & MacFadyen 2009; Granot & Piran 2012; De Colle et al. 2012;
van Eerten & MacFadyen 2012); nevertheless, this numerical simulations are compatible with
this simple analytical model for post-jet-break light-curves (Zhang & MacFadyen 2009; Kumar
& Zhang 2015; Zhang 2019)5.

These are purely geometrical or dynamical effects, suggesting the same behaviour in the
light-curves at every wavelength. This means that the expected break in the light-curve of the
afterglow caused by collimated emission – the so-called jet break – is achromatic6. θ j may be
computed, both for ISM-like and wind-like CBM, from t j (Waxman 1997; Rhoads 1999; Sari
et al. 1999; Chevalier & Li 2000; Wang et al. 2018):

θ j,ISM = 9.25
(

n0

E52,k,iso

)1/8 ( t j

1 + z

)3/8

deg (2.11)

θ j,wind = 11.55
[

t jA∗
(1 + z)E52,k,iso

]1/4

deg , (2.12)

where n0 is the ISM-like CBM density in cm−3, t j is expressed in days, z is the redshift of the
source, E52,k,iso is the kinetic energy of the blastwave (expressed in units of 1052 erg), and A∗ is a
parameter (expressed in units of 5 × 1011 g cm−1) connected with the wind-like density CBM7.

For L-GRBs, the typical half-opening angle θ j ranges between 3◦ and 10◦ (e.g., Berger 2014):
this results in a beaming correction factor fb = 1− cos θ j between ∼ 10−3 and ∼ 10−2, suggesting
that the true released energy is two or three orders of magnitude lower than the measured Eiso

(with a typical value of a few 1051 erg). On the other hand, measurements of θ j for S-GRBs
are less frequent, mainly because of the faintness of their afterglows; the average θ j of S-GRBs
seems to be larger than that of L-GRBs (Berger 2014), with beaming-corrected energies usually
lower than 1050 erg.

This picture is valid for an on-axis observer, but the light-curve behaviour also depends on
the direction of the observer. Fitting X-ray data at late-time with numerical jet models suggests
that the line of sight for most GRBs is misaligned from the jet axis (Ryan et al. 2015; Zhang et al.
2015a). For an off-axis observer, an orphan afterglow (an afterglow without the high-energy
component) could in principle be observed at late-times. Several authors discussed the possibility
of detecting orphan afterglows (e.g., Nakar et al. 2002; Totani & Panaitescu 2002). Recently
Marcote et al. (2019) discovered a good candidate for an orphan afterglow of a L-GRB in the
radio transient source FIRST J1419+3940, characterised by decreasing brightness over the last
few decades.

Finally, besides these two forms of jets, more complicated structured jets have been discussed
in the literature; several authors have discussed the two-component jet model. According to this

5As reported by Zhang (2019), it seems that the α = −p post-jet-break decay could be a reasonable rough
approximation.

6However, afterglow observations in the Swift era have shown a lack of achromatic breaks compared to the
pre-Swift era (de Pasquale et al. 2009). Missing breaks are attributed to far off-axis observations (van Eerten
& MacFadyen 2011), to bad quality of data (Curran et al. 2008), or to the break time falling beyond the end of
Swift/XRT follow-up. Another possible interpretation is that the X-ray afterglow of many GRBs does not originate
from external shocks but from a long-lasting central engine (Metzger et al. 2011), suggesting that only the optical
light-curve may be suitable to identify jet breaks.

7In the density profile ρ(r) = Ar−2, r is the radius, A = Ṁw4πVw ≡ 5×1011A∗ g cm−1 is a constant proportional to
the progenitor mass-loss rate Ṁw (assumed constant), for a given wind velocity Vw = 103 km s−1 and Ṁw = 10−5 M�
yr−1 (Chevalier & Li 2000).
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Figure 2.3: Cartoon for the GRB fireball model. (1) The source of energy is a collapsing massive star (or
merger of NS-NS or NS-BH, not shown here). (2) Part of this energy generates a relativistic jet, mediated
by hot photons (“fireball”), or by magnetic field. (3) The thermal photons decouple at the photosphere. (4)
Part of the jet kinetic energy is dissipated (by internal collisions, in this picture) to produce the observed
prompt emission in gamma-rays. (5) The remaining kinetic energy is deposited into the CBM, heating it
and producing the observed afterglow at lower frequencies. Figure reproduced from Meszaros & Rees
(2014).

model, the GRB outflow consists in a narrow jet component (usually characterised by a higher
Lγ,iso and a larger Γ), surrounded by a wider jet component (with a lower Lγ,iso and a smaller
Γ). Depending on the viewing angle, the two-component jet predicts some light-curve features,
such as an early jet break and late-time re-brightening (Huang et al. 2004; Peng et al. 2005;
Wu et al. 2005). This model was used to interpret the afterglow data for several GRBs, such as
GRB 030329 (Berger et al. 2003) and GRB 080319B (Racusin et al. 2008). Moreover, this can
be accommodated with the collapsar model (Sect. 2.5.1), where a narrow and highly relativistic
jet emerging from a star is surrounded by a wider, less relativistic cocoon (Ramirez-Ruiz &
Lloyd-Ronning 2002; Zhang et al. 2004).

2.4 Non-relativistic transition
The relativistic blastwave, due to the interaction with the CBM, gradually decelerates, reaching
the non-relativistic/Newtonian (NR) phase, when γ <

√
2 and the electrons should be in the slow

cooling scenario (νm < νc), at the transition time

tNR,ISM = 84(1 + z)
(

E52,k,iso

n0

)1/3

days (2.13)

for ISM-like CBM (Waxman 1997), and

tNR,wind = 694(1 + z)
(

E52,k,iso

A∗

)
days (2.14)

for wind-like CBM (Chevalier & Li 2000).
In the deep Newtonian phase, the blastwave dynamics can be derived from simple scaling

relations (e.g. Wijers et al. 1997). The light-curves in the Newtonian phase are steeper than those
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in the relativistic phase, but are shallower than the post-jet-break phase in the relativistic regime
(Zhang 2019). This feature suggests that the transition from relativistic to NR phase occurs after
the jet break, probably in timescales of years (e.g. Livio & Waxman 2000; Zhang & MacFadyen
2009).

This holds for ISM-like environment at the late stage of the blastwave evolution, since a
stellar wind ends at a termination shock beyond which the medium is already of ISM type (Gao
et al. 2013b; Zhang 2019).

Observationally, in the optical band it is very difficult to observe the NR phase in the light-
curves, since the afterglow emission is strongly contaminated by the host galaxy light before
reaching the NR phase. On the other hand, this transition may be more easily observed in
the radio band at late-time (timescales of years), especially in the case of nearby sources (e.g.
GRB 030329, van der Horst et al. 2008).

The evolution of spectral break frequencies and peak flux densities in NR phase are reported
in Table 2.1, according to calculations reported in several works (Frail et al. 2000; van Eerten
et al. 2010; Leventis et al. 2012).

2.5 Central engines

The fireball model assumes a large quantity of released energy in a small volume regardless of its
origin from the GRB progenitor. The characteristics of GRB emission, such as the energy budget
and the spatial compactness, suggest a rapid accretion onto a BH; the observations are compatible
with S-GRBs originating from binary NS mergers (Sect. 1.3.3), and L-GRBs from collapsars.
Another progenitor candidate for the central engine is the magnetar, a highly magnetised NS.

2.5.1 Collapsars

The collapsar model (Woosley 1993; Popham et al. 1999) assumes a massive star origin for
L-GRBs. Sometimes the gravitational pressure may directly lead to a catastrophic collapse to
a BH, where the surrounding stellar matter falls towards the BH through the formation of an
accretion disc. A pair of relativistic jets – removing angular momentum along the rotational axis
– originates according three possible mechanisms: (i) neutrino/anti-neutrino annihilation along
the rotational axis; (ii) the Blandford-Znajek mechanism8 (Blandford & Znajek 1977); (iii) the
highly magnetised accretion disc causes an eruption of magnetic blobs due to the differential
rotation, resulting in the jets emission piercing through the stellar envelope9.

The main candidates to form collapsar events are the Wolf-Rayet (WR) stars, massive stars
that lost most of their hydrogen envelopes. These stars are characterised by very high surface
temperatures (in excess of ∼ 3 × 104 K), strong stellar winds, and a large surface metallicity.
WR progenitors are good candidates for the association between GRBs and type Ib/c broad-line
supernovae (BL-SNe, Sect. 1.5). The localisation of L-GRBs in star-forming regions is a further
signature of this connection. On the other hand, WR stars typically have a high metal abundance
which results in angular momentum loss, but L-GRB progenitors must have low metallicity
levels to stifle enough angular momentum to form the accretion disc.

8This mechanism consists in the extraction of energy from a rotating BH, where an accretion disc is equipped
with a strong poloidal magnetic field that extracts the rotational energy.

9In case of thin enough envelope, these jets can leak from it with Lorentz factors γ & 100.
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2.5.2 Magnetars
Other candidates for the central engine are the rapidly spinning magnetars, characterised by
period P ∼ 1 ms and surface magnetic field Bs ∼ 1015 G; they seem to be able to power a GRB
through spin-down (Usov 1992; Wheeler et al. 2000), and their total rotational energy Erot can
be written as:

Erot ∼ 1
2

I Ω2 ∼ 1.5 × 1052 M
M�

( R
106 cm

)2 ( P0

10−3 ms

)−2

erg (2.15)

where M and R indicate the mass and the radius of the magnetar, respectively, and P0 is the initial
period; for a typical magnetar with M ∼ 1.4 M�, R ∼ 10 km, and P ∼ 1 ms, Equation (2.15)
shows Erot,typical ∼ 2 × 1052 erg. Only GRBs with energy below Erot,typical may be powered by
magnetars; this energy is compatible with the beaming-corrected value for most GRBs. Typical
luminosity and duration can be reproduced.

The emission mechanism shows that the magnetar is initially very hot, and hence the neutrinos
drive a significant wind, characterised by too many baryons to reach relativistic regime; despite
this, after ∼ 10 s, the cooling down of the NS results in the weakening of this baryonic wind,
producing a short-duration jet (∼ 30 s) until the sudden drop of the neutrino emission. Energy
injection in the form of Poynting flux could result from continuous spin-down. For further details,
see e.g. Bucciantini et al. (2008) and Metzger et al. (2011).

2.5.3 Compact object mergers
The progenitors of S-GRBs, because of their short duration, can be discovered in systems
with a dynamical timescale of the order of milliseconds, like the merging of compact binaries
(double NS or NS-BH systems, Eichler et al. 1989; Narayan et al. 1992). The recent discovery
of the binary NS-NS merger in the GW observation made by LIGO and Virgo (GW 170817,
e.g. Abbott et al. 2017a) and the detection of associated electromagnetic counterparts, have
given direct evidence of the NS-NS merger being a progenitor of a S-GRB. Specifically, the
GRB jet emanating from GW 170817 was observed off-axis (e.g., Alexander et al. 2017a, 2018;
Kathirgamaraju et al. 2018), with a successive faint afterglow emission at early-times (Hallinan
et al. 2017).

The GW emission arises from the loss of energy and angular momentum in binary orbits of
NS-NS merger, resulting in a faster decay and finally in a hyperaccreting compact object (e.g.
BH); a similar scenario takes place for BH-NS mergers if the tidal disruption of the NS occurs
outside the event horizon of the BH. Energy is released in a similar way as in the collapsar model,
where a fast rotation and a high accretion rate could power neutrino-anti-neutrino annihilation or
magneto-hydrodynamic processes, resulting in jetted ejecta.

2.6 Open issues on GRB science
Despite many facilities operating at several frequencies – from radio to gamma-rays – have
improved the GRB science, several open issues remain. The broadband observations, and in
particular the increase of radio campaigns, are crucial to better understand the physics of both
GRBs and their progenitors.

One of the most critical issues in GRB physics is the composition of the relativistic ejecta.
Baryonic-dominated ejecta are characterised by the presence of strong RS, and the ratio σ
between the magnetic energy density and the bulk kinetic energy is . 1; on the other hand,
magnetic field-dominated ejecta are believed to produce faint RS emission (Mészáros & Rees
1999; Sari & Piran 1999; Zhang & Kobayashi 2005; Lyutikov & Camilo Jaramillo 2017).
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Measuring a RS helps constrain the ejecta thickness, the bulk Lorentz factor γ, and the fireball
magnetisation, through the analysis of its temporal and spectral evolution. Since the RS has the
same origin of the FS in the afterglow emission, the observations of both shocks are crucial to
understand the composition of the ejecta, and the yet unknown mechanism of energy extraction
from the central engine. The expected observational signature of the RS is early-time flares in
the optical and radio bands (e.g. Sari & Piran 1999; Kobayashi & Zhang 2003a), and hence
multi-wavelength observations are crucial to have a complete picture of the ejecta properties.
To date only a small fraction (∼ 5%) of early-time optical light-curves show clear evidence of
RS emission, probably because the typical synchrotron frequency of the RS already lies at radio
frequencies (Mundell et al. 2007a; Melandri et al. 2010). Kopač et al. (2015) suggest that the
brightest and clearest RS radio signatures are detectable at early-times (0.1 − 1 d after the burst),
emphasising the need for rapid response radio follow-up campaigns. Moreover, detecting a RS is
easier mainly for bursts in ISM-like CBM with lower densities (n ≤ 0.1 cm−3), high isotropic
energies, and at observing frequencies unaffected by synchrotron self-absorption suppression
(typically above a few GHz).

These kinds of analysis are hampered by the limited sensitivity of radio telescopes, resulting
in relatively few observations. In lastest years, and especially after the NS-NS merger event
connected with the detection of GW 170817/GRB 170817A (Abbott et al. 2017b; Pian et al.
2017; Nicholl et al. 2017) and the resulting birth of the multi-messenger era, several dedicated
radio followup campaigns aimed to provide a good temporal and spectral RS and FS coverage
(e.g. Laskar et al. 2013, 2016, 2018a, 2019), but a complete and systematic picture of GRB
ejecta remains an open issue.

The high-accuracy prompt localisation provided by Swift allowed to carry out rapid multi-
frequency follow-up observations of GRB afterglows. These resulting campaigns revealed new
details in X-ray and optical light-curves, such as rapid and short flares (∆T/T � 1), plateaus,
and multi-frequency re-brightening episodes (e.g. Liang et al. 2007; Li et al. 2012; Margutti
et al. 2011a,b, 2013; Zaninoni et al. 2013; Laskar et al. 2015). Broadband light-curves show
unknown properties: for example, X-ray flares suggest late-time activity of the central engine
(e.g. Giannios 2006; Falcone et al. 2007; Chincarini et al. 2007, 2010); plateaus have been
explained invoking different interpretations: energy injection (e.g. powered by a spinning-down
magnetar), or temporal evolution of the shock microphysical parameters (e.g. Granot & Kumar
2006; Zhang et al. 2006; Nousek et al. 2006; Panaitescu et al. 2006; Jin et al. 2007; Uhm &
Zhang 2014; Stratta et al. 2018b).

High-redshift GRBs trace star formation throughout the Universe (potentially Population III
stars). To date, these stars are entirely hypothetical and, despite intense searches, no Population
III star has yet been observed. Thanks to their bright afterglows (even for z & 9) and their
association with the core-collapse of massive stars, L-GRBs have been proposed as promising
tracers of star formation (e.g. Lamb & Reichart 2000; Porciani & Madau 2001; Tanvir et al.
2009; Salvaterra et al. 2009, 2013). UV emission from stars of population III can be utilised
to probe the first epoch of star formation (e.g. Bromm & Larson 2004). Different studies
based on the host galaxies of L-GRBs at high redshift have tried to obtain information on the
relation between L-GRBs and Population III (e.g. Kistler et al. 2008; Robertson & Ellis 2012),
but these studies were characterised by biased and incomplete L-GRB samples and their host
galaxies. In this context, several projects to create complete samples have been designed to
address this issue (Hjorth et al. 2012; Salvaterra et al. 2012; Perley et al. 2016). It is believed
that Population III explosions are characterised by large released energies and CBM with low
densities, reflecting the predicted high masses and weak winds of these low-metallicity stars (e.g.
Heger et al. 2003; Palmerio et al. 2019). The analysis of the redshift evolution of these properties
of the GRB progenitor population can be crucial to search for Population III signatures (e.g.
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Laskar et al. 2014). This study requires broadband observations of high-z candidate events, and
multi-frequency modelling to determine the physical parameters of the explosion. In the context
of the newborn multi-messenger and time-domain astrophysics, the Transient High Energy Sky
and Early Universe Surveyor (THESEUS) proposed mission (accepted by ESA for phase A
study) will boost the discovery and study of high-redshift GRBs (up to z ∼ 10), thus paving
the way to study, on a systematic and unbiased way, key aspects of the early Universe, such as
metallicity evolution, star formation at the reionisation epoch, identification of population III
stars (Amati et al. 2018; Stratta et al. 2018a).
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Chapter 3

An analytical approach for broadband
modelling of GRB afterglows

In this Chapter I focus on the analysis of GRB afterglows based on an analytical approach.
The emission of GRB afterglows mainly consists in synchrotron radiation, but there are other
radiation processes and additional aspects that are likely to contribute, such as the jetted emission
and non-relativistic regime (Sect. 3.4), energy injection phenomenon (Sect. 3.5), absorption
effects (Sect. 3.6), scintillation in radio frequencies (Sect. 3.7), and inverse Compton at high
energies (Sect. 3.8).

This complex landscape is properly considered in a dedicated Python code, called sAGa
(Software for AfterGlow Analysis), described in this Chapter. sAGa aims to model GRB
afterglow data within a self-consistent physically grounded picture. Built adopting a Bayesian
approach, all the data, from radio to gamma-rays, are modelled. By-products are plots of spectra
and light-curves, and computation of the break frequencies and normalisations as a function of
the shock microphysical parameters: the kinetic energy of the explosion (EK,iso), the CBM density
(n0 for ISM-like CBM; the normalised mass-loss rate A∗ for wind-like CBM), the power-law
index of the electron energy distribution (p), the fractions of the blastwave energy delivered to
relativistic electrons (εe) and magnetic fields (εB). Dust extinction of optical along the sightline
is also accounted for.

The capabilities of sAGa are successfully tested on three GRB afterglows: GRB 120521C,
GRB 090423 and GRB 050904 (Sect. 3.9).
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3.1 Broadband modelling of GRBs
All the previous open issues call for more observations (especially at lower frequencies), paral-
leled by adequate broadband modelling. The analysis of GRB afterglow spectra and light-curves
is made possible using data from radio to X-ray frequencies. The significant improvements in
sensitivity for broadband facilities, especially at radio frequencies (such as the Karl G. Jansky
Very Large Array, VLA), give the opportunity to gain insight into the microphysical parameters
with unprecedented accuracy.

The interpretation and analysis is performed by a sophisticated modelling code – fully
self-consistent – developed in Python, called sAGa (Software for AfterGlow Analysis). This
application receives in input two text-based files: the “observation data file” (mainly epoch of
observation, flux density and its uncertainty, observing frequency) and the GRB “parameter
file” (such as position and the redshift). sAGa performs a broadband data analysis through a
new approach that consists in the manipulation of all the data at both each observing epoch and
observing frequency in a single process; the analysis considers different radiation processes and
other aspects, briefly described in following subsections, that the user can select at the beginning
of the analysis. In output sAGa provides several plots of light-curves and spectra of the GRB
afterglow (both for each epoch/observing frequency and global) and a text-based file reporting
best-fit values associated with selected radiation processes and other aspects. The complete list
of the available parameters for sAGa is reported in Table 3.1.

Hereafter, sAGa assumes ΛCDM cosmological parameters of Ωm = 0.31, ΩΛ = 0.69, and
H0 = 68 km s−1 Mpc−1 (Planck Collaboration et al. 2016).

3.2 Markov Chain Monte Carlo
The best-fit solution is calculated through the maximisation of a likelihood function, using a
Gaussian error model. The likelihood function for a data set composed of both detection and
non-detection is given by (e.g., Laskar et al. 2014, hereafter L14):

∏
p(ei)δi F(ei)1−δi (3.1)

where ei are the residuals (the difference between the measurement or 3σ upper limit and the
predicted flux from the model), δi is the detection parameter (equal to 0 for an upper limit and
1 for a detection), p(ei) is the probability density function of the residuals, and F(ei) is the
cumulative distribution function of the residuals. For a Gaussian error model,

p(ei) =
1√

2πσi

e−e2
i /2σ

2
i (3.2)

and

F(ei) =
1
2

[
1 + er f

(
ei√
2σi

)]
(3.3)

where σi are the measurement uncertainties, and er f (x) is the error function1.
In sAGa the best-fit parameters are calculated through the maximisation of the likelihood

function, using the sequential least squares programming tools available in the Python SciPy
package2 (Jones et al. 2001–). The large number of radiation processes – and other additional

1Eq. (3.1) is somehow questionable, as it overestimates the probability that the model lies above a given upper
limit. This can be understood with a simple example: it assigns a probability of 16 % if the model is 1σ above a 3σ
upper limit. So, the deviation should count as 4σ not just 1σ.

2http://www.scipy.org/
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3.3. SYNCHROTRON SPECTRA AND LIGHT-CURVES IN SAGA CHAPTER 3

Table 3.1: Free parameter space available for sAGa analysis.

Parameter Unit Description Section

p - Power-law index of the electron energy distribution Sect. 2.2
εe - Fraction of the blastwave energy delivered to relativistic electrons Sect. 2.2
εB - Fraction of the blastwave energy delivered to magnetic fields Sect. 2.2
EK,iso 1052 erg Kinetic energy of the explosion (in units of 1052 erg) Sect. 2.1.2, 2.1.3, 2.3
n0 cm−3 Density for ISM-like CBM Sect. 2.1.3
A∗ 5 × 1011 g cm−1 Parameter connected with the wind-like density CBM Sect. 2.3
AV mag Extinction in the host galaxy Sect. 3.6
t j d Jet break time Sect. 2.3
tei,1 d Beginning time of the first injection Sect. 3.5
tei,2 d Beginning time of the second injection Sect. 3.5
m - Injection index Sect. 3.5
m2 - Injection index (in case of two bumps during the energy injection regime) Sect. 3.5

aspects – involved in our broadband model inevitably introduces many free parameters (Table 3.1):
in this high dimensional problem the algorithm would be stuck in local minima. This can be
overcome through a Markov Chain Monte Carlo (MCMC) analysis using the Python-based code
emcee3 (Foreman-Mackey et al. 2013): this Bayesian approach leads to estimate uncertainties
and correlations between the model parameters. emcee is particularly useful in high-dimensional
problems – like the present one – where traditional MCMC methods spend large amounts of
time exploring regions of parameter space with low likelihood values. Moreover, this tool is able
to uncover degeneracies in the model parameters, especially in some of not well-constrained
properties of the synchrotron spectrum (e.g. νsa) with the aid of corner plots (Foreman-Mackey
2016), an illustrative representation of different projections of samples in high dimensional
spaces to reveal covariances.

In my analysis, I need to constrain these parameters through the definition of prior distribu-
tions that encode preliminary information. In the current version of sAGa I consider (i) uniform
priors for the parameters that describe the exponential terms on the flux densities (Av) and the
power-law indices (p and the injection index m; Table 3.1 and Sect. 3.5), and (ii) Jeffreys priors
(Jeffreys 1946), for the parameters that span different orders of magnitudes (EK,iso, n0, A∗, εe, εB

and t j; Table 3.1). εe and εB are generally not expected to be larger than their equipartition values
of 1/3 (e.g. L14), and hence I truncate the priors for these parameters at an upper bound of 1/3.

In the MCMC analysis, I begin to run the ensemble sampler until the convergence of the
average likelihood across the chains and discard the initial (unstable) period as “burn-in”: I fixed
500 Markov chains for this phase. I then set up between 103 and 104 Markov chains, depending
on the complexity of the problem. I plot the marginalised posterior density for all parameters and
check for convergence by verifying the stability (over the length of the chain following burn-in)
of the distributions. As reported by L14, the distributions frequently exhibit long tails, and hence
I refer to quantiles (instead of mean or mode) to compute summary statistics and quote 68%
credible regions around the median.

3.3 Synchrotron spectra and light-curves in sAGa

GRB afterglow radiation is thought to be the result of the relativistic ejecta being slowed down
by the surrounding CBM (Meszaros & Rees 1997) and begins when a significant fraction of
the energy of the ejecta is transferred to the shocked external medium. At the early-stage of the
GRB afterglow (about the first few hours), the radiation process depends on the hydrodynamics
of the shock (radiative phase), where εe ∼ 1; later, the radiation process becomes less efficient as

3https://emcee.readthedocs.io/en/stable/
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long as it does not influence the hydrodynamics (adiabatic phase), where εe � 1 (Piran 2004).
The hydrodynamics of the adiabatic phase, and the resulting synchrotron emission (described in
Sect. 2.2), is based on the theory of relativistic blastwaves (Blandford & McKee 1976) consisting
in a self-similar spherical solution for an adiabatic ultra relativistic blastwave in the limit Γ � 1.

In this context I modelled the synchrotron broadband spectrum with smoothly connected
power-law segments, following the prescriptions described in GS02. Such a model includes
synchrotron cooling and self-absorption for both ISM and wind-like environments, resulting in
five different spectral regimes at any given time with 11 definitions of the break frequencies –
corresponding to different orderings of the synchrotron frequencies – with the time-independent
microphysical parameters EK,iso, p, n0 (or A∗), εe and εB as free parameters4 (Table 2.1). The
spectrum evolves from fast (νc < νm) to slow cooling (νc > νm), transitioning through the various
spectral regimes (Fig. 2.1).

In sAGa light-curves are calculated through a specific time-dependent weighting scheme
described in L14: the transition times between different spectral regimes are calculated through
geometric average, since sometimes there are different equations for the same transition time
(GS02).

3.4 Jet breaks and non-relativistic transition
The hydrodynamics presented in GS02 assume isotropic expansion but, as I described in Sect. 2.3,
GRB outflows mostly occur through jets. I therefore consider the uniform jet regime, accounting
for both the pure edge effect and sideways expansion (Sect. 2.3). In the pure edge effect
the blastwave dynamics does not change during the jet break transition, and hence I modify
only the evolution of the break flux densities after the break time t j using the prescription
∆α = αpost, jet − αpre, jet = (3 − k)/(4 − k), where k = 0 is for ISM-like CBM and k = 2 is
for wind-like CBM (Granot 2007). The sideways expansion effect, even though it becomes
significant when Γ . 2 (e.g. Granot et al. 2001; Kumar & Granot 2003; Zhang & MacFadyen
2009; De Colle et al. 2012; van Eerten & MacFadyen 2012), is a good approximation for post-
jet-break light-curves (e.g. Zhang & MacFadyen 2009; Kumar & Zhang 2015). The relativistic
blastwave, due to the interaction with the CBM, decelerates until it reaches the non-relativistic
phase (Sect. 2.4) at the transition time tNR (Eqs. 2.13 and 2.14).
sAGa is configured so that, at the beginning of the analysis, the user can select the desired

effect; this choice modifies the evolution of the spectral break frequencies and flux densities at
break epochs t j (free parameter) and tNR, smoothing over the transition with a fixed smoothing
parameter5. For completeness, I reported the post-break (sideways expansion) and Newtonian
evolution of the spectral break frequencies in Table 2.1, following several papers (Sari et al.
1999; Frail et al. 2000; Panaitescu & Kumar 2002; Sari 2006; van Eerten et al. 2010; Leventis
et al. 2012, GS02).

3.5 Energy injection
As the shock propagates into the surrounding medium, the blastwave decelerates: this is observed
through the decay evolution in the observed light-curves of GRB afterglows. Sometimes, these
observed light-curves are characterised by plateaus, probably due to the re-brightening of the
GRB afterglow (e.g. Nousek et al. 2006; Liang et al. 2007; Margutti et al. 2010; Hascoët et al.
2012). This effect consists in the energy injection into the blastwave shock due to possible

4If the redshift z is unknown, it can also set as a free parameter
5I set s = 5 for these breaks (e.g. Granot et al. 2001).
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alternative mechanisms: long-lasting central engine activity, deceleration of a Poynting flux
dominated outflow, or the presence of substantial ejecta mass (and hence kinetic energy) at low
Lorentz factors (e.g. Dai & Lu 1998; Rees & Meszaros 1998; Sari & Mészáros 2000; Zhang &
Mészáros 2002; Zhang et al. 2006; Granot & Kumar 2006; Uhm et al. 2012).

Some models invoke a long-lasting central engine such as a spinning-down millisecond
magnetar (Dai & Lu 1998; Zhang & Mészáros 2001) where the blastwave is fed by a long-lasting
Poynting-flux-dominated wind. This flux is defined by a power-law decay with time:

L(t) = L0

(
t
t0

)−q

(3.4)

where t is the central engine time (the same as the observer time of GRB afterglow), L0 is the
luminosity at the reference time t0, and q ≥ 06. This corresponds to the temporal evolution of the
blastwave energy E ∝ t1−q = tm, where m = 1 − q is the “injection index”. These models predict
plateaus in X-ray light-curves but do not generally lead to a re-brightening. The energy injection
becomes significant when Einj > Eimp, where Eimp is the impulsively injected energy during the
prompt emission phase (Zhang & Mészáros 2001).

There is an alternative type of energy injection, occurring when the central engine injects
a stratified ejecta with a continuous distribution of bulk Lorentz factor γ, defined as the ejecta
mass above a certain Lorentz factor (Rees & Meszaros 1998; Sari & Mészáros 2000; Uhm et al.
2012):

M(> γ) = γ−s . (3.5)

The ejecta is moving between a maximum γmax – corresponding to the Lorentz factor of the
blastwave at the onset of energy injection t0,ei, Γ(t0,ei) – and a minimum Lorentz factor γmin. In
this model there is a difference between the blastwave (powered by an initial shell of fast-moving
ejecta) and the leading edge of the remaining ejecta (travelling at γmax). As the blastwave
decelerates, energy injection takes place when Γ(t0,ei) ≈ γmax and hence the slower ejecta shells
begin depositing energy into the blastwave. This regime lasts until the lowest energy ejecta
located at γmin have transferred their energy to the blastwave. Later, the afterglow proceeds like
a standard regime, but powered by a blastwave with increased energy and Lorentz factor γmin

(determined from modelling the subsequent afterglow evolution).
These two energy injection mechanisms can be considered equivalent connecting the two

injection parameters s and q as follows:

s =
10 − 3k − 7q + 2kq

2 + q − k
(3.6)

q =
10 − 2s − 3k + ks

7 + s − 2k
(3.7)

where k is the exponent of the density profile n = A r−k (k = 0 for ISM-like CBM, and k = 2 for
wind-like CBM). From Eqs 3.6 and 3.7 I obtain

s =
10 − 7q
2 + q

q =
10 − 2s
7 + s

(3.8)

6The same approach sometimes is based on L(t) = L0(t/t0)q and q ≤ 0 (e.g. Misra et al. 2007; Marshall et al.
2011; van Eerten 2014; Laskar et al. 2015).
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for the ISM-like CBM, and

s =
4 − 3q

q

q =
4

3 + s

(3.9)

for the wind-like CBM (Zhang et al. 2006). In particular, from Eq. (3.7) I obtain

m =
(3 − k)(s − 1)

7 + s − 2k
, (3.10)

where m ranges between 0 and 3 for ISM-like CBM (between 0 and 1 for wind-like CBM).
Moreover, s is bounded 1 and∞ for both ISM-like CBM and wind-like CBM. In the absence of
energy injection, the standard hydrodynamic evolution requires that m = 0, s = 1 or q = 1 in the
above expressions (e.g. Gao et al. 2013b).
sAGa accounts for energy injection – ranging between tei,i and tei, f (in units of days) –

selecting the number of “bumps” of injected energy from the central engine (1 or 2)7. In
particular, I change the kinetic energy in the standard afterglow regime (e.g. GS02) according
the following broken power-law function (Laskar et al. 2015):

E52,k,iso(t) =



E52,k,iso, f t ≥ tei, f

E52,k,iso, f

(
t

tei, f

)m
tei,i ≤ t ≤ tei, f

E52,k,iso,i ≡ E52,k,iso, f

(
tei,i

tei, f

)m
t ≤ tei,i

(3.11)

for one bump of energy injection, where E52,k,iso,i and E52,k,iso, f are the initial and final energy of
the blastwave (in units of 1052 erg), respectively, and

E52,k,iso(t) =



E52,k,iso, f t > tei, f

E52,k,iso, f

(
t

tei, f

)m1
tei,i2 < t < tei, f

E52,k,iso, f

( tei,i2
tei, f

)m1
(

t
tei,i2

)m2

tei,i1 < t < tei,i2

E52,k,iso, f

( tei,i2
tei, f

)m1
(

tei,i1
tei,i2

)m2

t < tei,i1

(3.12)

for two consecutive bumps of energy injection, where m1 and m2 are the injection indices referred
to the first and second bump, respectively, and tei,i1 is the beginning time of the first injection,
lasting up to tei,i2 .

Through these broken power-law functions for E52,k,iso (Eqs. 3.11 and 3.12), I assume the
temporal evolution (t in units of days) of Γ from the standard afterglow regime (GS02, Laskar
et al. 2015):

Γ(t) = 3.65
(

E52,k,iso(t)
n0

)1/8 ( t
z + 1

)−3/8
(3.13)

for ISM-like CBM and

Γ(t) = 3.72
(

E52,k,iso(t)
A∗

)1/4 ( t
z + 1

)−1/4
(3.14)

for wind-like CBM.
If the energy injection switch is enabled, sAGa works in iterative mode: the first step consists

in the MCMC analysis (Sect. 3.2) of the simple FS (eventually with absorption and/or jet
approach) for the data after tei, f (fixed by the observer and obtained by independent modelling
of broadband light-curves) to determine the microphysical parameters of the GRB afterglow
(E52,k,iso, f included). Successively, these values are assumed as starting point for the analysis of
the data at t < tei, f to obtain the free parameters tei,i and m (q) in the energy injection regime.

7This number will be implemented for higher values.
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3.6 Extinction and absorption processes

sAGa accounts for possible dust extinction in optical and photoelectric absorption caused in
X-rays.

The typical size of dust grains in ISM is comparable to the frequency of blue light. This
results in a strong absorption and scattering by the dust grains of the blue light coming from
distant objects, making (for an observer on Earth) these objects dimmer (extinction) and redder
(reddening) than they really are. GRB afterglows are subject to optical extinction, which is
caused by the contribution of (1) the Galactic dust along the line of sight (Galactic) and (2)
the dust within the host galaxy (intrinsic). A detailed knowledge of the latter is crucial for (1)
determining the intrinsic luminosity of GRB afterglows from X-ray to near-IR frequencies; (2)
constraining the nature of the GRB progenitors and their environments; and (3) probing the ISM
of high-redshift galaxies and the cosmic star formation history (Li 2007). Nevertheless, dust
extinction in GRB host galaxies is still poorly known; to date there are different extinction curves
that can be assumed to properly model optical afterglow SEDs (e.g. Kann et al. 2006; Li et al.
2008; Stratta et al. 2011; Zonca et al. 2016).

I adopt the extinction curves as parametrised by Pei (1992), modelled using Milky Way
(MW), or the dust models for Small and Large Magellan Clouds (SMC and LMC, respectively),
in order to determine the extinction AV , measured in the V band. The extinction correction is not
applied to the data, but only to the model during fitting and plotting phase.

UV frequencies often are affected by the absorption by neutral hydrogen, from z & 1.
sAGa accounts for this effect through a sight-line-averaged model for the optical depth of the
intergalactic medium (IGM) as described by Madau (1995), to compute the IGM transmission as
a function of wavelength at the redshift of the GRB; this model considers the Lyα absorption
by neutral hydrogen along the line of sight and photoelectric absorption by intervening systems.
This effect is contained in etau_madau library of synphot Python package (STScI development
Team 2018).

Moreover, X-ray frequencies are usually affected by the interstellar photoelectric absorption.
Where the X-ray data are subject to photoelectric absorption, sAGa accounts for this effect
through the related hydrogen-equivalent column density NH (in units of 1022 cm−2), obtained
by a polynomial fit of the effective absorption cross-section per hydrogen atom as a function of
energy in the 0.03–10 keV range assuming a given abundance pattern (Morrison & McCammon
1983).

3.7 Radio interstellar scintillation

Inhomogeneities in the electron density distribution in the Milky Way along the GRB line of
sight scatter the flux at low frequencies (. 10 GHz), causing variations in measured flux density
of the source. This effect, called interstellar scintillation (ISS), is significant when the source size
subtended at the scattering screen is comparable to the size of the inhomogeneities and becomes
negligible as the blastwave expands (Rickett 1990; Goodman 1997; Walker 1998; Goodman &
Narayan 2006; Granot & van der Horst 2014). GRBs display often a similar behaviour in their
radio light-curves (e.i. Goodman 1997; Frail et al. 1997, 2000); these variations occur between
observations on timescales ranging between hours and days.

In the standard (and easy) picture, ISS is assumed to occur at a single “thin screen” at
some intermediate distance dscr, typically ∼ 1 kpc for high Galactic latitudes. The spectrum
of the electron density inhomogeneities in the ISM is described by the Kolmogorov spectrum
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(Armstrong et al. 1995; Cordes & Lazio 2002)

P(q) = C2
Nq−11/3 , (3.15)

where q is the wave-vector and C2
N is a normalisation constant depending on the position of the

inhomogeneity in the Galaxy. The scattering measure SM is defined as the integral of C2
N from

the observer to dscr,

S M =

∫ dscr

0
C2

N(x)dx . (3.16)

S M is measured in units of kpc m−20/3. In the ISS effect on observations of an extra-Galactic
source, the Fresnel scale rF plays a crucial role. It is defined as the transverse separation over
which the phase delay is 1 rad, and is related to dscr and the observing frequency νobs through the
relation (Rickett 1990):

rF = 1.2 × 1011

√
dscr,kpc

νobs,GHz
cm (3.17)

The strength of the scattering is quantified by a dimensionless parameter, defined as (Walker
2001)

ξ = 7.9 × 103SM0.6d0.5
scrν

−1.7
GHz . (3.18)

There are in general two types of ISS: weak and strong scattering. In weak scattering (ξ � 1)
there are only small phase changes over rF due to fluctuations in the density of free electrons
in the medium (usually in the Galactic ISM) between us and the source. The strong scattering
regime (ξ � 1) occurs when the wavefront is highly distorted on scales smaller than rF , resulting
in much larger flux modulations than weak scattering (Granot & van der Horst 2014). Strong
scattering can be divided up into: (i) refractive scintillation, caused by focusing and defocusing of
the wave front by large-scale inhomogeneities, which is a broadband process; and (ii) diffractive
scintillation, caused by interference between rays diffracted by small-scale irregularities in the
interstellar medium, which is modulating the flux over a narrow frequency band (Granot & van
der Horst 2014).

ISS depends strongly on frequency: at high radio frequencies only modest flux variations are
expected, while at low frequencies strong ISS effects are important. The transition frequency
νtrans between strong and weak ISS is defined as the frequency at which ξ = 1 (Goodman 1997):

νtrans = 10.4 SM6/17
−3.5d5/17

scr GHz (3.19)

where SM−3.5 = (SM/10−3.5 m−20/3 kpc). In the strong ISS regime, diffractive scintillation can
produce large flux variations on timescales of minutes to hours but is only coherent across a
bandwidth ∆ν = (ν/νtrans)3.4 (Goodman 1997; Walker 1998). Refractive scintillation is broadband
and varies more slowly, on timescales of hours to days.

In all regimes, ξ decreases with time at all frequencies as the size of the emitting region ex-
pands, with diffractive ISS quenching before refractive ISS. The source expansion also increases
the typical timescale of the variations for both diffractive and refractive ISS (Resmi 2017). In
this complex situation, the contribution of ISS for each regime is defined by the modulation
index mscint, defined as the rms fractional flux density variation. Accurate prescription about
the behaviour of mscint is described in Walker (1998) and Granot & van der Horst (2014): this
prescription is strictly correct only in the asymptotic regimes (ξ � 1 for weak ISS and ξ � 1 for
strong ISS), and allows to analyse ISS only in weak/ strong refractive or weak/strong diffractive
scenario. Another approach for the analysis of ISS is based on a dedicated fitting function that
including both diffractive and refractive contributions (Goodman & Narayan 2006).
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sAGa accounts for this process following a dedicated fitting function that includes both
diffractive and refractive contributions to compute mscint (Goodman & Narayan 2006). The
values of νtrans and SM are estimated through the NE20018 model for the Galactic electron
distribution (Cordes & Lazio 2002). The expected ISS contribution in the model-predicted flux
density Fmodel is defined as:

∆Fscint = mscintFmodel . (3.20)

To take into account the ISS effect in the analysis, I sum ∆Fscint to the uncertainty of flux densities
before to perform the MCMC optimisation (Sect. 3.2); usually this action influences the quality
of the radio data, especially in the C-band (4–8 GHz; e.g. Misra et al. 2019), but it is extremely
useful to reduce the ISS effect in the fit process. Moreover, I use Eq. (3.20) to highlight the ISS
area in the spectra and light-curves produced by sAGa at the end of the analysis.

3.8 Inverse-Compton regime
At high frequencies, synchrotron photons produced in the GRB blastwave can emit inverse-
Compton (IC) radiation, occurring when εB � εe (Blandford & McKee 1976; Rybicki &
Lightman 1979; Panaitescu et al. 1998; Panaitescu & Kumar 2000; Sari & Esin 2001). The
energies involved are very large, and hence the ejecta is in a regime in which the IC cross-section
decreases rapidly; as a result, a photon undergoes only a single scattering.

The contribute of IC emission – in terms of flux density – typically is negligible compared to
synchrotron radiation, but the IC mechanism can influence the cooling for the shock-accelerated
electrons and hence dominate the total cooling rate (e.g. Sari & Esin 2001; Zhang et al. 2007).
The effects of IC depend on the Compton y-parameter y9, defined as

y =
−1 +

√
1 + 4ηεe/εB

2
(3.21)

where η is the fraction of energy that has been radiated away due both to synchrotron and IC
radiation. At early-time, during the fast cooling stage of the GRB afterglow, where most of
the electron energy is lost, η = 1 and IC emission dominates over synchrotron; on the other
hand, during the slow cooling stage at late-time, η decreases (η = (νc/νm)−(p−2)/2) and hence the
synchrotron component begins to dominate over IC scattering component (Sari & Esin 2001).
Moreover, if y < 1, the IC regime can be neglected; otherwise a high-energy component (of the
order of 10 MeV) appears in the spectrum and the cooling timescale is shortened by a factor y
(Sari & Esin 2001; Piran 2004). As in the case of synchrotron emission, since temporal evolution
of the GRB afterglow emission depends on the CBM, IC radiation is different in the case of the
ISM-like and wind-like CBM.

Recently, for the first time TeV emission has been recorded from a couple of bright GRB
afterglows: 190114C (MAGIC Collaboration et al. 2019b) and 180720B (Abdalla et al. 2019).
The SEDs showed a double-peaked shape, with the TeV emission best explained in terms of
inverse Compton up-scattering of synchrotron photons by high-energy electrons.
sAGa accounts for IC cooling by computing the Compton y-parameter from the FS param-

eters10, and hence scaling the spectral break frequencies and flux densities of the synchrotron
spectrum by the appropriate powers of 1 + y (Sari & Esin 2001, L14, GS02).

8http://www.astro.cornell.edu/~cordes/NE2001/
9Note that this equation does not take the Klein–Nishina correction into account (Nakar et al. 2009; Wang et al.

2010; Gao et al. 2013a; Laskar et al. 2018a). This frequency-dependent correction is expected to be important only
at very high frequencies, ν & 1018 Hz at t & 1 d (e.g. Zhang et al. 2007). I therefore do not consider this effect
further in my PhD Thesis.

10At the time of writing, this implementation is still work in progress.

59

http://www.astro.cornell.edu/~cordes/NE2001/


CHAPTER 3 3.9. TEST CASES FOR SAGA

3.9 Test cases for sAGa

sAGa was been tested on broadband data of GRB afterglows. Hereafter, I briefly compare the
sAGa results with what is reported the literature for some well studied GRBs.

3.9.1 GRB 120521C
GRB 120521C was discovered with the Swift/BAT (Barthelmy et al. 2005) on 2012 May 21
at 23:22:07 UT (Baumgartner et al. 2012). This burst is characterised by a duration T90 =

(26.7 ± 0.4) s (Markwardt et al. 2012) and a high redshift (z ≈ 6, L14). The afterglow of
GRB 120521C was observed with several facilities from radio to X-rays (VLA, optical/NIR
telescopes, Swift/XRT) between ∼ 10−3 d to ∼ 200 d after the GRB trigger time, and it is
described in terms of FS emission with jet break and optical extinction.

As reported by L14, data prior to 0.25 d are ignored because the X-ray light-curve displays a
steep decline before ∼ 0.01 d, possibly connected to the high-latitude component of the prompt
emission (e.g. Kumar & Panaitescu 2000), followed by a plateau phase extending up to ∼ 0.25 d,
usually attributed to the energy injection (e.g. Nousek et al. 2006; Zhang et al. 2006). The
broadband analysis of the GRB 120521C data after 0.25 d with sAGa is compared with the
results by L14: in both treatments, an ISM model provides a good fit to the broadband data.
My best-fit model is shown in Fig. 3.1 and the corresponding physical parameters are listed in
Table 3.2.

Several parameters are consistent with those reported by L14 within ∼ 1σ (εe, εB, E52, Av,
t j and θ j), and ∼ 2σ (p). Moreover, using the functional dependence of the micro-physical
parameters (εe, εB, n0, and E52) on the measured break frequencies (νsa, νm, and νc), my micro-
physical parameters are inside the constraints derived by L14: 2.8 × 10−4 . n0/cm−3 = 6.8 ×
10−2 . 27, 2.9 . E52 = 26 . 29, 3.5 × 10−4 . εB = 2.4 × 10−3 . 1/3, 3.4 × 10−2 . εe =

5.4 × 10−2 . 1/3. The self-absorption frequency obtained with sAGa lies below the VLA
frequencies, and is therefore not fully constrained; this conclusion is compatible with L14, who
also constrained this frequency between 1.75 × 108 Hz and 2.7 × 109 Hz, with my value lying in
between (4.5 × 108 Hz).

Finally, I show that the two values of p (Table 3.2) are also compatible with the one inferred
from the optical/X-ray SEDs alone11. In this approach, an empirical power-law fit of the optical/X-
ray SED at ∼ 0.3 d after the explosion yields β = −0.58+0.08

−0.06. At this time the afterglow spectrum
is in slow cooling regime (νm < νc), resulting in β = (1 − p)/2, and hence p = 1 − 2β = 2.16+0.12

−0.16,
compatible with both analyses.

3.9.2 GRB 090423
GRB 090423 was discovered with the Swift/BAT (Barthelmy et al. 2005) on 2009 April 23 at
7:55:19 UT (Krimm et al. 2009). This burst is characterised by a duration T90 = 10.3 ± 1.1 s
(Palmer et al. 2009) and a high redshift (z = 8.26, Salvaterra et al. 2009; Tanvir et al. 2009).
The afterglow of GRB 090423 was observed with several facilities from radio to high-energies
(VLA, CARMA, optical/NIR telescopes, Swift/XRT) between ∼ 10−2 d to ∼ 280 d after the GRB
triggering, and it is described in terms of forward shock, jet break, and optical extinction.

The millimeter data are ignored because they are probably affected by RS radiation (L14).
sAGa results are found to agree with those of L14, obtaining a very good fit with an ISM model.
I followed the same approach as those authors and fixed the power-law index of the electron
energy distribution (p = 2.56, based on their best-fit value); my result obtained is in good

11For further details about this kind of approach see Sect. 4.3.1.
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Table 3.2: Summary statistics from MCMC analysis obtained through the analysis of L14 (first column)
and sAGa (second column) with broadband data (from radio to X-ray frequencies) of GRB 120521C for a
model based on a jetted (sideways-regime) FS emission with optical absorption, in ISM-like CBM. sAGa
makes use of the χ2 test to quantify the goodness of fit. Since L14 do not report any statistic that quantifies
the goodness of the fit, for comparison I report for L14 the χ2

r obtained by fixing the parameter set found
by those authors. All the uncertainties are reported at 68% (1σ).

Parameter Unit L14 sAGa

p - 2.17+0.09
−0.07 2.34 ± 0.07

εe - (4.5+6.7
−2.4) × 10−2 (5.4+1.7

−1.3) × 10−2

εB - (7.0+0.2
−6.0) × 10−3 (2.4+1.3

−1.1) × 10−3

n0 cm−3 (2.0+1.0
−0.7) × 10−3 (6.8+4.4

−2.8) × 10−2

E52 1052 erg (2.2+3.7
−1.4) × 101 (2.6+4.8

−5.9) × 101

Av mag < 0.05 (3.1+2.1
−2.0) × 10−2

t j d 6.8+3.8
−2.4 3.2+2.3

−1.3
θ j deg 3.0+2.3

−1.1 3.2+0.8
−0.6

νm
a Hz 5.5 × 1011 7.6 × 1011

νc
a Hz 1.2 × 1016 7.4 × 1016

νsa
a Hz . 5.0 × 109 4.5 × 108

νac
a Hz - 1.8 × 1010

χ2
r - 1.4 1.1

a Measured at tobs = 1 d.

Figure 3.1: Broadband modelling of GRB 120521C for a FS model with an ISM-like CBM (GS02).
Filled circles indicate detections, and inverted triangles indicate 3σ upper limits. The physical parameters
of the burst derived from the best-fit solution are listed in Table 3.2.
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Table 3.3: Summary statistics from the modelling obtained through the analysis of L14 (first column),
C10 (second column), and sAGa (third and fourth columns) with broadband data (from radio to X-ray
frequencies) of GRB 090423 for a model based on a jetted (sideways-regime) FS emission with optical
absorption, in ISM-like CBM. The uncertainties are reported at 68% (1σ).

Parameter Unit L14 sAGa sAGa

p - 2.56 (fixed) 2.56 (fixed) 2.31+0.17
−0.09

εe - (2.7+2.0
−0.7) × 10−2 (5.1+1.0

−0.8) × 10−2 (3.0+1.0
−0.4) × 10−2

εB - (4.8+9.5
−3.9) × 10−2 (6.7+5.9

−3.1) × 10−3 (2.2+0.8
−1.7) × 10−1

n0 cm−3 (2.5+0.6
−0.3) × 10−5 (0.6+0.8

−0.4) × 10−5 (4.4+6.4
−3.1) × 10−5

E52 1052 erg (3.4+1.1
−1.4) × 102 (1.8 ± 0.4) × 102 (1.3+2.1

−0.6) × 102

Av mag 0.15 ± 0.02 0.11 ± 0.02 (8.8+2.7
−1.9) × 10−2

t j d 14.6+2.7
−2.3 13.5 ± 2.7 7.6+5.5

−1.5
θ j deg 1.5+0.7

−0.3 2.2 ± 0.3 1.3 ± 0.5
νm

a Hz 7.7 × 1012 8.1 × 1012 3.9 × 1012

νc
a Hz 4.5 × 1017 4.9 × 1017 1.3 × 1016

νsa
a Hz . 8.0 × 109 3.0 × 107 1.8 × 108

νac
a Hz - 1.0 × 109 2.3 × 109

χ2
r - 1.2 0.9 1.3

a Measured at tobs = 1 d.

accordance. My best-fit model in ISM-like CBM is shown in Fig. 3.2 and the corresponding
physical parameters are listed in Table 3.3 (third column). Both solutions are consistent with each
other within ∼ 1σ. Moreover, thanks to sAGa I estimated that the non-relativistic regime occurs
at tNR = (5.1+1.7

−1.3) × 104 d since the GRB. Finally, the self-absorption frequency νsa obtained with
sAGa is not fully constrained because it lies below the VLA frequencies, compatibly with L14,
who also constrained this frequency between 6.8× 106 Hz and 3.1× 108 Hz, with my value being
3 × 107 Hz.

The fixed parameter p = 2.56 is also compatible with what inferred from optical/X-ray SEDs
alone. In this approach, the empirical power-law fit of the optical/X-ray SEDs at 0.07 d and
0.7 d implies β = −0.7± 0.2. Since the synchrotron spectrum is in slow cooling regime (νm < νc)
at these epochs, β = (1 − p)/2 (Fig. 2.1), and hence p = 1 − 2β = 2.4 ± 0.4. Therefore, I
analysed the broadband data from GRB 090423 with p as a free parameter, obtaining the results
reported in Table 3.3 (fourth column). Fig. 3.3 shows my best-fit model in ISM-like CBM. Both
solutions are consistent with each other within ∼ 1σ. The non-relativistic regime sets in at
tNR = (1.1±0.3)×105 d after the GRB. Finally, the different value of t j (and θ j) obtained through
this approach is part of a debate about the presence of jetted emission for this GRB: for example,
a previous analysis of GRB 090423 claimed no jet break up to ∼ 45 d (Chandra et al. 2010).

3.9.3 GRB 050904

This GRB was discovered with Swift/BAT on 2005 September 4 at 1:51:44 UT (Cummings et al.
2005) and it is characterised by a high redshift (z = 6.29, Tagliaferri et al. 2005; Haislip et al.
2006; Kawai et al. 2006). Broadband data (at radio, optical and X-ray frequencies) are taken
from the papers of Gou et al. 2007 (hereafter G07) and L14, which describe the GRB afterglow
emission in terms of forward shock, jet break, and optical extinction. I compare my results with
G07 and L14; as in previous studies of this burst (Frail et al. 2006, G07 and L14), I find that
an ISM model works better than a wind one. My best-fit model is shown in Fig. 3.4 and the
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Figure 3.2: Broadband modelling of GRB 090423 for a FS model with an ISM-like CBM (GS02), with
p = 2.56. Filled circles indicate detections, and inverted triangles indicate 3σ upper limits. The physical
parameters of the burst derived from the best-fit solution are listed in Table 3.3 (third column).

Figure 3.3: Broadband modelling of GRB 090423 for a FS model with an ISM-like CBM (GS02), with p
as free parameter. Filled circles indicate detections, and inverted triangles indicate 3σ upper limits. The
physical parameters of the burst derived from the best-fit solution are listed in Table 3.3 (fourth column).
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Table 3.4: Summary statistics from the modelling obtained through the analysis of G07 (first column),
L14 (second column), and sAGa (third column) with broadband data (from radio to X-ray frequencies) of
GRB 050904 for a model based on a jetted (sideways-regime) FS emission with optical absorption, in
ISM-like CBM. All the uncertainties are reported at 68% (1σ).

Parameter Unit G07 L14 sAGa

p - 2.15 ± 0.04 2.07 ± 0.02 2.29 ± 0.03
εe - (3.1+2.5

−1.8) × 10−2 (1.2+1.5
−0.5) × 10−2 (2.5+0.6

−0.5) × 10−2

εB - (2.0+1.9
−1.5) × 10−1 (1.3+2.2

−1.1) × 10−2 (1.3+0.5
−0.2) × 10−3

n0 cm−3 84.4+188.6
−58.4 (6.3 ± 0.1) × 102 (9.5+7.5

−3.8) × 102

E52 1052 erg (2.2+3.1
−0.9) × 101 (1.7+1.2

−1.0) × 102 (3.5+1.1
−0.9) × 101

Av mag 3.4+4.6
−1.6 × 10−2 < 0.05 (7.5+37.6

−5.7 ) × 10−4

t j d 3.2 ± 0.2 1.5+0.2
−0.1 3.6+0.7

−0.4
θ j deg 7.3+3.0

−0.5 6.2+3.3
−1.4 8.2+1.1

−0.9
νm

a Hz - - 3.7 × 1012

νc
a Hz - - 3.5 × 1014

νsa
a Hz - - 7.8 × 1010

νac
a Hz - - 3.4 × 1011

χ2
r - 1.4b(1.02)c 1.4 0.73

a Measured at tobs = 0.1 d.
b Value reported in Gou et al. (2007).
c This value is obtained with sAGa fixing the parameters to those of G07.

corresponding physical parameters are listed in Table 3.4 (third column).
Almost all the parameters obtained with sAGa are consistent with those in the literature

within ∼ 1σ (εe, Av, and θ j) and ∼ 2σ (εB, E52); moreover, I estimated that the non-relativistic
regime occurs at tNR = (4.3+1.1

−0.9) × 102 d after the GRB. The jet break time of t j = 3.6 d inferred
by my analysis is later than different values reported in the literature (t j = 2.6 ± 1 d, Tagliaferri
et al. 2005; t j = 2.63 ± 0.37 d, Kann et al. 2007; Table 3.4), but it is consistent with them within
∼ 2σ.

Finally, my derived value of the p is compatible with the value obtained by G07 within ∼ 2σ,
and apparently incompatible with the value obtained by L14. This value, as reported by G07, is
explainable through the achromatic break interpretation of GRB afterglow light-curves, where
the post-jet-break decay index is predicted to be α = −p (Sect. 2.3); as reported by Tagliaferri
et al. (2005), in the jetted scenario the multiple NIR light-curves of the afterglow after t j are
described by a decay with power-law index α = p = 2.4 ± 0.4, consistent with the values of p
reported in Table 3.4.

3.9.4 Overview of my test results
sAGa has been successfully tested on the broadband data of the afterglows of GRB 120521C,
GRB 090423, and GRB 050904. My results are consistent with those reported in the literature
(especially L14, who make use of a similar approach for the characterisation of the GRB
afterglow) within . 2σ. Moreover, the values of p obtained from my modelling are compatible
with the inferences based on the lines of reasoning based on the observation of the optical/X-ray
SEDs.
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Figure 3.4: Broadband modelling of GRB 050904 for a FS model with an ISM-like CBM (GS02). Filled
circles indicate detections, and inverted triangles indicate 3σ upper limits. The physical parameters of the
burst derived from the best-fit solution are listed in Table 3.4.
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Chapter 4

Broadband modelling of the afterglow of
GRB 160131A

The standard model of the GRB afterglow and the capabilities of sAGa (Chapter 3) are tested
in the case of GRB 160131A, a long GRB observed through deep followup campaigns from
radio all the way up X-rays. Multi-frequency light-curves show the signature of energy injection,
and jetted emission. The rich radio data set acquired with VLA for this source is remarkably
challenging: the radio light-curves are affected by several peaks, maybe suggestive of either
interstellar scintillation (ISS) effects or multi-component structure. Here I present preliminary
results, which will be the subject of a dedicated paper.
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4.1 Introduction
GRB 160131A is a very long-GRB (T90 = 328 s)1, with an estimated isotropic-equivalent
Eγ,iso = 8.3 × 1053 erg in the 0.02 − 15 MeV range (Tsvetkova et al. 2016) at a redshift
z = 0.972 (Malesani et al. 2016; de Ugarte Postigo et al. 2016). Prompt gamma-ray polarimetric
measurements in the 100−300 keV band showed that GRB 160131A is possibly highly polarised
(94 ± 33 %, although the confidence level is < 3σ, Chattopadhyay et al. 2019). This suggests
that the GRB is due to synchrotron emission within a time-dependent, ordered magnetic field
(Nakar et al. 2003; Granot & Königl 2003; Waxman 2003), with an initial bulk Lorentz factor of
Γ0 = 460 ± 50 and jet opening angle of θ j = 3+3

−1.8
◦ (Chattopadhyay et al. 2019).

Optical analysis of a sample of 119 GRB afterglow light-curves (Mazaeva et al. 2018) shows
that GRB 160131A is characterised by deviations (inhomogeneities) from broken power-law,
called wiggles2, of the early GRB afterglow at early-time (. 0.5 d since GRB trigger). Optical
and X-ray light-curves are characterised by a plateau between ∼ 0.1 d and ∼ 0.8 d (Fig. 4.3),
suggestive of energy injection as a possible explanation (Sect. 4.5.1). Moreover, they show a
steep decay following the plateau (∼ 0.8 d) that calls for a jet break; an independent analysis
suggests a jet-break at 1.2 ± 0.3 d (Mazaeva et al. 2018).

Radio light-curves and SEDs are crucial to constrain (1) the synchrotron characteristic
frequencies (Sect. 4.3.1 and 4.3.4), and (2) the jetted emission (Sect. 4.3.3). On the other hand,
radio data from 0.6 to 37 GHz are a conundrum for this source because SEDs and light-curves
(Sect. 4.3.2) are affected by several peaks, possibly due to either interstellar scintillation (ISS)
effects in the ISM of the Milky Way or multi-component structure. Moreover, there is no
signature of energy injection in the form of a plateau in radio data because of the absence of data
prior to 0.8 d.

Here I present multi-frequency observations of GRB 160131A spanning from ∼ 430 s to
∼ 163 d since the burst at 26 frequencies from 6× 108 to 7× 1017 Hz. I start loosely constraining
the nature of the circumburst environment and the behaviour of the characteristic frequencies
of the synchrotron emission, using optical and X-rays. I then test the compatibility of the radio
data set with the information inferred from the preliminary analysis of optical and X-ray data
within the context of the broadband afterglow model. Finally, I fit the entire multiwavelength
data set simultaneously to come up with an exhaustive and self-consistent description of the
microphysics, geometry, and dynamics of the afterglow.

4.2 Broadband followup campaigns
GRB 160131A was discovered with the Swift/BAT on January 16 at 08:20:31 UT, 2016 (Page &
Barthelmy 2016) at α = 5h12m44s, δ = −7◦04′02′′ with an uncertainty of 3 arcmin (radius, 90%
containment, including systematic uncertainty).

4.2.1 X–ray followup
Swift/XRT observed the region of GRB 160131A in photon counting mode from 69.7 s to 9.25 d
after the BAT trigger (Page & Barthelmy 2016). XRT found a bright, uncatalogued X-ray source
located at α = 5h12m40.32s, δ = −7◦02′59.4′′ (J2000), with an uncertainty of 1.4 arcsec (radius,
90% containment)3. The specific Swift online repository pipeline4 shows that the spectrum of

1https://swift.gsfc.nasa.gov/results/batgrbcat/GRB160131A/web/GRB160131A.html
2A wiggle consists in wave-like variations with transition from positive to negative (and vice versa) residuals.
3https://www.swift.ac.uk/xrt_positions/00672236/
4https://www.swift.ac.uk/xrt_spectra/00672236/
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GRB 160131A is well fitted by a highly absorbed power law with photon index ΓX = 1.98 ± 0.06
and intrinsic hydrogen column NH,int = (4.0+0.9

−0.8) × 1021 cm−2, which is significantly in excess
of the Galactic column NH,Gal = 1.15 × 1021 cm−2 in the direction of GRB 160131A. From this
repository I use ΓX and the unabsorbed counts-to-flux conversion rate (4.81 × 10−11 erg cm−2

ct−1) to convert the 0.3− 10 keV count rate light-curve to flux density at 2.75 keV for subsequent
analysis.

4.2.2 Optical followup

The UltraViolet and Optical Telescope (UVOT; Roming et al. 2005) onboard Swift observed
the region of GRB 160131A from 78 s to ∼ 6 d after the BAT trigger. UVOT found a source
located at α = 5h12m40.34s, δ = −7◦02′59.1′′, with an uncertainty of 0.61 arcsec (radius, 90%
containment). This position is 7.5 arcsec from the center of the XRT error circle. I analyse
the UV band data using heasoft (v. 6.22)5, the dedicated software package for optical/X-ray
astronomical spectral, timing, and imaging data analysis.

In visible band, GRB 160131A was observed for the first time with the 2-m Faulkes Telescope
North (FTN), which is operated by Las Cumbres Observatory Global Network (LCOGT; Brown
et al. 2013), on January 31 at 09:37 UT (∼ 77 minutes after the GRB trigger) with Y and
Z filters, detecting the afterglow (Page & Barthelmy 2016) at the position α = 5h12m41.5s,
δ = −7◦03′09.81′′ (Guidorzi et al. 2016). Observations in visible frequencies continued until
∼ 7 d after the GRB trigger (Mazaeva et al. 2016). Bias and flat-field corrections were applied
using the specific LCOGT pipeline (Brown et al. 2013).

I also collected all optical photometry for this event published in GCN circulars (Sect. 1.1)6.
In my analysis all magnitudes are already corrected for Galactic extinction along the line of
sight7.

4.2.3 Radio followup with VLA

VLA followup observations were carried out from February 1, 2016 to May 27, 2016, i.e. from
∼ 1 to ∼ 117 d post explosion (Sect. 4.2.2) under Proposal VLA/15A-235 (PI: Berger). Data
were taken in five spectral windows at C-band (with baseband central frequency of 6 GHz),
X-band (10 GHz), Ku-band (15 GHz), K-band (22.25 GHz), and Ka-band (33.25 GHz), with
a nominal bandwidth of ∼ 0.4 GHz. 3C48 and J0522+0113 were used as flux/bandpass and
phase/amplitude calibrators, respectively. To eventually observe multi-component behaviour in
radio data, we split each radio band in eight parts, from 4.6 to 37.4 GHz, resulting in ∼ 300 VLA
flux densities. The Common Astronomy Software Application (casa, v. 5.1.1-4, McMullin et al.
2007)8 was used to calibrate, flag and image the data. Images were formed from the visibility
data using the CLEAN algorithm (Högbom 1974). The image size was set to (240 × 240) pixels,
the pixel size was determined as 1/5 of the nominal beam width and the images were cleaned
using natural weighting. The upper limits on the flux densities were calculated at a 3σ confidence
level.

5https://heasarc.gsfc.nasa.gov/lheasoft/download.html
6https://gcn.gsfc.nasa.gov/gcn/gcn3_archive.html
7I assumed these extinctions (Schlafly & Finkbeiner 2011): Aλ = 0.471 mag for U-band, Aλ = 0.394 mag for

B-band, Aλ = 0.298 mag for V-band, Aλ = 0.359 mag for g-band, Aλ = 0.248 mag for r-band, Aλ = 0.184 mag for
i-band, Aλ = 0.137 mag for z-band.

8https://casa.nrao.edu/
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Figure 4.1: GRB 160131A light-curves from radio to X-rays. Yellow shaded areas show the time intervals
(centred to 0.8 d, 1.7 d, 2.7 d, and 5.8 d) where SEDs have been empirically analysed. Filled circles
indicate detections, and inverted triangles indicate 3σ upper limits.

4.3 Characterisation of the afterglow

First of all, I analyse the broadband observations in the context of synchrotron emission arising
from relativistic shocks (Sect. 2.2), following the standard afterglow model of GS02.

I analysed the spectral evolution for the time-intervals displayed in Fig. 4.1, looking for a
connection between radio on one side and optical and X-rays on the other side. To this aim, I
linearly interpolated data (Fig. 4.2, red points) at four epochs (0.8 d, 1.7 d, 2.7 d, and 5.8 d);
the high-energy side of the SEDs (Fig. 4.2) is well fitted by a power law with a mean value of
β = −1.09 ± 0.06 (obtained neglecting the data in the range 1015 − 1016 Hz, heavily affected by
dust extinction), corresponding to a photon index Γ = 1 − β = 2.09 ± 0.06, compatible with ΓX

obtained from XRT data (Sect. 4.2.1). This constrains the behaviour of the break frequencies
(especially νc and νm), as well as the possible jet break, the time evolution of the blastwave, and
the kind of environment (ISM vs. wind).

4.3.1 Synchrotron (νm), cooling (νc) frequencies and circumburst density
profile

The optical and X-ray fluxes decay with temporal index α ∼ −1.25 up to ∼ 0.1 d, followed by a
plateau in the temporal range ∼ 0.1 – 0.8 d (α ∼ −0.7), suggesting energy injection (Fig. 4.3).
After the plateau the flux decay steepens to α ∼ −1.8 and can be interpreted in terms of a jet
break.

According to the standard afterglow model, the spectral index inferred from multi-epoch
SEDs from optical to X-rays (β = −1.09) suggests that νm and νc must lie in the same spectral
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Figure 4.2: Broadband SEDs of GRB 160131A at 0.8 d (top left), 1.7 d (top right), 2.7 d (bottom left),
and 5.8 d (bottom right). Blue (red) points are measured (linearly interpolated) data. These SEDs display
radio peaks (at 0.8 d, 1.7 d, and 5.8 d) and optical absorption (especially at 0.8 d). Filled circles indicate
detections, and inverted triangles indicate 3σ upper limits.

Figure 4.3: Light-curves for GRB 160131A of visible and X-ray data modelled with double broken
power-law (Eq. 4.3).
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regime either below or above the optical/X-ray frequencies νopt,X at the first epoch of observations
(0.005 d). In particular, with the help of Fig. 2.1:

Fast cooling regime. νopt,X < νc < νm is incompatible with this regime because the optical/X-
ray spectra are expected to show only positive values of β (1/3 . β . 2 for any possible
spectrum, Fig. 2.1). Moreover, νc < νopt,X < νm is incompatible with this regime because
the optical/X-ray spectra are expected to show β ∼ −0.5 (Fig. 2.1) instead the observed
β = −1.09. Finally, νc < νm < νopt,X case is compatible with fast cooling regime, because,
following the indices α and β calculated for different spectral regimes in GS02, it requires
an electron energy index p = −2β ∼ 2.18 and a decay rate α = (2 − 3p)/4 ∼ −1.14
(regardless of the CBM), compatible with α ∼ −1.25 of multi-frequency light-curves from
optical to X-ray band; this suggests that νm is just below optical frequencies at 0.005 d.

Slow cooling regime. νopt,X < νm < νc is incompatible with this regime because the optical/X-
ray spectra are expected to show only positive values of β (1/3 . β . 2 for any possible
spectrum, Fig. 2.1). Moreover, νm < νopt,X < νc is incompatible with this regime, because it
requires p = 1−2β ∼ 3.18 and α ∼ −1.64 for an ISM-like CBM (α ∼ −2.14 for a wind-like
CBM), too steep for real light-curves (GS02). Finally, νm < νc < νopt,X case is compatible
with slow cooling regime, because it requires p = −2β ∼ 2.18 and α = (2− 3p)/4 ∼ −1.14
(the same regime of fast cooling case), suggesting that νm is well below optical frequencies
at 0.005 d.

This picture constrains νm and νc below νopt = 3 × 1014 Hz at 0.005 d. Moreover, the absence
of any break in these light-curves until ∼ 0.1 d (after which energy injection and jet break occur)
suggests a decreasing behaviour of νc, thus favouring an ISM-like CBM over wind-like CBM in
the standard afterglow model (GS02, Sect. 2.2, and Fig. 2.1).

Knowing an upper limit and the temporal scaling for νm (t−3/2, from theory), I constrain νm as
follows: the passage of νm in Ku-band is expected at tobs < 2.1 d, in K-band at tobs < 2.8 d, in
Ka-band at tobs < 3.6 d, in X-band at tobs < 4.7 d, and in C-band at tobs < 6.7 d. The same line of
reasoning can be applied to νc: using νc ∝ t−1/2 (for ISM-like CBM, GS02), νc is expected to
cross the radio bands at late-time (Ku-band at tobs > 4× 105 d), and hence virtually unobservable.

Summing up, (1) the CBM is preferably described by ISM, (2) the transition between fast
and slow cooling regime is not constrained by optical/X-ray observations, (3) p ∼ 2.18, and
(4) both νm and νc lie below νopt = 3 × 1014 Hz already at tobs = 0.005 d. Nevertheless, a more
precise identification of the break frequencies requires a self-consistent broadband modelling as
in Section 4.5.

4.3.2 Radio data analysis
To corroborate the analysis at optical/X-ray frequencies, I analyse both the radio SED at each
epoch from 0.8 d to 117 d and the light-curves at each VLA frequency from 4.6 GHz to 37.4 GHz.

This analysis was initially done by fitting data adopting empirical functions for both SEDs
and light-curves. I assumed three kind of empirical functions:

• Single power-law:

Fx = F0

(
x
x0

)γ
(4.1)

where F0 is the flux density at the reference parameter x, corresponding to the frequency
ν0 (I fixed ν0 = 1 GHz) for SEDs and the epoch t0 (I fixed t0 = 1 d) for the light-curves,
and γ is the slope index, corresponding to the spectral index β for SEDs and the decay
index α for the light-curves.
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• Broken power-law:

Fx = Fb

[
1
2

(
x
xb

)−sγ1

+
1
2

(
x
xb

)−sγ2
]−1/s

(4.2)

where Fb is the flux density at the reference break parameter xb, corresponding to the break
frequency νb for SEDs and the break time tb for the light-curves, s is the sharpness factor
(I fixed s = 5), γ1 and γ2 are the slope indices before and after xb, corresponding to the
spectral index β for SEDs and the decay index α for the light-curves.

• Double broken power-law:

Fx = Fb,1

[
1
2

(
x

xb,1

)−sγ1

+
1
2

(
x

xb,1

)−sγ2
]−s−1

×

×
1 +

(
x

xb,2

)−w(γ2−γ3)
−w−1 (4.3)

where Fb,1 = F(xb,1), s and w are the sharpness factors (I fixed s = w = 5); γ1, γ2 and
γ3 are the slope indices among the break parameters xb,1 and xb,2, corresponding to the
spectral index β for SEDs and the decay index α for the light-curves.

Radio SEDs

One of the most impressive features in radio SEDs is the presence of spectral bumps or peaks at
several epochs (Fig. 4.4, red circles). The large uncertainties on flux densities both in C-band
and at late-time (from 25 to 117 d) do not allow to analyse the late-time SEDs and low frequency
(νobs . 8 GHz) light-curves. The simplest interpretation one would come up with is the presence
of RS at radio frequencies in addition to a FS. Since the RS emission is expected to peak at
lower frequencies than the FS and the RS spectrum is expected to cut off steeply above the RS
cooling frequency (Kobayashi & Sari 2000), the peak at low frequency could be more naturally
compatible with RS emission. I will touch on this aspect in Section 4.5. I preliminarily analysed
radio SEDs ignoring the peaks with single power-law or broken power-law, to compare the
resulting spectral indices with those expected from the synchrotron emission of GRB afterglows
(GS02, Table 2.1 and Fig. 2.1).

• 0.8 d radio SED. This SED shows a peak at ∼ 9 GHz (Fig. 4.4, top left). Neglecting this
peak, this SED is described by a broken power-law (Eq. 4.2; Table 4.1). The constraints
on νm described in Sect. 4.3.1 suggest that for this epoch νm . 150 GHz; the values of β
suggest that νsa crossed the radio band in slow cooling regime (scenario 1, νsa < νm < νc,
GS02). Unfortunately, the presence of the extra-component peaking at ∼ 9 GHz prevents
me from better constraining νsa.

• 2.7 d radio SED. This SED is characterised by a peak at ∼ 25 GHz (Fig. 4.4, top right). I
fitted this SED with a broken power-law (Eq. 4.2; Fig. 4.4, middle right; Table 4.1). The
constraints described in Sect. 4.3.1 suggest that for this epoch νm . 22 GHz. This SED
seems to be compatible with slow cooling regime (scenario 1, νsa < νm < νc, GS02): β2 is
steeper than 1/3 for this regime, suggesting probably the proximity of νb ∼ νm with νsa.

• 12.7 d radio SED. This SED shows two peaks at ∼ 6 and ∼ 9 GHz, and after 10 GHz
the flux density decreases over the frequency, suggesting the passage of a synchrotron
break frequency between 6 and 13 GHz. Ignoring these peaks (Fig. 4.4, middle right)
the SED can be described with a broken power-law (Eq. 4.2; Table 4.1). Since at this
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Figure 4.4: Radio SEDs of GRB 160131A from 0.8 to 12.7 d. Top left: data together with a broken
power-law (Eq. 4.2) at 0.8 d; red points identify the bump and were ignored by the fit. Top right: radio
SED at 2.8 d fitted with a broken power-law. Middle left: data together with an empirical single power-law
(Eq. 4.1) at 5.8 d; red points identify the bump ∼ 8 GHz and were ignored by the fit. Middle right: radio
SED at 12.7 d fitted with a broken power-law. Green dashed lines show the resulting modelling. Bottom:
radio data at 1.7 d together with a sum (red dashed line) between a single power-law (dotted line) and
a broken power-law (dashdot line); these points were ignored in sAGa analysis. Filled circles indicate
detections, and inverted triangles indicate 3σ upper limits; moreover
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Table 4.1: Parameters for empirical fits to radio SEDs of GRB 160131A from 0.8 to 12.7 days after the
GRB trigger. “pl” indicates a single power-law model (Eq. 4.1) and “bpl” indicates a broken power-
law model (Eq. 4.2). νb indicates the break frequency corresponding to the flux density Fb, β1,bpl and
β2,bpl indicate the spectral indices for broken power-law, and βpl indicates the spectral index for a single
power-law. χ2

r indicates the reduced chi-squared of the best-fit model.

Parameter 0.8 d 1.7 d 2.8 d 5.8 d 12.7 d

Model bpl pl + bpl bpl pl bpl
νb

a 8.96 ± 0.04 8.4 ± 0.4 23.1 ± 0.2 - 6.40 ± 0.03
Fb

b 0.32 ± 0.02 0.9 ± 0.2 0.85 ± 0.10 - 0.28 ± 0.01
βpl - −5.6 ± 0.5 - 0.82 ± 0.07 -
β1,bpl 2.2 ± 0.4 15.6 ± 1.8 1.12 ± 0.03 - 2.35 ± 0.82
β2,bpl 0.50 ± 0.05 −4.1 ± 0.4 −0.75 ± 0.11 - −0.52 ± 0.07
χ2

r 1.04 0.97 1.13 1.02 1.07
a In units of GHz.
b In units of mJy.

epoch it is νm . 2.3 GHz (Sect. 4.3.1), this behaviour is compatible with slow cooling
regime (scenario 2, νm < νsa < νc, GS02), where νsa = νb ranges between β1 = 2.5 and
β2 = (1 − p)/2 (suggesting p = 2.04 ± 0.14).

For completeness, I also describe the radio SEDs at 5.8 d (Fig. 4.4, middle left) and 1.7 d
(Fig. 4.4, bottom), whose behaviour is not ascribable to simple forward shock emission.

• 5.8 d radio SED. This SED shows a strong peak at ∼ 7 GHz, and a faint peak at ∼ 10 GHz
(Fig. 4.4, middle left). Ignoring these peaks, the radio SED is described by a power-law
(Eq. 4.1; Fig. 4.4, bottom left; Table 4.1). For this epoch νm . 7.3 GHz (Sect. 4.3.1),
suggesting slow cooling regime; nevertheless, the value of β is incompatible with regimes
described in the standard afterglow model (GS02). I discuss this behaviour in Sect. 4.5.

• 1.7 d radio SED. I describe this SED (Fig. 4.4, bottom) by means of a combination
of single and broken power-laws. The single power-law component at low-frequencies
(. 5 GHz) is characterised by a spectral index β = −5.6 ± 0.5, whereas the peak is well
constrained by a broken power-law, with parameters for empirical fit showed in Table 4.1.
As opposed to the other SEDs, the absence of data at high frequencies in this SED does
not enable to obtain further information about the afterglow. I describe in Sect. 4.5.4 the
possible interpretation ascribable to RS emission for this radio SED.

Summing up, (1) the radio SEDs suggest that the slow cooling regime occurs at t . 0.8 d,
and (2) the 12.7 d radio SED shows that νsa ∼ 6.4 GHz at this epoch. The 5.8 d and 1.7 d radio
SEDs show behaviours incompatible with standard GRB afterglow model; I delve further into
them in Sect. 4.5.

Radio light-curves

I analysed the radio light-curves ignoring the data corresponding to the peaks described in the
previous sections, in an attempt to explain the continuum in terms of FS, under the assumptions
that the peaks are additional components.
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• Light-curves in the range 4 − 8 GHz. These light-curves are characterised by high
variability, probably caused by strong ISS (Sect. 3.7), and consequently the rise and
decline rates are not well constrained.

• Light-curves in the range 8 − 14 GHz. These light-curves exhibit decreasing power-law,
with a temporal index α that decreases from ∼ −0.6 to ∼ −0.8. In particular, the light-curve
at 8.93 GHz can be fit with a simple power-law (Eq. 4.1) with α = −0.61 ± 0.02 (Fig. 4.5,
top left). The same analysis for the light-curve at 11.4 GHz results in α = −0.69 ± 0.05
(Fig. 4.5, top right). In agreement with what inferred from the high-energy data analysis
(Sect. 4.3.1), this regime suggests that νc crosses these frequencies at t & 45 d and the
passage of νm occurs at t . 3 d (Sect. 2.2.1, Fig. 2.2, Sari et al. 1998).

• Light-curves in the range 14 − 24.6 GHz. The identification of νb ∼ 23 GHz with νm

observed in the SED at tobs = 2.8 d (Fig. 4.4 and Table 4.1) indicates that the light-curve at
νobs ∼ νb would peak at tobs. This behaviour was observed in the light-curve at 24.6 GHz
(Fig. 4.5, middle left); broken power-law (Eq. 4.2) shows a peak at 3.0 ± 0.5 d (with flux
density 0.87 ± 0.05 mJy) with temporal indices α1 = 0.48 ± 0.05 and α2 = −1.16 ± 0.30
(compatible with α2 = −1.25 of optical/X-ray light-curves), perfectly compatible with the
passage of νm in the light-curves of standard afterglow model (Sect. 2.2.1, Fig. 2.2, Sari
et al. 1998). The light-curves in the range 14 − 24.6 GHz are already characterised by
a bump at the same epoch (2.5 − 3.5 d), but the sparseness of the radio data around this
epoch results in a strong degeneracy about the exact position of this peak (e.g., Fig. 4.5,
middle left). The decreasing temporal indices evolve from ∼ −0.8 at 14 GHz to ∼ −1.2 at
24 GHz, suggesting that νc crosses these observing frequencies above ∼ 120 d, and the
passage of νm at these observing frequencies is very close to 3 d (Sect. 2.2.1, Fig. 2.2, Sari
et al. 1998).

• Light-curves above 24.6 GHz. These light-curves show a steep decay of the flux densities
at tb ranging between ∼ 3 and ∼ 5 d, compatible with jet break; in this regime, −0.07 .
α1 . 0.1 and −2 . α2 . −1.6. For example, the light-curve at 30.4 GHz (Fig. 4.5, bottom
left) shows a broken power-law (Eq. 4.2) with a peak at 4.5 ± 0.2 d (and flux density
0.71 ± 0.12 mJy) between α1 = 0.07 ± 0.05 and α2 = −1.95 ± 0.35; another light-curve at
37.1 GHz (Fig. 4.5, bottom) shows a broken power-law (Eq. 4.2) with a peak at 4.25±0.2 d
(and flux density 0.7 ± 0.1 mJy) between α1 = −0.05 ± 0.02 and α2 = −1.6 ± 0.4.

Summing up, these radio light-curves suggest that (1) νc and νm cross the radio band at
t & 120 d t ∼ 3 d, respectively, and (2) a steep decay of the flux densities, compatible with jet
break, occurs at tb ranging between ∼ 3 and ∼ 5 d.

4.3.3 Jet break
In the standard afterglow model, a jet break arises at the time t j when the bulk Lorentz factor
Γ decreases below the inverse opening angle of the jet θ−1

j and its edges become visible by an
observer (Section 2.3).

Once νm has crossed the observing frequency, the flux density decays steeply following a
jet break. In this regime, the steepening in the radio light-curves is expected to follow that
of the steepening in the X-ray and optical light-curves, depending on the time it takes for νm

to pass through the radio frequencies (Laskar et al. 2015). This behaviour is compatible with
the passage of νm at ∼ 23 GHz in the SED at 2.8 d (Sect. 4.3.2); the radio light-curves above
this frequency, and after ∼ 3 − 5 d, decline increasingly steeply (α ∼ −1.8, compatible with
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Figure 4.5: Radio light-curves of GRB 160131A in the range 9 − 37 GHz. 8.93 GHz (top left) and
11.4 GHz (top right) fitted with single power-law (Eq. 4.1); the other light-curves (24.6 GHz, middle left;
30.4 GHz, middle right; 37.1 GHz, bottom) are fitted with broken power-law (Eq. 4.2). Blue filled circles
indicate detections, and inverted triangles indicate 3σ upper limits; red circles indicate the ignored points
corresponding to the peaks observed in radio SEDs (Fig. 4.4), and green lines show the resulting model.
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optical/X-ray light-curves), resulting in an achromatic break for the jetted emission (Sects. 4.3.2
and 2.3). At t = t j ∼ 1 d, as inferred from optical/X-ray light-curves, νm lies close to ∼ 1011 GHz,
that is well below optical and X-rays: this is consistent with the steep decline observed around
the same epoch in these bands.

In conclusion, an achromatic break in the X-ray and optical light-curves occurs at t j ∼ 1 d;
the addition of radio light-curves with achromatic break signatures suggests νm ∼ 23 GHz at
∼ 3 d after the GRB explosion.

4.3.4 Self-absorption frequency (νsa)

Typically, at ν < 10 GHz information on νsa can be inferred. In this analysis, radio SEDs between
5 to 10 GHz (in the temporal range 0.8–12.7 d) suggest that νsa ∼ 7 GHz until ∼ 13 d, when νsa

begins to decrease with time. This behaviour (Sect. 4.3.2) favours ISM over wind. Nevertheless,
the uncertainties on flux density in the SEDs at ν < 5 GHz inevitably affects the determination of
νsa.

4.4 Broadband modelling
Once I estimated the main spectral features (breaking frequencies and jet break time) of the
GRB afterglow, I model it using the smoothly connected power-law synchrotron spectra for the
FS in ISM as described by GS02. Synchrotron radiation from relativistic shocks expanding
adiabatically results in spectra where the peaks move to lower frequencies and fade with time
(Sari et al. 1998). I compute the break frequencies and normalisations using the micro-physics
parameters: the electron energy distribution index (p), the kinetic energy of the explosion (EK,iso),
the CBM density (n0), the fractions of the dissipated energy that go to relativistic electrons (εe)
and magnetic fields (εB). I also use the optical extinction in the host galaxy (AV) and the UV
absorption by neutral hydrogen (Sect. 3.6), the IC regime by computing the Compton y-parameter
from the FS parameters (Sect. 3.8), the energy injection (with q and m parameters, Sect. 3.5), the
jet break t j in uniform jet regime (Sect. 2.3), the effect of non-relativistic ejecta (tNR, Eq. 2.13),
and the ISS effect (Sect. 3.7).
sAGa (Chapter 3) is built upon the formalism described above. As described in Sect. 3.2,

I adopted uniform and Jeffreys priors for the parameters, adopting the following intervals:
1.5 ≤ p ≤ 3.5 (GS02), 10−3 ≤ n0 ≤ 102, 10−2 ≤ Ek,iso,52 ≤ 103, 0 ≤ Av ≤ 10, and 0 ≤ m ≤ 3;
moreover, I set up 10−4 ≤ εe ≤ 1/3 and 10−4 ≤ εB ≤ 1/3 (Santana et al. 2014), with the upper
limits (1/3) set by the equipartition of the post-shock energy density of the emitting material
between relativistic electrons and magnetic fields. I adopted as starting points: p = 2.2, εB = 0.01,
n0 = 1 cm−3, Ek,iso,52 = 50, Av = 0.1, t j = 1 d, and m = 0.2. Moreover, according to a method
to constrain εe through the identification of the radio peaks (observed in the radio light-curves)
connected with the passage of νm (Beniamini & van der Horst 2017), I used the peak (with a flux
density F ∼ 0.9 mJy) observed in the 24.6 GHz light-curve at tobs ∼ 3 d (Sect. 4.3.2) to estimate
εe ∼ 0.1 as a starting point.

4.4.1 Preliminary results for GRB 160131A

The radio peaks and bumps described above are responsible for the failure of sAGa to model
self-consistently the entire multi-frequency data set. The complexity of the problem imposes
an iterative analysis (visible, optical, optical/X-ray, optical/X-ray/radio) in order to explore the
physical characteristics of the afterglow of GRB 160131A. I considered in this analysis a jetted
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Figure 4.6: Broadband modelling (from optical to X-ray frequencies) of GRB 160131A for a FS model
with a ISM-like CBM (GS02); I considered in this analysis a jetted emission with optical absorption and
energy injection. Filled circles indicate detections, and triangles indicate upper limits. For completeness I
include the radio data, although they were not modelled.

(edge-regime) FS emission with optical absorption and energy injection, in ISM-like CBM. The
modelling ignored the data at t < 4 × 10−3 d, when the prompt emission was not over yet.

From optical to X-ray frequencies

Preliminary results of the iterative process of modelling from 3 × 1014 to 6.6 × 1017 Hz are
reported in Table 4.2 (in the first three columns) and the broadband light-curve (for optical/X-ray
bands) is displayed in Fig. 4.6.

Preliminary results (Table 4.2) show that p changes as long as additional data taken at
different frequencies are included. Moreover, the spectrum is in fast cooling until ∼ 0.05 d and
the non-relativistic regime occurs at ∼ 200 d; the Compton y-parameter is 0.02, indicating that
cooling due to IC scattering (Sect. 3.8) is negligible.

As can be seen from Fig. 4.7, sAGa also estimates the behaviour of the synchrotron break
frequency over time. With reference to the lines of reasoning argued in Sect. 4.3.1 (β = −1.09
inferred from optical/X-ray SEDs suggests that νm and νc must lie in the same spectral regime
below the optical/X-ray frequencies νopt,X at the first epoch of observations t = 0.005 d), the
temporal evolution of νc and νm are in accordance with sAGa results. On the other hand, with
reference to what was argued in Sect. 4.3.4 (radio SEDs suggest that νsa ∼ 7 GHz until ∼ 13 d),
the temporal evolution of νsa showed in Fig. 4.7 is incompatible with sAGa results (νsa ∼ 80 GHz
at t ∼ 13 d), caused by the lack of radio data in this analysis.

Fig. 4.6 shows also the radio data (not include in this analysis), that do not match the
high-energy sample. I show and discuss these challenging data in the next section.
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Table 4.2: Summary statistics from MCMC preliminary analysis obtained with sAGa applied to the
radio and X-ray data of GRB 160131A for a model based on a jetted (edge-regime) FS emission with
optical absorption and energy injection, in ISM-like CBM. ttrans,51 and ttrans,12 indicate the transition time
between FS spectral regimes (5 → 1 and 1 → 2, respectively) as described in GS02; χ2

r indicates the
reduced chi-squared of the best-fit model.

Parameter Visible Optical Optical/X-ray Radio/optical/X-ray

p 2.27 ± 0.08 2.26+0.07
−0.06 2.08+0.04

−0.03 2.011+0.003
−0.002

εe (6.5+1.9
−1.7) × 10−3 (1.1+0.5

−0.3) × 10−2 (2.3+1.8
−1.1) × 10−2 (2.8+0.4

−0.6) × 10−1

εB (1.0+1.2
−1.0) × 10−1 (9.9+12.8

−7.7 ) × 10−2 (1.9+1.0
−1.4) × 10−1 (1.3+0.3

−0.7) × 10−3

n0
a 5.0+25.3

−4.2 (1.3+3.7
−1.1) × 10 (4.1+4.1

−3.2) × 10 (1.2+0.3
−0.2) × 10

E52
b (8.6+3.1

−2.6) × 10 (4.1+1.9
−1.3) × 10 (4.0+3.2

−1.8) × 10 (1.1 ± 0.2) × 10
Av

c (6.1+7.4
−4.0) × 10−2 (4.1+3.4

−2.3) × 10−2 (7.1+5.0
−3.8) × 10−2 1.2+0.5

−0.2 × 10−2

t j
d 0.94+0.24

−0.11 0.93+0.19
−0.10 0.88+0.16

−0.06 1.15+0.16
−0.13

θ j
e 5.0+1.2

−1.1 6.1 ± 1.2 6.7+1.3
−1.2 7.7+0.7

−0.5
tb,0

d (1.98+0.02
−0.04) × 10−1 (1.98+0.01

−0.03) × 10−1 0.17 ± 0.02 0.18+0.01
−0.03

m 0.30 ± 0.01 0.27 ± 0.01 0.27 ± 0.02 (1.05+0.09
−0.04) × 10−2

νm
f 3.3 × 1011 4.5 × 1011 5.1 × 1011 5.7 × 1010

νc
f 4.0 × 1012 2.3 × 1012 1.3 × 1011 3.6 × 1015

νsa
f 3.4 × 1011 4.2 × 1011 4.1 × 1011 6.3 × 1010

νac
f 2.3 × 1012 1.5 × 1012 2.4 × 1012 5.0 × 1012

ttrans,51
d 1.5 × 10−2 4.8 × 10−2 0.3 3.6 × 10−6

ttrans,12
d 0.6 0.98 0.4 0.5

χ2
r 1.3 1.15 0.8 2.0

a In units of cm−3.
b In units of 1052 erg.
c In units of mag.
d In units of days.
e In units of deg.
f In units of Hz at tobs = 1 d.
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Figure 4.7: Temporal evolution of the synchrotron break frequencies for afterglow emission of
GRB 160131A, based on analysis of optical data (Table 4.2, second column). I considered in this
analysis a jetted (edge-regime) FS emission with optical absorption and energy injection, in ISM-like
CBM. As seen in Sect. 2.2, the self-absorption frequency produced by noncooled electrons νac makes
sense only in fast-cooling regime (. 0.05 d).

From radio to X-ray frequencies

I move on and include the radio data set from 1.28 to 92.5 GHz, yet ignoring the data points
affected by the bumps. I also considered the ISS effect (Fig. 4.8), typical of radio frequencies, by
summing in quadrature the real flux density uncertainty with the ISS component, following the
procedure described in Sect. 3.7.

To verify the stability and robustness of the best-fit solution, I repeated the analysis assuming
three different starting values for p (2.1, 2.4, 2.9), obtaining p ∼ 2 (i.e., lower than that estimated
from the high-energy approach).

Unsurprisingly, the best-fit model has a very high χ2
r (∼ 2). This is indicative of the problems

faced by the standard GRB afterglow model as long as a rich data set at low frequencies is
available (Fig. 4.9). Preliminary results (Table 4.2) show that the jet break time of 1.15 d translates
into a jet opening angle θ j ∼ 8 degrees, the spectrum is in fast cooling until ∼ 4 × 10−6 d, and the
non-relativistic regime occurs at ∼ 200 d. Moreover, Fig. 4.9 shows that the model works well
at X-ray and radio (except for ν < 8 GHz), partially well at UV frequencies, and poorly in the
visible band. This behaviour suggests other radiation mechanisms responsible for the afterglow
emission for this GRB; I will focus on this aspect in Sect. 4.5. As in the case of the analysis of
optical/X-ray data (Sect. 4.4.1), the Compton y-parameter is 0.02, indicating that cooling due
to IC scattering (Sect. 3.8) is negligible. As can be seen from Fig. 4.10, the temporal evolution
of the cooling frequency νc suggests that it lies above the X-rays (as opposed to νsa and νm),
in contrast to the behaviour expected from considerations based on the optical/X-ray spectra
(Sects. 4.3.1 and 4.3.4).

4.5 Discussion

The addition of radio data set in the afterglow modelling considerably complicates the broadband
analysis, challenging the standard GRB afterglow model.
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Figure 4.8: Radio light-curves of GRB 160131A at 11.4 GHz (top left), 13 GHz (top right), 18.8 GHz
(bottom left), and 24.6 GHz (bottom right), obtained through a broadband modelling (from radio to
X-ray frequencies) for a FS model with a ISM-like CBM (GS02); I considered in this analysis a jetted
(edge-regime) emission with ISS effect, optical absorption and energy injection. Filled circles indicate
detections, and inverted triangles indicate 3σ upper limits; the red shaded regions represent the expected
variability due to ISS effect, obtained through the prescription described in Sect. 3.7.
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Figure 4.9: Broadband modelling of GRB 160131A (from radio to X-ray frequencies) for a FS model
with an ISM-like CBM (GS02); I considered in this analysis a jetted (edge-regime) emission with optical
absorption and energy injection. Filled circles indicate detections, and triangles indicate upper limits. For
completeness I include the radio data, not included in this modelling.

Figure 4.10: Temporal evolution of the synchrotron break frequencies for afterglow emission of
GRB 160131A, based on analysis of broadband data (from radio to X-ray frequencies; Table 4.2, third
column). I considered in this analysis a jetted (edge-regime) FS emission with optical absorption and
energy injection, in ISM-like CBM. As seen in Sect. 2.2, the self-absorption frequency produced by
noncooled electrons νac makes sense only in fast-cooling regime (. 4 × 10−6 d).
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Figure 4.11: Isotropic equivalent kinetic energy Ek,52 (in units of 1052 erg) as a function of time, as
determined from fitting the optical/X-ray data set (Tab 4.2).

I point out three problematic features in radio frequencies:

• SEDs up to ∼ 25 d share the same rather constant peak at ∼ 8 GHz, whose width ∆ν/ν
evolves from ∼ 0.5 at 1.7 d to ∼ 0.1 at ∼ 25 d, with a temporary disappearance at ∼ 2.7 d
(Fig. 4.4). For example, in the radio SED of GRB 181201A (the first case of a SED
instantaneously and clearly decomposed into RS and FS components), the peak at lower
frequency bands (probably ascribed to RS emission) is much broader, having ∆ν/ν ∼ 3
(Laskar et al. 2019);

• the SED at 5.8 d evolves with β ∼ 0.8 (Table 4.1 and Fig. 4.4), a value which is incompati-
ble with slow cooling regimes (Sect. 4.3.1; Section 2.2.1 and Fig. 2.1).

• flux densities at low frequencies (. 7 GHz) seem to be constant over time.

4.5.1 Energy injection

A flattening in the optical/X-rays light-curves of GRB 160131A naturally calls for energy
injection (Sect. 3.5). The inferred value p ∼ 2.2 (Sect. 4.3) suggests νc < νX, where the flux
density is Fν>νc ∝ E(2+p)/4

K,iso t(2−3p)/4 (GS02); in this regime I obtain Fν>νc ∝ E1.1
K,isot−1.3. The temporal

evolution of the injected energy is parameterised as E ∝ tm, and hence Fν>νc ∝ t1.1m−1.3. Fitting
the X-ray light-curve with a simple power law from ∼ 0.2 d to ∼ 0.8 d, roughly corresponding
to the flattening, I obtain αX,ei = −1.0 ± 0.1, implying m = 0.27 ± 0.10 , or, equivalently,
q = 1−m = 0.73± 0.10. As seen in Sect. 3.5, the case q ≥ 0 turns into light-curves characterised
by a plateau (and not generally by a re-brightening) and could be explained in terms of energy
injection from the spindown of a newborn magnetar. My preliminary results based on optical/X-
ray data analysis (Sect. 4.4.1 and Table 4.2, third column) show that the isotropic equivalent
kinetic energy Ek,iso increases from ∼ 2.5 × 1053 erg to ∼ 4 × 1053 erg because of the energy
injection from the central engine (Fig. 4.11). This conclusion is compatible with my preliminary
optical/X-ray results, that show m = 0.27 ± 0.02.
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4.5.2 Multi-component SEDs in radio frequencies

In addition to the continuum associated with FS emission, radio SEDs and light-curves (Sect. 4.3.2)
suggest other three distinct emission components: A, B, and C. Component A is responsible for
the low-frequency peak in the spectrum at 0.8, 1.7, 5.8, 12.7 and 25.8 d (Fig. 4.4); component B
shows up in the radio SEDs at 1.7 and 2.8 d; component C appears at four epochs (0.8, 5.8, 12.7,
and 25.8 d) and is characterised by a faint peak around 10 GHz.

These components do not fit in the FS model discussed in Sect. 4.4. A possible explanation
for the radio excess at early times is RS emission. There are many examples in the literature (e.g.,
Gomboc et al. 2008; Alexander et al. 2017b; Laskar et al. 2018a). For example, Laskar et al.
(2018b) suggest that an early-time radio peak is consistent with emission from a refreshed RS
produced by the violent collision of two shells with different Lorentz factors emitted at different
times. A recent work (Laskar et al. 2019) showed for the first time that within a SED it is possible
to disentangle the contributions of RS and of FS in the radio band. Nevertheless, in the case
of GRB 160131A these peaks do not evolve as expected from the RS prescriptions, calling for
something else that comes into play. In the hindsight, these features could have possibly been
observed in more sparse radio data sets from past GRBs as well, and erroneously interpreted as
RS evidence.

An alternative explanation to RS could be the diffractive ISS (Sect. 3.7, Fig. 4.8) or other
extreme scattering effects, as seen in other GRBs (i.e. GRB 160625B, Alexander et al. 2017b).
Future broadband GRB observations with denser time sampling will enable a more detailed
characterisation of such variability and help resolve the contribution of ISS from intrinsic
variations to the source.

Another possible explanation could be the two-component jet, one in which the optical and
X-ray emission arise from a narrower, faster jet than that producing the radio observations (e.i.
Peng et al. 2005; Racusin et al. 2008; Holland et al. 2012).

Finally, another explanation for the radio spectral bumps could be the presence of a population
of thermal electrons, not accelerated by the FS passage into a relativistic power-law distribution,
characterised by a Maxwellian distribution at lower energies (Eichler & Waxman 2005). This
spectral component would likely require a different electron distribution, where the typical
Lorentz factor of the thermal electrons is much lower than the minimum Lorentz factor of the
shock-accelerated electrons (“cold electron model”, Ressler & Laskar 2017).

4.5.3 Challenges for the standard afterglow model

Preliminary results suggest that radio data are incompatible with the optical and X-ray data
– especially at early-time and at lower frequencies – according to the behaviour predicted by
the standard GRB afterglow model. This is not the first case: for example, recently Kangas
& Fruchter (2019) reported the lack of visible jet breaks in the radio light-curves of a sample
of 15 GRB afterglows, whereas X-rays seem to support it. However, I underline that they (1)
considered only one regime (5-1-2) of afterglow emission in GS02, (2) assumed the sideways
expansion for jetted emission (Sect. 2.3) in their analysis, and (3) ignored any observed rise
period of the light-curve and any early features attributed to flares, plateau or RS in the literature.
They interpret the long-lasting single power-law decline of the radio emission in terms of a
two-component jet described above.

Last but not least, there is another assumption that might not necessarily hold true for
GRB 160131A: constant micro-physical parameters. There has been found evidence that is
unlikely to be the case for GRB 190114C (Misra et al. 2019).
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4.5.4 Reverse shock

In Section 4.5.2 I discussed the multi-component structure observed in the radio SEDs between
0.8 and 117 d. I now consider whether each spectral peak from 0.8 to 25.8 d can in turn be
ascribed to RS emission. When the outflow from the GRB central engine impacts on the ambient
medium and produce a blast wave, a transient shock called RS is generated inside the flow itself
(Sections 2.1.3 and 2.2.1). After the RS has crossed the ejecta (timescale of days), the flux above
νc,rs declines rapidly because no electron is newly accelerated within the ejecta (Laskar et al.
2018b); in this regime I assume νc,rs to be located near each observed radio spectral peak, in
order to compute a conservative lower limit to the optical light-curve.

The evolution of νc,rs for a relativistic RS (thick shell regime, Sects. 2.1.3 and 2.2.1) scales
as t−73/48 for ISM-like CBM, and t−15/8 for wind-like CBM (e.g., Gao et al. 2013b). On the other
hand, for a Newtonian RS (thin shell regime, Sects. 2.1.3 and 2.2.1) νc,rs scales as t−(15g+24)/(14g+7)

(Mészáros & Rees 1999; Kobayashi & Sari 2000; Gao et al. 2013b; Gao & Mészáros 2015),
where g describes the Lorentz factor profile of the shocked ejecta γ ∝ r−g (Sect. 2.2.1); the
different intervals assumed for g (based on the kind of CBM, Sect. 2.2.1) constrain the expected
evolution of this characteristic frequency between ∼ t−1.7 and ∼ t−1.4 for ISM-like CBM (between
∼ t−2.3 and ∼ t−1.7 for wind-like CBM). Moreover, for relativistic RS the peak flux density evolves
as Fν,pk ∝ t−47/48 in ISM-like CBM (Fν,pk ∝ t−9/8 in wind-like CBM), whereas for Newtonian RS
this peak flux density evolves as Fν,pk ∝ t−(11g+12)/(14g+17), ranging between ∼ t−1.0 and ∼ t−0.9 for
ISM-like CBM (between ∼ t−1.25 and ∼ t−1.0 for wind-like CBM).

At radio frequencies, the first spectral peak takes place at F ≈ 0.9 Jy in X-band (∼ 9 GHz)
at 0.8 d (Fig. 4.4). Assuming νc,rs ≈ 9 GHz and Fν,pk ≈ 0.9 Jy at this epoch, the Y-band
(∼ 3 × 1014 Hz) would be crossed by a relativistic RS (ISM) at tpk ∼ 8.5 × 10−4 d with
Fν,pk ∼ 730 Jy (tpk ∼ 3.1 × 10−3 d and Fν,pk ∼ 465 Jy for wind). Unfortunately, there are no
optical data at those epochs, and hence I scale Fν,pk at tpk knowing that the observed Y-band light-
curve evolves as ∼ t−1.25 (Sect. 4.3.1), obtaining Fν,pk ∼ 920 Jy for ISM-like CBM (Fν,pk ∼ 180 Jy
at ∼ 3.1 × 10−3 d for wind-like CBM); this behaviour is incompatible with the relativistic RS
regime.

In Newtonian RS approach, for the same spectral peak I obtain the passage of νc,rs in Y-band
(1) in the range ≈ (1.7 – 0.5)×10−3 d (corresponding to Fν,pk ∼ 450 – 728 Jy) for ISM-like CBM,
and (2) in the range ≈ (8.6 – 1.7) × 10−3 d (corresponding to Fν,pk ∼ 260 – 450 Jy) for wind-like
CBM. Also in this case, there are no optical data at those epochs to verify this assumption; the
observed Y-band light-curve evolves as ∼ −1.25, resulting in Fν,pk ∼ 390 − 1930 Jy for ISM-like
CBM (Fν,pk ∼ 50 − 390 Jy for wind-like CBM); this behaviour seems to be compatible with the
predicted Y-band light-curve.

The radio peak observed in the 1.7 d SED at the same frequency is incompatible with this
peak, because I would observe this peak at ∼ 3 GHz in ISM-like CBM (∼ 2 GHz in wind-like
CBM).

Although the present analysis shows that the spectral peak at F ≈ 0.9 Jy in X-band (∼ 9 GHz)
at 0.8 d could be ascribable to Newtonian RS emission, I discussed in Sect. 4.5 that SEDs up
to ∼ 25 d share the same rather constant peak at ∼ 8 GHz (Fig. 4.4), with ∆ν/ν < 0.5, that is
narrower than those observed in the radio SED of GRB 181201A (∆ν/ν ∼ 3), the first case of a
SED instantaneously and clearly decomposed into RS and FS components (Laskar et al. 2019).
This feature could suggest another origin for the peaks in radio SEDs, probably ascribed to ISS
effect (Fig. 4.8 and Sect. 3.7).
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4.5.5 Afterglow parameters obtained with sAGa

The analysis with sAGa of the afterglow of GRB 160131A, for which I considered a jetted
(edge-regime) FS emission with optical absorption and energy injection (ISM environment),
ended up with these preliminary time-independent constraints: p ∼ 2.2, εe ∼ 0.01, εB ∼ 0.1,
n0 & 5 cm−3, EK,iso & 1053 erg, Av ∼ 0.06, t j ∼ 1 d; the spectrum is in fast cooling until ∼ 0.1 d
and the non-relativistic regime sets in at ∼ 200 d.

In particular, the constrain on t j leads to an estimate of the jet half opening angle of θ j ∼ 7◦,
corresponding to a beaming-corrected kinetic energy of EK = EK,iso(1 − cos θ j) & 7.5 × 1050 erg;
the lower limit on EK and the value of θ j are consistent with the typical values of L-GRBs
(Figs. 21 and 22 on Laskar et al. 2015). Moreover, the estimated lower limit on n0 and the
strong observed correlation – highlighted in several analyses (e.g., GRB 160509A in Laskar
et al. 2016, GRB 161219B in Laskar et al. 2018a, and GRB 181201A in Laskar et al. 2019) –
between broadband detections of RS emission and CBM characterised by low densities (typically
n0 . 10−2 cm−3 in ISM-like CBM, and A∗ . 10−2 in wind-like CBM), suggest that the RS is
unlikely to play a dominant role in radio data of GRB 160131A. This conclusion strengthens the
ISS origin for the pronounced radio variability.

Finally, the energy injection parameter m ∼ 0.3 (and hence q = 1 − m ∼ 0.7) is compatible
with what is expected (m ∼ 0.27) for an injection process that is powered by a spinning down
magnetar. For example, a similar energy injection process was discussed for GRB 100418A, for
which it was found m ∼ 0.7 (Marshall et al. 2011; Laskar et al. 2015).

4.6 Summary and conclusions
In this chapter I presented my preliminary results on the broadband modelling of the afterglow
of GRB 160131A, whose observations span from ∼ 430 s to ∼ 160 d post explosion at 26
frequencies from 6×108 Hz to 7×1017 Hz. I interpreted this GRB afterglow using two indepdent
approaches: (i) by means of general considerations based on the standard afterglow model,
that built upon the results of an empirical modelling of the light-curves/spectra; (ii) through a
self-consistent data modelling with sAGa.

• The optical/X-ray light-curves show a plateau in the temporal range ∼ 0.1–0.8 d, suggesting
energy injection, followed by a steeper α ∼ −1.8 that is interpreted as a jet break. The
optical/X-ray observations support the following properties: (1) an ISM-like CBM, (2)
p ∼ 2.18, and (3) both νm and νc lie below νopt = 3 × 1014 Hz already at tobs = 0.005 d
for an ISM-like CBM. Radio data allow for a more precise identification of the break
frequencies, jetted emission, and cooling regime. Specifically, νm and νc cross the radio
band at t ∼ 3 d and t & 120 d, respectively, while νsa ∼ 6.4 GHz at 12.7 d. The slow
cooling regime sets in at t ∼ 0.8 d and the jet break occurs at tb ∼ 3 − 5 d.

• In the broadband modelling with sAGa I considered a jetted (edge-regime) FS emission
with optical absorption and energy injection, in ISM-like CBM. My preliminary results on
the optical/X-ray data alone are in accord with the results obtained through the previous
approach: p ∼ 2.2, εe ∼ 0.01, εB ∼ 0.1, n0 & 5 cm−3, EK,iso & 1053 erg, Av ∼ 0.06, t j ∼ 1 d
(and hence θ j ∼ 7◦). The spectrum is in fast cooling until ∼ 0.1 d, the non-relativistic
regime sets in at ∼ 200 d, and m ∼ 0.3 inferred by modelling is compatible with theoretical
assumptions (m ∼ 0.27), suggesting energy injection from a magnetar as a plausible
interpretation. Moreover, the temporal evolution of νc and νm inferred by sAGa agree
with what inferred in the other approach. Conversely, the temporal evolution of νsa is
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incompatible with sAGa results (νsa ∼ 80 GHz at t ∼ 13 d), probably caused by the lack
of radio data in this analysis.

The radio data – when it is as rich as in this case – show the presence of spectral bumps in
several SEDs, incompatible with a simple standard GRB afterglow model and probably
ascribable with ISS or other extreme scattering effects. This incompatibility is corroborated
by the broadband modelling from radio to high energies, where the model works well
at X-ray and radio (except for ν < 8 GHz), partially well at UV frequencies, and poorly
in the visible band. This is not the first case: for example, recently Kangas & Fruchter
(2019) show the lack of visible jet breaks in the radio light-curves of a sample of 15
GRB afterglows, even when one is seen in X-rays. In addition, in some cases, as for
the afterglow of GRB 190114C, there is evidence for time varying shock micro-physics
parameters (Misra et al. 2019).

Summing up, these results challenge the standard GRB afterglow model, and highlight the
key role and as-yet poorly understood physics that manifests itself especially in the radio bands.
Future broadband followup of GRB afterglows, particularly at radio frequencies with the latest
and forthcoming generation facilities – especially in interferometric mode – such as the Very
Large Baseline Array (VLBA9), LOw Frequency ARray (LOFAR, van Haarlem et al. 2013)
or the next generation Square Kilometer Array (SKA, e.i. Johnston et al. 2008), are essential
to reach an exhaustive comprehension of the GRB afterglow physics, particularly within the
newborn era of so-called multi-messenger astronomy.

9https://science.nrao.edu/facilities/vlba
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Chapter 5

Constraints on the environment and
energetics of BL-Ic SN2014ad from deep
radio and X-ray observations

Except for a couple of ambiguous cases, L-GRBs are found to be associated with type BL-Ic
supernovae, hydrogen-stripped core-collapse explosions of massive stars (MZAMS & 8M�) that
show no evidence for hydrogen and helium in their spectra. These SNe are characterised by high
ejecta velocity (& 104 km s−1) and, at the time of writing, the exact nature of their progenitors is
unclear, although the first precursor emission for a Ic-BL has recently been observed (Ho et al.
2019). In particular, the reason why a small fraction of BL-Ic SNe harbour relativistic jets is
not known; a possible interpretation could be the off-axis jet scenario, where the SN explosion
powers a GRB-like jet that is misaligned with respect to the observer. Since these SNe are
detectable – with current facilities – at redshift z . 1, the direct evidence of GRB/SN connection
is doable only for nearby GRBs. As stressed in this thesis (e.g., Chapters 4 and 6), broadband
observations extended to lower frequencies – such as the radio band – are crucial to have a
complete picture of the involved physics; in this regard, deep radio and X-ray observations are
crucial to constrain the high-velocity ejecta and possibly reveal the emission from off-axis jets as
well as to uncover weak GRBs undetected by current gamma-ray observing facilities.

In this context I present deep X-ray and radio observations of the BL-Ic SN 2014ad extending
from 10 to 900 days post explosion. SN 2014ad – discovered only in optical band – was not
detected at either frequency and has no evidence for a GRB association. The proximity of
SN 2014ad (d ∼ 26 Mpc) allows to deeply constrain the progenitor mass-loss rate Ṁ and the
total energy of the fast ejecta E. I interpret these deep radio and X-ray upper limits in the context
of two synchrotron emission regimes, using a wind-like CSM (typical of SN environments): (i)
mildly relativistic and isotropic ejecta, as seen usually in ordinary Ic SNe, and (ii) relativistic
ejecta, as seen in GRB-like jet. My analysis shows that off-axis low-energy jets expanding in a
low-density medium (Ṁ . 10−6 M� yr−1) cannot be ruled out – as was thought so far (e.g. Smith
2014) – even for the most nearby BL-Ic SNe. Deep radio and X-ray followup programmes at
early and at late times of a large sample of nearby BL-Ic SNe will clarify if these sources harbour
a GRB counterpart.

This work was published as Marongiu et al. (2019) in The Astrophysical Journal in July
20191. A copy of the full text (editorial version) of this paper is reported in Appendix A.

1DOI: https://doi.org/10.3847/1538-4357/ab25ef
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Chapter 6

Optimised methods for the detection and
analysis of weak radio sources with
single-dish observations

Followup programmes of GRB afterglows at radio frequencies help decipher a wealth of infor-
mation (as stressed in the analysis of radio VLA data described in Chapter 4), in particular: (1)
constrain the self-absorption frequency of the underlying synchrotron radiation, (2) track the
presence and evolution of RS in the ejecta – that can clarify the nature of GRB progenitors –
and hence derive the ejecta magnetisation and initial Lorentz factor, (3) constrain the degree of
ejecta collimation and hence the released energy corrected for relativistic beaming, (4) derive the
size of the afterglow using scintillation methods, and (5) better understand the hydrodynamics
of relativistic outflows. GRB radio afterglows are typically faint sources (mJy or sub-mJy)
and hence the main issue for their detection is the instrumental sensitivity and the confusion
limit; these aspects are usually more crucial for single-dish radiotelescopes (whose sensitivity
can typically reach a few hundred µJy integrating over many hours) rather than interferometric
arrays as the VLA and VLBI (whose sensitivity can reach the same limit within a few minutes
on source exposure). At this flux density level, observations with single-dish radiotelescopes
require (1) an accurate knowledge of the background (both instrumental and astronomical), (2)
good sky opacity conditions to ensure an accurate calibration, and (3) a reliable and well-defined
source detection method. Recently, several specific radio followup campaigns improved the
observational coverage of the lower part of the emission spectrum, but an exhaustive picture of
GRB afterglows is still missing.

In this context, I present three detection methods for the analysis of weak sources in single-
dish mode in terms of sensitivity and robustness: ‘quick-look’ (Method A, a smart but rough
approach), ‘source extraction’ (Method B, typically adopted in X-ray/gamma-ray astronomy),
and fit procedure with a 2-Dimensional Gaussian (Method C, a more sophisticated approach).
I developed a specific Python code using GRB radio afterglows as suitable targets. I tested
these methods through a specific followup programme with Sardinia Radio Telescope (SRT) at
6.9 GHz in the framework of the observing project 23-18 for the afterglow of GRB 181201A (PI:
M. Marongiu) and the ToO request 02-19 for the afterglow of GRB 190114C (PI: M. Marongiu),
resulting in no detection; as a further test, I applied these methods to the SRT data of the Galactic
binary GRS 1915+105. This new methodology makes use of simulations, as a useful complement
of actual radio observations, and optimises the detection of faint sources (as is the case for GRB
afterglows or GW radio counterparts), pushing down the sensitivity limits of SRT – with respect
to more traditional techniques – at ∼ 1.8 mJy for a typical observation of 6 hours.

This work was submitted to Experimental Astronomy and it is currently under peer review.

91



CHAPTER 6

A copy of the full text of the submitted version is reported in Appendix B.
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Conclusions

The transient sky astronomy has made great strides in recent years, thanks to the increasing
state-of-the-art technology for the detection of new sources throughout the Universe. This
enables to better understand the physics of these astrophysical objects and to address open issues
of astrophysics and cosmology (such as the formation of compact binaries and the dark matter
nature). The multi-messenger astronomy was officially born with the broadband observations –
from radio to X-ray frequencies – of the low-luminosity and nearby short GRB 170817A, associ-
ated with the binary neutron star (BNS) merger event GW 170817 detected by LIGO/VIRGO
facilities. The recent detection at TeV energies of two bright GRB afterglows (190114C and
180720B) thanks to MAGIC and H.E.S.S. Cherenkov telescopes, further extended the range of
covered frequencies where GRB afterglows can be analysed, strongly suggesting the signature
of inverse Compton in the afterglow emission. Relativistic explosions – characterised by Lorentz
factors ranging between a few to a few hundreds – play a fundamental role because they are
characteristic of astrophysical objects such as GW counterparts, gamma-ray bursts (GRBs) and
supernovae (SNe).

This context is the background that gives birth to my PhD thesis, focused on the modelling of
multi-frequency data sets of relativistic explosions, such as GRBs and SNe. Broadband analysis
of GRB afterglows is key to understand the radiation mechanism(s) at work, the relativistic
shock microphysics, the energetics and the jet geometry. Yet, an exhaustive picture of GRB
afterglows is missing. The magnetisation of the ejecta, which is still of the main open issues
in the GRB science, can be addressed effectively and uniquely through observations at lower
frequencies, especially the radio band, studying the reverse shock observed in GRB radio
afterglows. Unfortunately, these sources are very faint (mJy or sub-mJy events) and hence their
observations are hampered by the limited sensitivity of radiotelescopes (both in interferometric
and, especially, in single-dish mode). In the latest years, several dedicated radio followup
programmes aimed to provide a good temporal and spectral reverse and forward shock coverage,
but a complete picture of GRB ejecta remains an open issue.

I therefore developed a specific Python code called sAGa (Software for AfterGlow Analysis)
that analyses the broadband emission of GRB afterglows based on an analytical approach. After
successfully testing the capabilities of sAGa on various GRB afterglows (such as GRB 120521C,
GRB 090423 and GRB 050904), I analysed long GRB 160131A, whose afterglow is a challenging
workbench for sAGa and for the standard GRB afterglow model. Multi-frequency light-curves
showed the signature of energy injection and jetted emission; moreover, radio light-curves are
affected by several peaks, maybe suggestive of either strong interstellar scintillation (ISS) effects
or multi-component structure. My preliminary results showed that joining a rich radio data set
to the optical and X-ray ones, calls for new mechanisms in addition to what is predicted by the
standard GRB afterglow model.

In the context of the radio detection of GRB afterglows, I supervised a dedicated followup
programme in single-dish mode with Sardinia Radio Telescope (SRT), resulted in upper limits
for GRB 181201A and GRB 190114C. I analysed a new detection method – especially suited
for faint radio sources – considering a fitting procedure with a 2-Dimensional Gaussian; this
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method is compared with two more traditional techniques in terms of sensitivity and robustness:
the smart but rough ‘quick-look’ method and the ‘source extraction’, typical of high-energy
astronomy. These methods are included in a specific tool for the analysis, that allows to measure
the flux density and the uncertainty of a point-like source, such as the radio counterparts of GRBs
or GWs. The most accurate and robust method is the fitting procedure with a 2-Dimensional
Gaussian; this new methodology for the SRT data analysis pushes down the sensitivity limits
of this radiotelescope – with respect to more traditional techniques – at ∼ 1.8 mJy, allowing to
improve the upper limit estimation up to 40% of the initial value. This analysis suggests that
the detection of faint sources requests a deep knowledge of the radio background to estimate an
accurate flux density.

Long-GRBs are very characterised by their association with type Ic broad-lined supernovae
(Ic-BL SNe), hydrogen-stripped core-collapse explosions of massive stars showing high ejecta
velocity (& 104 km s−1). I analysed the available X-ray and radio observations (resulting in
upper limits) of the nearby Ic-BL SN 2014ad (∼ 26 Mpc), characterised by no observational
evidence of a GRB counterpart. These upper limits, thanks to the proximity of the source, enable
very deep constraints on both the SN progenitor mass-loss rate (Ṁ) and the total energy of
the ejecta (E). For this analysis I adapted sAGa to the SN emission, to extract the physical
properties through a broadband approach. In this analysis I considered two synchrotron radiation
scenarios: uncollimated non-relativistic ejecta (typical of ordinary SNe), and off-axis relativistic
jet (typical of GRBs). My study shows that these two emission regimes cannot be ruled out even
in the most nearby BL-Ic SNe; deep radio and X-ray followup programmes of a large sample
of nearby BL-Ic SNe will clarify if jetted emission (typical of GRBs) is a common feature in
BL-Ic SNe. Moreover, I cannot reject the possibility of a radio synchrotron emission dominated
by the cocoon created by an off-axis GRB jet, ploughing the stellar progenitor, as expected for
relativistic SNe.

Future multi-messenger followup programmes will be fundamental to understand astrophysi-
cal sources involving relativistic explosions, such as GRB afterglows and Ic-BL SNe, with the
radio band playing a unique role in this context. The next-generation facilities on the coming
decade in radio (SKA), optical-NIR (E-ELT, JWST), X-rays (ATHENA) and TeV (CTA) bands,
characterised by high sensitivity, will make it possible to solve a number of puzzles in the
transient sky astrophysics.
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Abstract

Broad-line type Ic Supernovae (BL-Ic SNe) are characterized by high ejecta velocity (104 km s−1) and are sometimes
associated with the relativistic jets typical of long duration (2 s) Gamma-Ray Bursts. The reason why a small fraction
of BL-Ic SNe harbor relativistic jets is not known. Here we present deep X-ray and radio observations of the BL-Ic
SN 2014ad extending from 13 to 930 days post explosion. SN 2014ad was not detected at either frequency and has no
observational evidence of a GRB counterpart. The proximity of SN 2014ad (d∼26 Mpc) enables very deep constraints
on the progenitor mass-loss rate Ṁ and on the total energy of the fast ejecta E. We consider two synchrotron emission
scenarios for a wind-like circumstellar medium (CSM): (i) uncollimated nonrelativistic ejecta, and (ii) off-axis
relativistic jet. Within the first scenario our observations are consistent with GRB-less BL-Ic SNe characterized by a
modest energy budget of their fast ejecta (E1045 erg), like SNe 2002ap and 2010ay. For jetted explosions, we cannot
rule out a GRB with E1051 erg (beam-corrected) with a narrow opening angle (θj∼5°) observed moderately
off-axis (θobs30°) and expanding in a very low CSM density ( ˙ -M 10 6 Me yr−1). Our study shows that off-axis
low-energy jets expanding in a low-density medium cannot be ruled out even in the most nearby BL-Ic SNe with
extensive deep observations, and might be a common feature of BL-Ic SNe.

Key words: gamma-ray burst: general – supernovae: general – supernovae: individual (2014ad) – techniques:
interferometric

1. Introduction

Ic SNe are hydrogen-stripped core-collapse explosions
(CCSNe) of massive stars with M M8ZAMS that show no
evidence for hydrogen and helium in their spectra (Filippenko
1997). Potential candidates for Ic SN progenitors are massive
Wolf–Rayet (WR) stars and stars in close binary systems
(Ensman & Woosley 1988; Gal-Yam 2017). At the time of
writing the exact nature of their progenitors is unclear
(Podsiadlowski et al. 1992; Smartt 2009, 2015; Yoon 2010;
Eldridge et al. 2013; Dessart 2015; Dessart et al. 2015, 2017).
Notable in this respect is the recent detection of the progenitor
system of the Ic SN 2017ein (Kilpatrick et al. 2018; Van Dyk
et al. 2018), which pointed to a massive stellar progenitor with
M∼60 Me in a binary system.

Ic SNe typically show a bell-shaped radio spectrum powered
by synchrotron emission and extending all the way to the X-ray
band. The spectral peak frequency describes the transition
between the optically thick part of the spectrum—below which
synchrotron self-absorption (SSA) takes place—and the optically
thin portion of the spectrum (Rybicki & Lightman 1979;
Chevalier 1998; Chevalier & Fransson 2006). The synchrotron
emission is produced by electrons that are accelerated at the
shock front between the SN ejecta and the circumstellar medium
(CSM). As the shock wave expands, the optical depth to SSA
decreases and hence the spectral peak frequency cascades down
to lower frequencies with time. In an SN explosion, the X-ray
and radio emission resulting from the SN shock propagation in
the medium track the fastest material ejected by the explosion,
while the optical emission is of thermal origin and originates
from the inner ejecta layers.

A small fraction (∼4%; Shivvers et al. 2017) of Ic SNe,
called broad-line Ic SNe (BL-Ic SNe), are characterized by
broad lines in the optical spectrum implying large expansion
velocities of the ejecta (2×104 km s−1, e.g., Mazzali et al.
2002; Cano et al. 2017), ∼104 km s−1 faster than in “ordinary”
Ic SNe (Modjaz et al. 2016). Some BL-Ic SNe are associated
with ultra-relativistic jets that generate long duration (2 s)
Gamma-Ray Bursts (L-GRBs, e.g., Cano et al. 2017), which
are observable at cosmological distances up to z∼10 (e.g.,
Cucchiara et al. 2011). In the local universe (z�0.1) some
BL-Ic SNe have also been found in association with mildly
relativistic outflows in low-luminosity GRBs (ll-GRBs, which
are too weak to be detected at larger distances, Liang et al.
2007). As opposed to L-GRBs, ll-GRBs show no evidence for
collimation of their fastest ejecta, i.e., no jet (Kulkarni et al.
1998; Soderberg et al. 2006b; Bromberg et al. 2011).
A possible interpretation of the observational lack of

evidence for L-GRB counterparts in the majority of BL-Ic
SNe is the off-axis jet scenario (Eichler & Levinson 1999;
Rhoads 1999; Yamazaki et al. 2003; Piran 2004; Soderberg
et al. 2006a; Bietenholz 2014; Corsi et al. 2016), where the
explosion powers a GRB-like jet that is misaligned with respect
to the observer line of sight. In this scenario, as the jet velocity
gradually decreases and relativistic beaming becomes less
severe, the emission becomes observable from increasingly
larger viewing angles. Deep radio and X-ray observations
extending to hundreds of days post explosion offer the
opportunity to reveal the emission from off-axis jets as well
as to recover weak GRBs that would not trigger current γ-ray
observing facilities.
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Here we present extensive (δt∼10–1000 days) broadband
(radio to X-ray) observations of SN 2014ad, a BL-Ic SN that
exploded in the galaxy PGC 37625 (Mrk 1309) at
d=26.44Mpc (Sahu et al. 2018). SN 2014ad is among the
closest BL-Ic SNe discovered to date, which enables very deep
limits on its radio and X-ray emission (Figure 1 and Table 1).
We present constraints on the progenitor mass-loss rate Ṁ and
the total energy of the fast ejecta E in two scenarios: (i) mildly
relativistic, nearly isotropic, synchrotron self-absorbed radio
emission due to the SN ejecta plowing through a wind-like
CSM; (ii) synchrotron emission from a relativistic off-axis
GRB-like jet.

The analysis of the optical emission from SN 2014ad by
Sahu et al. (2018) and Stevance et al. (2017) revealed that the
bulk of its ejecta velocity is ∼3×104 km s−1 at early times,
with kinetic energy Ek∼(1.0±0.3)×1052 erg, larger than in
SNe-Ic, and similar to BL-Ic SNe and GRB-SNe. The
metallicity of the host galaxy of SN 2014ad is ∼0.5 Ze. The
total explosion ejecta mass inferred by Sahu et al. (2018) and
Stevance et al. (2017) is Mej∼(3.3±0.8)Me suggesting a
massive progenitor star with MZAMS20Me. Spectropolari-
metry by Stevance et al. (2017) also suggests a mild deviation
from a spherical geometry of the ejecta.

This paper is organized as follows. In Section 2 we describe
our radio and X-ray observations; in Section 3 we present the
constraints on the environment derived from our X-ray limits,
whereas in Section 4 we present environment constraints
derived from the radio and X-ray broadband modeling in two
different scenarios (i.e., an “ordinary” isotropic SN outflow,

and a beamed relativistic jet). Our results and analysis are
discussed in Section 5 and conclusions are drawn in Section 6.

2. Observations

SN 2014ad was discovered by Howerton et al. (2014) on
2014 March 12.4 (MJD 56,728.4) in public images from the
Catalina Real-Time Transient Survey (Djorgovski et al. 2011)
at α=11h57m44 44, d = -  ¢ 10 10 15. 7. Throughout this
paper we assume an SN explosion date t0=56725±3 MJD
(Sahu et al. 2018); times given are in reference to this explosion
date unless otherwise noted.

2.1. Radio Observations with the Karl G. Jansky Very Large
Array

Very Large Array (VLA) follow-up observations were
carried out between 2014 March 22 (MJD 56,738) and 2016
September 23 (MJD 57,654), from ∼13 to ∼930days post
explosion, under Proposal VLA/14A-531 (PI: Kamble). Data
were taken in eight spectral windows at L-band (with baseband
central frequencies of 1.3 and 1.7 GHz, respectively), C-band
(5 and 7 GHz), X-band (8.5 and 11 GHz), Ku-band (13.5 and
16 GHz), with a nominal bandwidth of ∼1GHz (∼0.4 GHz for
L-band). 3C286 and J1330-1449 were used as flux/bandpass
and phase/amplitude calibrators, respectively. The Common
Astronomy Software Application (CASA, v. 4.7.2, McMullin
et al. 2007)5 was used to calibrate, flag, and image the data.
Images were formed from the visibility data using the CLEAN
algorithm (Högbom 1974). The image size was set to
(1024× 1024) pixels, the pixel size was determined as one-
fifth of the nominal beam width and the images were cleaned
using natural weighting. The upper limits on the flux densities
were calculated at a 3σ confidence level (Table 1).

2.2. X-Ray Observations with Swift-XRT

The X-Ray Telescope (XRT; Burrows et al. 2005) on board
the Swift Gehrels spacecraft (Gehrels et al. 2004) observed the
region of SN 2014ad in Photon Counting (PC) mode several
times from 2014 March 19 to 2017 March 11. We find no
evidence for statistically significant X-ray emission at the
location of SN 2014ad. We extracted the 0.3–10keV light
curve, consisting of 3σ upper limits, using the web interface
provided by Leicester University,6 which used HEASOFT
(v. 6.22). We performed flux calibration by assuming an
absorbed simple power-law spectral model (WABS*POWERLAW
within XSPEC) with column density frozen to the Galactic value
along the SN line of sight, = ´N 3.1 10H,Gal

20 cm−2 (Kalberla
et al. 2005). We assumed a conservative value for the photon
index, Γ=2, and derived the upper limit to the flux density at
1keV. Finally, we calculated three light curves with different
integration times: 105, 2×105, and 5×105 s, respectively.
Table 2 reports the values for the longest timescale having the
deepest limits. We also calculated the corresponding 3σ upper
limits on the 0.3–10keV luminosity.

3. Constraints on the Environment Density from Inverse
Compton Emission

Inverse Compton (IC) emission from the upscattering of
optical photospheric photons into the X-ray band by relativistic

Figure 1. Deep radio limits on the emission from SN 2014ad (red stars) in the
context of L-GRBs (circles; gray is for cosmological GRBs, while orange is for
GRBs at z�0.3) and H-stripped CCSNe (squares; gray is for normal SNe,
blue is for SNe with relativistic ejecta). Our deep radio limits on the emission
from the BL-Ic SN 2014ad are consistent with a luminosity comparable to that
of SN 2002ap. The detected radio emission from SN 2002ap points to a
nonrelativistic (shock velocity ∼0.3c) uncollimated explosion with a small
energy budget of the fast ejecta (E∼1.5×1045 erg; Berger et al. 2002).

5 https://casa.nrao.edu/
6 http://www.swift.ac.uk/user_objects/
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electrons at the shock front has been demonstrated to dominate
the X-ray emission from H-stripped CCSNe that explode in
low-density environments ( ˙ -M 10 5 Me yr−1) at d t 30
days (e.g., Björnsson & Fransson 2004; Chevalier &
Fransson 2006). We adopt the IC formalism by Margutti
et al. (2012) modified to account for the outer density structure
of progenitors of BL-Ic SNe (which are likely to be compact) as
in Margutti et al. (2014). The IC emission depends on (i) the

density structure of the SN ejecta and of the CSM, (ii) the
electron distribution responsible for the upscattering, (iii)
explosion parameters (ejecta mass Mej and kinetic energy7

Ek), and (iv) the bolometric luminosity of the SN: µL LIC bol.
For compact progenitors that are relevant here, the density

scales as r µ -r n
SN with n∼10 (see, e.g., Matzner &

McKee 1999; Chevalier & Fransson 2006). We further assume
a power-law electron distribution ( )g gµ -ne

p with p∼3 as
found in radio observations of type H-stripped CCSNe
(Chevalier & Fransson 2006) and a fraction of energy into
relativistic electrons òe=0.1. We use the explosion parameters
Ek=(1±0.3)×1052 erg and Mej=(3.3±0.8)Me. For a
wind-like CSM structure r µ -rCSM

2 with a typical wind
velocity vw=1000 km s−1 as appropriate for massive stars
(and hence BL-Ic SN progenitors, e.g., Smith 2014), the Swift-
XRT nondetections at δt<30 days yield ˙ < ´ -M 5 10 5

Me yr−1.

4. Broadband Modeling

We interpret our deep radio and X-ray limits in the context
of synchrotron self-absorbed (SSA) emission from either

Table 1
Log of VLA Observations of SN 2014ad

tmid te VLA θFWHM νc Δν σS S(3σ) L25
(MJD) (days) Configuration (arcsec) (GHz) (GHz) (μJy) (μJy) (erg s−1 Hz−1)

56738.19 13.19 A 1.42 1.26 0.384 28.8 86.4 12.1
A 0.93 1.80 0.384 30.8 92.4 12.9
A 0.34 5.0 0.896 9.0 27.0 3.8
A 0.24 7.1 0.896 8.1 24.3 3.4
A 0.19 8.6 0.896 7.9 20.7 3.3
A 0.15 11.0 0.896 7.8 23.4 3.3
A 0.13 13.5 0.896 7.7 23.1 3.2
A 0.11 16.0 0.896 9.1 27.3 3.8

56763.21 38.21 A 1.42 1.26 0.384 31.6 94.8 13.2
A 0.93 1.80 0.384 31.4 94.2 13.1
A 0.34 5.0 0.896 10.5 31.5 4.4
A 0.24 7.1 0.896 7.2 21.6 3.0
A 0.19 8.6 0.896 8.0 24.0 3.4
A 0.15 11.0 0.896 10.3 30.9 4.3
A 0.13 13.5 0.896 7.3 21.9 3.1
A 0.11 16.0 0.896 7.6 22.8 3.2

56828.96 103.96 AnD 12.02 5.0 0.896 6.9 20.7 2.9
AnD 7.93 7.1 0.896 5.2 15.6 2.2
AnD 0.20 8.6 0.896 6.0 18.0 2.5
AnD 0.15 11.0 0.896 6.3 18.9 2.6

56906.76 181.76 D 12.02 5.0 0.896 13.9 41.7 5.8
D 7.93 7.1 0.896 10.8 32.4 4.5
D 6.98 8.6 0.896 15.7 47.1 6.6
D 5.46 11.0 0.896 16.8 50.4 7.0

57227.81 502.81 A 0.34 5.0 0.896 9.9 26.7 4.1
A 0.24 7.1 0.896 9.4 27.7 3.9
A 0.19 8.6 0.896 6.9 20.7 2.9
A 0.15 11.0 0.896 10.1 30.3 4.2

57654.66 929.66 B 1.15 5.0 0.896 6.6 19.8 2.8
B 0.79 7.1 0.896 6.3 18.9 2.6
B 0.65 8.6 0.896 7.0 21.0 2.9
B 0.51 11.0 0.896 6.8 20.4 2.8

Note. Observation central time tmid, epoch = -t t te mid 0 since the estimated explosion date t0, VLA array configuration, beam size θFWHM, central frequency νc and its
bandwidth Δν, the uncertainty σS, the upper limit on the flux density S (at 3σ), and the relative luminosity L25 (in units of 1025 erg s−1 Hz−1) of the source. In no case
was the source detected with �3σ confidence.

Table 2
Swift-XRT 3σ Upper Limits on the Flux Density at 1keV (Fν, 1 keV) and

0.3–10keV Luminosity ( -L0.3 10)

tmid te Δt Fν, 1 keV -L0.3 10
(MJD) (days) (days) (μJy) (erg s−1)

56738.1 13.1 5.8 <1.3×10−2 <1.0×1042

56743.9 18.9 5.8 <1.2×10−2 <9.0×1041

56749.6 24.6 5.8 <1.7×10−2 <1.3×1042

56755.4 30.4 5.8 <4.1×10−2 <3.2×1042

57774.0 1049.0 5.8 <0.11 <8.5×1042

57808.7 1083.7 5.8 <1.1 <8.5×1043

57820.2 1095.2 5.8 <6.7×10−2 <5.2×1042

Note. = -t t te mid 0 is the epoch since the estimated SN explosion date t0,Δt is
the bin time.

7 This is the kinetic energy carried by the slowly moving material powering
the optical emission.
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(i) uncollimated (i.e., spherical) nonrelativistic ejecta (Section 4.1),
or (ii) relativistic GRB-like jet (Section 4.2).

4.1. SSA Emission from Nonrelativistic Uncollimated Ejecta

We follow Soderberg et al. (2005) and adopt their formalism
in the context of the radio emission from nonrelativistic SN
ejecta interacting with a wind-like CSM. The brightness
temperature of a source is:

( ) ( )
p n

= nT
c

k

f d

v t2
, 1B

2 2

ph
2 2

where c is the speed of light, k is the Boltzmann constant, fν is
the flux density at observed frequency ν, d is the source
distance, vph is the photospheric velocity and t is the
observational epoch. For SN 2014ad we find ´T 2.8 10B

11

K at t∼13.2 d, where vph∼3.2×104 km s−1 and fν<86.4
μJy at ν=1.26 GHz (Table 1). Our inferred TB does not
violate the 1012 K limit of the inverse Compton catastrophe
(ICC; Kellermann & Pauliny-Toth 1981), consistent with the
expectations from a nonrelativistic spherical SSA source.

In the SSA model radiation originates from an expanding
spherical shell of shock-accelerated electrons with radius r and
thickness r/η (here we assume the standard scenario of a thin
shell with η=10; e.g., Li & Chevalier 1999; Soderberg et al.
2005). As the shock wave propagates through the CSM, it
accelerates relativistic electrons into a power-law distribution

( )g gµ -N p for g g m, where γm is the minimum Lorentz
factor of the electrons (Chevalier 1982, 1998). In this analysis
we assume p∼3 as typically found in H-stripped core-
collapse SNe (e.g., Chevalier & Fransson 2006). The post-
shock energy fraction in the electrons and magnetic field is
given by òe and òB, respectively; we further adopt equipartition
of the post-shock energy density of the radio-emitting material
between relativistic electrons and magnetic fields
(òe=òB=1/3).

The synchrotron emission from SNe typically peaks at radio
frequencies on timescales of a few days to weeks after the SN
explosion (e.g., Corsi et al. 2014); this emission is suppressed
at low frequencies by absorption processes. Chevalier (1998)
showed that the dominant absorption process is internal SSA
for H-stripped SNe, and external free–free absorption (FFA) in
H-rich SNe, as H-rich SNe tend to explode in higher density
media.

Following Soderberg et al. (2005), the temporal evolution of
the magnetic field B(t), minimum Lorentz factor γm(t), shock
radius r(t), and the ratio I =  e B) can be parameterized as:

( )⎛
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where r0, B0, I0, and gm,0 are measured at an arbitrary reference
epoch t0, and te is the explosion time. In this paper we adopt
t0=13.2 days (for which r0∼vph×t0=4×1015 cm) and
te=0 days. The temporal indices αr, αB, Ia , and αγ are
determined by the hydrodynamic evolution of the ejecta, as
described in Soderberg et al. (2005). In particular, αr and Ia

can be expressed as:

( )a =
-
-

n

n s

3
, 4r

( )Ia a a a= - + -gs 2 , 5r B

where n and s describe the density profile of the outer SN ejecta
(r µ -rej

n), and of the CSM (r µ -r s
CSM ),8 respectively. The

self-similar conditions s<3 and n>5 result in ∼0.5<
αr<1 (Chevalier 1982). In this work we consider a wind-like
CSM case (i.e., s= 2), and n=10 as appropriate for massive
compact stars that are thought to be progenitors of H-stripped
CCSNe. In the standard scenario (Chevalier 1996), òe and òB do
not vary with time, from which we derive through Equation (3)
that Ia = 0, implying that:

( )⎜ ⎟⎛
⎝

⎞
⎠a a=

-
-

s2

2
1, 6B r

( ) ( )a a= -g 2 1 . 7r

Since Ia = 0 and under the equipartition hypothesis (I = 1;
Equation (3)), it follows that αr=0.875 (Equation (4)),
αB=−1 (Equation (6)) and αγ=−0.25 (Equation (7)).
Under these assumptions and through Equation (2), the

characteristic synchrotron frequency is:
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where q is the electron charge and me is the electron mass. The
frequency ( )n nº tm m,0 0 depends on gm,0 and B0 as follows:

( )n g
p

=
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m c2
. 9m m

e
,0 ,0

2 0

The radio flux density at a given observing frequency ν and
epoch t is thus given by:

( ) ( )
( ) ( ) ( )

( )⎛
⎝⎜

⎞
⎠⎟n

n

= -

´

a a
t x

-
-

-

n
x

F t C
t

t
e

F x F x

, 10 1

mJy 10

f
26

0

4 2
1

5 2
3 2

1

r B

with the optical depth τν:
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Cf and Cτ are normalization constants (see Appendix A2 of
Soderberg et al. 2005), F2(x) and F3(x) are Bessel functions
with x=2/3(ν/νm), ξ=[0, 1] describes the sharpness of the
spectral break between optically thin and thick regimes. We
adopt ξ=1.
As we can see from Equations (10), (11), (4), and (8), F(t, ν)

depends on Cf, Cτ, p, n, s, νm,0, and ξ. From Equations(6)–(8)
of Soderberg et al. (2005) Cf and Cτ can be expressed in terms
of r0, B0, and η; thus, also using (9), F(t, ν) can be expressed as
a function of r0, B0, p, n, s, gm,0, η, and ξ, which are all fixed
apart from B0 and γm,0. These two free parameters can be further

8 s=0 corresponds to the case of ISM-like CSM and s=2 correspond to the
case of wind-like CSM.
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expressed as a function of physically more useful quantities,9 the
SN progenitor mass-loss rate (Ṁ ) and the total kinetic energy
of the radio-bright (fast) ejecta (E):

( )⎛
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12e
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0 0
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1 2
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, 13m
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where mp is the proton mass and vw is the wind velocity.
Consequently, we express νm,0 as a function of Ṁ and E from
(9):
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As a result, F(t, ν) just depends on Ṁ and E.
We use a grid of Ṁ and E values to compare our VLA upper

limits (Table 1) with the flux densities derived from (10). In
Figure 2 we explore the kinetic energy versus mass-loss rate
parameter space considering the (i) radio upper limits (hatched)
and (ii) the radio limits plus the X-ray limits (red), which
results in more stringent constraints: E 1045 erg for˙ 

-M M10 6 yr−1 and E 1046 erg for ˙ 
-M M10 4 yr−1.

We end by noting that at these low mass-loss rates the effects
of FFA are negligible (e.g., Weiler et al. 1986; Fransson &
Björnsson 1998).

4.2. SSA Emission from a Relativistic GRB-like Jet

We generated a grid of radio light curves powered by
synchrotron emission from off-axis relativistic jets using the

BOXFIT code (v2; van Eerten et al. 2012), which is based on
high-resolution, two-dimensional relativistic hydrodynamical
simulations of relativistic jets. All the synthetic light curves
were compared to our VLA upper limits (Table 1) to determine
the allowed region in the parameter space, using the same
procedure as in Coppejans et al. (2018).
The radio emission from an off-axis jet depends on the

following physical parameters: (1) isotropic-equivalent total
kinetic energy E ;k,iso (2) CSM density, either for an ISM-like (n
constant) or a wind-like CSM ( ˙ (r p= M R v4 wCSM

2 ) produced
by a constant Ṁ ; (3) microphysical shock parameters òe and òB;
(4) jet opening angle θj; and (5) observer angle with respect to
the jet axis θobs. We fix the power-law index of the shocked
electron energy distribution for a typical value in the range
p=2–3, as derived from GRB afterglow modeling (e.g.,
Curran et al. 2010; Wang et al. 2015) and we generate a model
for a range of Ṁ for an assumed wind velocity of
vw= 1000 km s−1.
We explored a grid of parameters, specifically 10−3 cm- 3

n 102 cm−3; 10−8 Me yr ˙- - M 101 3 Me yr−1. Two
different jet opening angles were used, which encompass
representative measured values for other GRBs: θj=5° and
30°. We considered three observer angles (θobs=30°, 60°,
and 90°) and isotropic-equivalent kinetic energies in the range
1050erg� E 10k,iso

55 erg. These ranges describe the typical
parameters derived from accurate broadband modeling of GRB
afterglows (e.g., Schulze et al. 2011; Laskar et al. 2013, 2016;
Perley et al. 2014). Moreover, in this analysis we discuss
the results for òe=0.1 and òB=0.01, but for completeness
we show the results for other typical values in Figures 3
and 4. We find that our radio limits are consistent with the
expected emission from off-axis (θobs�60°) narrow (θj=5°)
jets expanding in a low-density CSM environment with ˙ M

-10 5 Me yr−1 that are typical of BL-Ic SNe and GRBs. The
allowed beaming-corrected kinetic energy values are Ek�
4×1049 erg.

5. Discussion

Here we put our results on the environment and on the
energetics of SN 2014ad into the broader context of nearby
(z�0.2) BL-Ic SNe with or without an associated GRB.

5.1. Constraints on Uncollimated Outflows in SN 2014ad

In the case of subrelativistic and nearly isotropic ejecta
(Section 4.1) expanding in a wind-like CSM, assuming
equipartition (òe=òB=1/3), Figure 2 shows that the
combination of VLA + XRT data constrains the fast ejecta
kinetic energy to E 1045 erg for ˙ 

-M M10 6 yr−1 and to
E 1046 erg for ˙ 

-M M10 4 yr−1. These very deep con-
straints rule out outflows with properties similar to (i)
relativistic SNe, such as SN 2009bb (Soderberg et al. 2010)
and SN 2012ap (Chakraborti et al. 2015), for which no GRB
counterpart was detected, and (ii) SN 1998bw, a prototypical
GRB-SN associated with a low-luminosity GRB, propagating
into a similar environment (Figure 2). Our limits also point to
very low-density environments, consistent with previous
findings that BL-Ic SNe favor low-density media (e.g., see
Figure 5 from Margutti et al. 2018), as was also the case for
SN 2002ap (Berger et al. 2002) and SN 2010ay (Sanders et al.
2012).

Figure 2. Regions of the total kinetic energy of the fast ejecta–mass-loss rate
space excluded by VLA (hatched area) and VLA + XRT (red area) upper
limits (see Table 1), as derived assuming the SSA model for a mildly
relativistic, nearly isotropic explosion (Section 4.1). In addition, we show some
peculiar BL-Ic SNe (in green) (1) SN 2002ap (Berger et al. 2002), (2)
SN 2010ay (Sanders et al. 2012), (3) SN 2007bg (Salas et al. 2013), (4–6)
PTF 11cmh–PTF 11qcj–PTF 14dby (Corsi et al. 2016); the relativistic SNe (in
blue) (7) SN 2009bb (Soderberg et al. 2010) and (8) SN 2012ap (Chakraborti
et al. 2015); (9) SN 2016coi (brown; Terreran et al. 2019); the ll-GRBs (in red)
(10) SN 1998bw/GRB 980425 (Li & Chevalier 1999), (11) SN 2006aj/
GRB 060218 (Soderberg et al. 2006b), and (12) SN 2010bh/GRB 100316D
(Margutti et al. 2013).

9 These parameters are shown in Equations(13) and (14) of Soderberg et al.
(2005), respectively.
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5.2. Is SN 2014ad Associated with an Off-axis GRB-like Jet?

Our VLA radio observations place stringent constraints on
off-axis relativistic jets expanding into an ISM-like (Figure 3)
and a wind-like CSM (Figure 4), respectively (Section 4.2).
First, we consider the case of a wind-like CSM and a highly
collimated jet with θj=5° (as is typical for cosmological
GRBs) viewed off-axis, for òe=0.1 and òB=0.01 (top right
panel, Figure 4). These off-axis narrow jets are ruled out
regardless of the observer angle for ˙ -M 10 5 Me yr−1 and

E 10k,iso
52 erg (typical value for a GRB). Hence, GRB-like

jets expanding either in a low-density CSM typical of BL-Ic
SNe ( ˙ -M 10 5–10−6Me yr−1 in Table 1 of Smith 2014; see
also Li & Chevalier 1999 and Soderberg et al. 2006b) or in
typical GRB environments ( ˙- - M10 107 5 Me yr−1;
Laskar et al. 2014, 2015) cannot be ruled out.

In the case of off-axis jets with larger opening angles
θj=30°, for òe=0.1 and òB=0.01 (top right panel,
Figure 4), we obtain stronger constraints, due to their larger
jet energy. Specifically, regardless of the observer angle, we
can rule out scenarios where ˙ -M 10 6 Me yr−1 and

E 10k,iso
52 erg. Mass-loss rates typically found in the winds

of WR stars ( ˙ -M 10 5–10−6Me yr−1; Smith 2014) are
mostly ruled out. In the case of wide (θj=30°), slightly off-

axis (θobs�30°) jets, for òe=0.1 and òB=0.01 (top right
panel, Figure 4), we can rule out the combination of ˙ -M 10 8

Me yr−1 and E 10k,iso
51 erg. Assuming a progenitor wind

velocity of 1000km s−1, all the CSM profiles of all the
detected SNe Ibc and most of the GRBs detected to date are
rejected (see Figure5 in Coppejans et al. 2018). We also report
the results for a jet propagating into an ISM-like CSM, as the
modeling of GRB afterglows often indicates an ISM environ-
ment as opposed to a wind-like density profile (e.g., Laskar
et al. 2014, 2018). For òe=0.1 and òB=0.01 (top right panel,
Figure 3), highly collimated jets with θj=5° are ruled out
regardless of the observer angle for n 10 cm−3 and

E 10k,iso
50 erg, or for -n 10 1 cm−3 and E 10k,iso

52 erg.
A jet with θj=30° is ruled out for -n 10 1 cm−3 and

E 10k,iso
50 erg. We obtain deeper constraints for jets with

θobs<60°: for θj=5° and θobs=60° a jet is ruled out for
n10−3 cm−3 and E 10k,iso

52 erg. Hence, GRB-like jets
expanding in an ISM-like medium with n10−2 cm−3 and

E 10k,iso
50 erg cannot be ruled out: these densities are

compatible with those of some GRBs ( -  n10 105 3

cm−3; e.g., Laskar et al. 2014, 2015).
We conclude that we cannot rule out the case of an off-axis

(θobs30°), narrow (θj=5°) GRB-like jet plowing through

Figure 3. Constraints on jetted outflows in an ISM-like density profile in the CSM, based on the VLA upper limits of SN 2014ad and hydrodynamic simulations with
the BOXFIT(v2) code (Section 4.2). Black circles represent jet opening angles of θj=5°, whereas gray circles represent jet opening angles of θj=30°. The symbol
size indicates the observer angle (θobs) out to which we can rule out the corresponding jet, with larger symbols corresponding to larger θobs. Red crosses indicate that
we cannot rule out an off-axis relativistic jet with the given parameters in SN 2014ad. The top (bottom) panels are òe=0.1 (òe=0.01), and the left (right) panels are
òB=0.0001 (òB=0.01).
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low-density CSM typical of BL-Ic SNe and GRBs; this
scenario allows for beaming-corrected kinetic energies

E 10k,iso
52 erg in environments sculpted by ˙ -M 10 6

Me yr−1.

5.3. Constraining the Ek(Γβ) Distribution of the Ejecta of
SN 2014ad

Compared with BL-Ic GRB-less SNe, GRB-SNe seemed to
show (i) high mass of 56Ni synthesized in the SN explosion, (ii)
higher degree of asphericity in the SN explosion, and (iii) low
metallicity of the SN environment (e.g., Cano 2013). However,
Taddia et al. (2019) recently showed that the distributions of
these observables for the two classes of BL-Ic SNe are still
compatible within uncertainties. Another way to investigate the
differences between the two classes is offered by the slope x of
the kinetic energy profile (Ek) as a function of the ejecta four-
velocity (Γβ), parameterized as ( )bµ GEk

x. What is more, this
may help to reveal the nature of the explosion (see Figure 2,
Margutti et al. 2014). Steep profiles ( -x 2.4) indicate a
short-lived central engine, and hence an ordinary Ibc SN
(Lazzati et al. 2012); flat profiles ( -x 2.4) indicate the
presence of a mildly short-lived central engine, and hence a
possible GRB-SN (Margutti et al. 2013); very flat profiles
(x=−0.4) are typical of ordinary GRBs in the decelerating
Blandford–McKee phase (Blandford & McKee 1976), whereas

very steep profiles (x=−5.2) are characteristic of a pure
hydrodynamical spherical explosion (Tan et al. 2001).
For SN 2014ad we explored a grid of parameters in the

Ek–Γβ space. Γ is calculated at t=1day applying the
standard formulation of the fireball dynamics with expansion in
a wind-like CSM (e.g., Chevalier & Li 2000)

( )( ) ⎜ ⎟
⎛
⎝⎜

⎞
⎠⎟

⎛
⎝

⎞
⎠G ~=

-E A
18.7

10 erg 0.1
, 15t

k
1 day

,iso
54

1 4 1 4
*

where A* is the circumstellar density, defined with respect to
progenitor mass-loss rate Ṁ and wind velocity vw as:

˙ ( )⎜ ⎟
⎛
⎝⎜

⎞
⎠⎟

⎛
⎝

⎞
⎠

=
- - -

A
M

M

v

10 yr 1000 km s
. 16w

5 1 1*

The allowed regions are derived through the conditions
described in Section 5.2 for the case of a highly collimated
jet with θj=5° (as typical for cosmological GRBs) viewed off-
axis in a wind-like CSM (Figure 4; top right panel). Figure 5
shows the allowed region of the beaming-corrected energy
Ek—ejecta velocity Γβ space (in the relativistic regime).
Relativistic jets for SN 2014ad are possible for progenitors
with very low densities ( ˙ -M 10 7 Me yr−1); for example, a
faster-moving ejecta (with a beaming-corrected energy
Ek∼1051 erg) plowing through a wind-like CSM with a very

Figure 4. Constraints on jetted outflows in a wind-like density profile in the CSM (r µ -r 2), based on the VLA upper limits of SN 2014ad and hydrodynamic
simulations with BOXFIT(v2) code (Section 4.2). See the caption of Figure 3 for a full description of the symbols.
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low density ˙ ~ -M 10 7 Me yr−1 has Γ β∼24 (at t= 1 day),
compatible with the flat profile (x=−0.4) of ordinary GRBs.
The lack of any associated GRB suggests a possible off-axis
GRB propagating in a wind-like CSM with a very low density
( ˙ -M 10 7 Me yr−1).

5.4. Constraints on Cocoon Emission in SN 2014ad

The interaction between the jet emission and the outer layers
of the progenitor star causes the swelling of the outer envelope
of the jet, called the cocoon. The recent broadband spectro-
scopic analysis of Izzo et al. (2019) of a BL-Ic GRB-SN
(SN 2017iuk/GRB 171205A) shows the first direct evidence
for the cocoon emission. This cocoon is characterized by a very
high expansion velocity (∼0.3c) and probably originates from
the energy injection of a mildly relativistic GRB jet. This
discovery could explain the lack of GRBs observed in
association with some BL-Ic SNe: the jet, because it transfers
a significant part of its total energy to the cocoon, produces
the typical GRB emission only if it manages to completely
pierce the star photosphere. This conclusion is in agreement
with the analysis of De Colle et al. (2018a, 2018b): they show
that the radio emission observed in relativistic SNe can be
explained as synchrotron emission from the cocoon created by
an off-axis GRB jet (either failed or successful), that propagates
through the progenitor star. Figure 5 shows the allowed region
(red hatched area) for relativistic SNe, where the cocoon
emission in principle might be observable: even if the radio
emission from SN 2014ad is much fainter than SN 2009bb and
SN 2012ap (Figure 1), this region is compatible with Ek of the
fast ejecta for an SN 2014ad progenitor with mildly low
densities ( ˙ ~ -M 10 5 Me yr−1). De Colle et al. (2018a) suggest
that, in the off-axis GRB scenario, the cocoon synchrotron
emission at radio frequencies dominates (i) always for failed
GRB/cocoon or weak GRB observed off-axis, or (ii) only at
early times for energetic off-axis jets with late-time peaks
(timescale of years).

A more quantitative discussion of the cocoon emission for
SN 2014ad is beyond the scope of the present investigation.

6. Conclusions

We present deep X-ray and radio limits of the BL-Ic
SN 2014ad. Radio and X-ray observations are crucial for
probing the fastest moving ejecta in the explosion, as the
optical emission is produced by the slow-moving ejecta.
Previous studies of this source showed that it has a number of
properties that, taken together, suggest a possible GRB
counterpart. These include a large bulk energy Ek of the slow
ejecta, the asphericity in the explosion and ejecta velocity, the
large inferred nickel mass, and the low progenitor mass-loss
rate Ṁ . Consequently, we investigated two different physical
scenarios for SN 2014ad: (i) a subrelativistic, nearly isotropic
explosion of an ordinary BL-Ic SN in a wind-like CSM
(Section 4.1); (ii) an off-axis relativistic jet (Section 4.2). These
models place strong constraints on the total energy of the fast
ejecta (E), the progenitor mass-loss rate (Ṁ ), the jet opening
angle (θj), and the observer angle (θobs). We obtained the
following results:

1. Assuming that the dominant source of X-ray emission at
early times is IC emission from the upscattering of optical
photospheric photons into the X-ray band by relativistic
electrons at the shock front (Section 3), we infer Ṁ <5×
10−5Me yr−1, for a wind velocity vw=1000 km s−1 for a
spherical outflow.

2. If SN 2014ad launched a subrelativistic and isotropic
outflow (Section 4.1), assuming equipartition (òe=
òB=0.33) we derive limits of E1045 erg for ˙ M


- M10 6 yr−1 and E1046 erg for ˙ 

-M M10 4 yr−1.
These deep constraints rule out outflows with properties
similar to (i) relativistic SN 2009bb and SN 2012ap,
for which no associated GRB was reported, and (ii)
SN 1998bw, a prototypical GRB-SN, propagating into a
similar environment. E and Ṁ of the kind seen in the
GRB-less SN 2002ap and SN 2010ay, which are char-
acterized by a modest energy budget in the fast ejecta, are
not ruled out.

3. If SN 2014ad launched a relativistic jet, we (i) rule out
collimated on-axis jets of the kind detected in GRBs and
(ii) put strong constraints on the energies and CSM
densities for an off-axis jet (Figures 3 and 4). We cannot
rule out an off-axis GRB in very low-density CSM
environments (e.g., θobs30°, θj=5°, in a CSM
sculpted by ˙ -M 10 6 Me yr−1, typical of BL-Ic SNe
and GRBs). Moreover, we cannot reject the possibility of
a radio synchrotron emission dominated by the cocoon
created by a GRB jet viewed off-axis that propagates
through the stellar progenitor, as expected for relativis-
tic SNe.

With our analysis of the off-axis jet scenario we have
demonstrated that it is not possible to rule out off-axis jets
expanding into low-density environments (as previously found
by Bietenholz 2014 for other SNe). For SN 2014ad we find˙ -M 10 6 Me yr−1 (Figure 5). If SN 2014ad was indeed
powered by an off-axis relativistic jet, our X-ray and radio
observations imply extremely low environment densities and
energies coupled to jet (unless the jet was far off-axis).
Deep radio and X-ray observations at early and at late times

of a large sample of nearby BL-Ic SNe will clarify whether or
not relativistic jets are ubiquitous in BL-Ic SNe.

Figure 5. Region of the beaming-corrected energy Ek—ejecta velocity Γβ
(with Γ estimated at t = 1 day) space allowed by our upper limits of SN 2014ad
(in wind-like CSM for relativistic regime). The color scale shows the allowed
progenitor mass-loss rate Ṁ . The dashed–dotted lines indicate the slope x of the
kinetic energy profile. The orange hatched area indicates the region of
relativistic SNe, where the cocoon emission might be observable (De Colle
et al. 2018a, 2018b).
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radiation) from gamma-ray bursts (GRBs), flashes of high-energy radiation of cosmological
origin. To this aim, we developed a Python code specific for the analysis of point-like radio
sources applied to the SRT C-band (6.9 GHz) observations of both undetected sources (GRB
afterglows of 181201A and 190114C) and the detected Galactic binary GRS 1915+105.

Our comparative analysis of the different detection methods made extensive use of sim-
ulations as a useful complement of actual radio observations. The best method for the SRT
data analysis is the fit with a 2-D Gaussian, as it pushes down the sensitivity limits of single-
dish observations –with respect to more traditional techniques– to ∼ 1.8 mJy, improving
by ∼ 40 % compared with the initial value. This analysis shows that –especially for faint
sources– an accurate knowledge of the radio background is essential.

Keywords Radio astronomy · Faint sources · Single-dish · Gamma-Ray Bursts · Sardinia
Radio Telescope

1 Introduction

Observations with single-dish radiotelescopes require (1) an accurate knowledge of the
background (both instrumental and astronomical), (2) good sky opacity conditions to en-
sure an accurate calibration, and (3) a reliable and well-defined source detection method.
Whenever the source is not detected, it is common practice to estimate an upper limit based
on the flux density root mean square (RMS) calculated over the image1.

To this aim, among several detection methods for the analysis of sources in single-dish
mode (e.g., [1,2]), we examine three of them through the network of radiotelescopes of
the National Institute for Astrophysics (INAF), which includes the Sardinia Radio Tele-
scope (SRT), the Medicina Radio Astronomical Station, and Noto Radio Observatory2:
’quick-look’ (Method A, a smart but rough approach), ’source extraction’ (Method B, typ-
ically adopted in X-ray/gamma-ray astronomy), and fitting procedure with a 2-D Gaussian
(Method C, a more sophisticated approach accounting for the instrument point spread func-
tion).

The science case of study is GRB radio afterglows, a phenomenon associated with very
faint sources (with flux densities . 1 mJy), and hence, very suitable to our analysis (e.g.
[3,4]). GRBs are detected through their bright and characteristic gamma-ray prompt emis-
sion and more recently, as the counterparts of gravitational waves (GWs; e.g. [5,6,7]). GRB
ejecta produce a relativistic blast wave shock as they expand into their ambient environ-
ment. This shock accelerates electrons and produces synchrotron radiation, which is visi-
ble as long-lasting X-ray to radio “afterglow” emission. Observations of GRB afterglows
at radio frequencies provide a wealth of information: (1) constrain the self-absorption fre-
quency of the underlying synchrotron radiation [8], and thus break parameter degeneracies
in conjunction with optical and X-ray observations, (2) track the presence and evolution of
reverse shocks in the ejecta and hence derive the ejecta magnetization and initial Lorentz
factor [9,10,11], (3) constrain the degree of ejecta collimation and hence the released en-
ergy corrected for relativistic beaming [12,13], and (4) derive the size of the afterglow using
scintillation methods [14,15]. Overall, they contribute remarkably to our understanding of
the hydrodynamics of relativistic outflows.

1 The root mean square (RMS) of the image is the standard deviation of pixels flux densities taken in
image regions not affected by the source flux.

2 http://www.radiotelescopes.inaf.it/
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Detection methods for radio faint sources 3

We analyzed these detection methods through dedicated radio followup campaigns of
two GRB afterglows (GRB 181201A and GRB 190114C) in C-band (6.9 GHz) with SRT,
resulting in upper limits. The information on the position of these sources comes from the
detection of afterglow counterparts both at X-ray and optical wavelengths. We make exten-
sive use of simulations of point-like sources, injected in simulated images/fields.

This paper is organized as follows. We describe our targets in Section 2, our radio ob-
servations in Section 3, whereas Section 3.1 explains the imaging data analysis and the
calibration procedure in single-dish mode. Following the description of the three detection
methods for point-like sources (Section 4), in Section 5 we apply them to a simulated case
(background and source). These simulations are crucial to analyze the real cases of un-
detected GRBs, and the faint source GRS 1915+105 (Sect. 6). We present our results in
Section 7 and our conclusions in Section 8.

2 Our targets

We observed two long GRBs (181201A and 190114C) and GRS1,1915+105 with SRT in
C-band (6.9 GHz). Even hours after the burst, GRB 181201A and GRB 190114C optical
afterglow remained bright (magnitude < 18 in R-filter; e.g. [16] for GRB 181201A and [17]
for GRB 190114C).

GRB 181201A was discovered by the INTEGRAL Burst Alert System (IBAS) in the
IBIS/ISGRI data on 2018 December 1 at 02:38 UT [18]; it was also detected by the Fermi
Large Area Telescope (LAT; [19]), the X-Ray Telescope (XRT) on Swift [20] and the High-
Energy (HE) instrument aboard Insight-HXMT [21]. The afterglow was observed in op-
tical (e.g. [22]), and mm/radio frequencies [23], with possible evidence for an associated
supernova [24]. It has a redshift of 0.450 [25]. For our observations of GRB 181201A,
we used the Karl G. Jansky Very Large Array (VLA) coordinates α = 21h17m11s.185,
δ = −12◦37′51.37′′ [26].

GRB 190114C was discovered by the Burst Alert Telescope (BAT; [27]) on the Neil
Gehrels Swift Observatory [28] on 2019 January 14 at 20:57:03 UT [29]. With a redshift z =

0.4245 [30], it was also detected by Konus-Wind [31], the Fermi Gamma-ray Burst Monitor
(GBM; [32]), the Fermi/LAT ([33,34]), and radio facilities (e.g. ALMA, [11]; ATCA, [35]).
GRB 190114C is the first GRB detected in the TeV band (≥ 300 GeV) by the twin Major
Atmospheric Gamma Imaging Cherenkov (MAGIC) telescopes, with observations starting
50 s after the BAT trigger [36,37,38]. For our observations of GRB 190114C, we used the
VLA coordinates α = 3h38m01s.191, δ = −26◦56′46.73′′ [15].

GRS 1915+105 is a highly variable accreting black hole in our Galaxy. In the radio it
shows relativistic superluminal jets of flux density ∼ 1 Jy [39,40] and compact jets with flux
density of 20−200 mJy [41,42]. In the framework of the monitoring of GRS 1915+105 with
SRT (PI: Egron, proposal 28-18), we performed observations on 22 May 2019 at 6.9 GHz
when the source was slightly active. We carried out the data analysis with our software in
order to test our methods of detection on a quite weak but clearly detected source with SRT
and compare the result of the flux density with another software dedicated to single dish
imager observations (SDI, [43]).
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Table 1 Observation campaign for our analysis with SRT. ∆ti and ∆t f indicate respectively the start and final
observing epoch after the GRB explosion (in units of days).

Epoch GRB Receiver ∆ti ∆t f
(d) (d)

2018/12/11 181201A SRT-C 10.36 10.52
2019/01/30 181201A SRT-C 60.27 60.49
2019/03/22 181201A SRT-C 111.12 111.32
2019/01/17 190114C SRT-C 2.77 2.99
2019/01/23 190114C SRT-C 8.74 8.94
2019/03/05 190114C SRT-C 49.66 49.84

3 Observations with SRT

We observed GRB 181201A, GRB 190114C and GRS 1915+105 with SRT3, which is part
of the INAF radiotelescope network; it is the largest among them with a 64-m diameter
parabolic reflector. SRT is located in San Basilio (near Cagliari, Sardinia, Italy) and oper-
ates in the 0.3 − 100 GHz nominal frequency range with a Gregorian configuration [44]. At
present, SRT is equipped with three receivers: a coaxial dual-feed L–P-band (1.3−1.8 GHz;
305 − 410 MHz) receiver, a mono-feed C-band receiver (5.7 − 7.7 GHz), and a 7-beam K-
band receiver (18 − 26.5 GHz) [45,46]. An active surface (composed of 1008 panels and
1116 electro-mechanical actuators) implemented on the primary mirror allow us to (1) com-
pensate for gravitational deformations and (2) re-shape the primary mirror from a shaped
configuration to a parabolic profile [47,48,49,50].

The targets were observed with SRT at 6.9 GHz (bandwidth = 1200 MHz) between
2018 December 11 and 2019 March 22 under the project 23-18 for GRB 181201A (PI:
M. Marongiu) and the ToO request 02-19 for GRB 190114C (PI: M. Marongiu). We ob-
served in ”shared-risk mode” through a new-generation and flexible ROACH2-based back-
end called sardara (SArdinia Roach2-based Digital Architecture for Radio Astronomy [51]).

During sardara operations, the total bandwidth of each polarization (LCP and RCP4)
is divided into 1024 channels. For continuum observations, this allows us to dynamically
remove radio frequency interference (RFI) and thus maximize our point-source sensitiv-
ity. We performed the mapping of our targets through On-the-Fly (OTF) scans. Within this
technique data are continuously stored while the antenna performs constant-speed orthog-
onal scans across the sky, alternately producing maps along the Right Ascension (RA) and
Declination (Dec) directions. Unlike raster maps (where separated on-source/target and off-
source/background pointing are performed), in OTF mapping the target signal is measured
together with the background/baseline level (continuously spanning a sky region larger than
the target). This allows for a more precise background/baseline subtraction. Observations
were carried out through the repetition for ∼ 15 RA/Dec maps of 0.2◦ × 0.2◦ with 4 ar-
cmin/s scan speed, 4.5 scan/beam, and a sampling time of 20 ms during the observations.
The dimensions of the maps were chosen based on the beam size in C-band at the observing
frequency νobs = 6.9 GHz (HPBW = 2.71± 0.02 arcmin [49]). This configuration allows us
to reach an exposure of ∼ 1 minute/beam for a total mapping time of ∼ 6 hours including
overheads and slew time, in order to have the chance to detect a counterpart at ∼mJy level

3 http://www.srt.inaf.it/
4 Radio waves interact with the antenna (the parabolic reflector) where they are carried to a focus. At

the focus the radio waves in free space are coupled to an antenna through a device called feed, that probes
the electric field of incoming radiation rotating counterclockwise (right-hand circular polarization, RCP) and
clockwise (left-hand circular polarization, LCP), respectively, with time (e.g. [52]).
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Detection methods for radio faint sources 5

or below. This observing strategy provides a direct image of the sources close to the target
as well as a better estimate of the flux density.

An accurate evaluation of flux density errors is possible thanks to the acquisition of
> 10 − 20 samples/beam for each scan passage; this generates a large beam oversampling
(with respect to Nyquist sampling), that allows us to efficiently remove outlier measure-
ments ascribed to RFI. The length of the scans is chosen based on the source size; the scan-
dependent baseline (i.e. background emission and system-related signal) must be correctly
subtracted, to properly reconstruct the morphology of the observed source and its associated
flux density [50]. Ideally, each scan should be free of significant source contribution (and
RFI contamination) for 40 − 60 per cent of its length/duration, to properly identify and sub-
tract the baseline component; usually this requirement is satisfied for extragalactic targets
(i.e. GRBs), but not trivially satisfied for targets located in crowded regions of the Galactic
plane.

Two consecutive scans were separated by an offset of 0.01◦, which implies that –assuming
a beam size of 2.7 arcmin in C-band– (1) 4.5 passages were carried out per beam on average,
and (2) ∼ 17 samples beam−1 scan−1 were taken. The total duration of an observation (de-
fined as a complete map along both RA and Dec directions) at 6.9 GHz was about 6 h. Stable
weather conditions (possibly a clear sky) result in the production of high-quality maps; in
only two epochs (2019 January 17 and 2019 March 5) weather conditions were excellent
during the observation (Tab. 1), while in the other epochs high cloud coverage and rainy
conditions provided poor and changeable opacity.

The spectral flux density of the target was reconstructed by observing a set of OTF
cross-scans on standard point-like calibrators at the considered frequencies (3C286, 3C295,
3C123, 3C48, 3C147 and NGC7027) before and after each target map, assuming calibrator
fluxes as obtained by [53], using the VLA data [54].

3.1 Imaging data analysis and calibration

The imaging procedure is performed through SRT Single-Dish Imager (SDI), a tool opti-
mized for OTF scan mapping; SDI performs automated baseline subtraction, RFI rejection
and calibration, generating standard SAOImage DS95 output FITS images suitable for fur-
ther analysis [54,50].

The conversion factor Jy/counts (Kconv) for the calibration is defined as the ratio between
the peak flux density S cal (at that specific observing frequency) and the maximum value
of the observed instrumental counts in the calibrator image Cmax. This factor is roughly
independent of the elevation since C-band SRT gain curve is approximately flat (within a
few percent) thanks to optimized settings of the active surface (shaped mode) [49,54,44,
50]. We considered calibrators and target observations in the elevation range ∼ 30–80◦ since
the antenna beam has proved to be very stable in that interval. A Gaussian shape provides
a very good fit to OTF scans on calibrators, thus we assumed a beam solid angle for image
calibration (in units of steradians) as [50]:

Ωbeam = π
(
1.2 × HPBW

2

)2

, (1)

where HPBW is in units of arcmin.

5 http://ds9.si.edu
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Calibrated data were binned through ARC-tangent projection using pixel sizes ∼ 1/4
of the HPBW, corresponding to the effective resolution of the images [50], and the DS9
FITS images were produced in units of Jy/beam and Jy/sr. The statistical errors on flux den-
sity measurements are calculated through the flux density standard deviation for each pixel;
moreover, the integrated statistical flux errors (typically < 0.5%) are well below systematic
errors, estimated to be . 3% [50].

4 Detection methods for point sources

Our study tackles the question ”How is optimally detected a weak source surrounded by
other sources and affected by background?” To answer it, we need a robust, reliable and
sensitive detection method.

We analyze three detection methods according to sensitivity and robustness: ’quick-
look’ (Method A, Sect. 4.1), ’source extraction’ (Method B, Sect. 4.2), and fitting procedure
with a 2-Dimensional Gaussian (Method C, Sect. 4.3). These methods are applicable to radio
detection, such as the case of highly variable sources, which can have a very weak radio flux
density during periods of quiescent states, and/or in a crowded regions of the sky. This is
the case for instance of the microquasar GRS 1915+105. Regarding undetected (or very
faint) sources, in the radio domain the upper limit for the flux density is usually estimated
through 2-times the minimum RMS of a region in the image not significantly affected by
other sources (RMS min). Such upper limits can be overestimated if the target is surrounded
by other sources (crowded field), and in any case it does not represent the actual sensitivity
at the source position.

For this analysis we developed a specific Python code, where the input is the calibrated
FITS image (suited for INAF network) produced by SDI, and the output consists of the
flux density Am and its uncertainty ∆Am. This code will be directly implemented in the SDI
package soon. We define the significance as the signal-to-noise ratio S = Am/∆Am, using
each technique (in turn characterized by different uncertainties). Tab. 2 reports the upper
limits obtained with each method. It is worth noting that our analysis does not consider the
systematic errors of the antenna, as they are negligible compared with the statistical ones for
very weak sources (Section 3.1).

4.1 Method A - Quick-look detection method

Method A consists of an estimation of the flux density of the target S source, corresponding
to the pixel of the source position (peak flux of the point-like target taken in Jy/beam units);
the uncertainty is defined as RMS min, the minimum RMS of a fixed region (a rectangle of
size 1.5 beam for this work) in the image. In case the source is not detected, this is a suitable
method to get a rough upper limit; we assume 2 × RMS min as upper limit.

4.2 Method B - Source extraction method

Method B is typical of X-/gamma-ray and optical imaging. At the beginning, the procedure
extracts the sum of the Jy/pixel values corresponding to two regions:
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Table 2 Flux densities for Methods A, B and C (fixed position and position criterion) with SRT in C-band.
In case of non-detection (numbers in bold font), we injected a fake sources in the image, and the target is
detected at 3σ-level; therefore we assumed the upper limit as 2σ-level of the 3σ-level detection.

Epoch Source Method A Method B Method C (fixed) Method C (free)
(aaaa/mm/dd) (mJy) (mJy) (mJy) (mJy)
2018/12/11 GRB 181201A 3.9 2.2 7.4 4.6
2019/01/17 GRB 190114C 3.4 2.5 1.8 2.7
2019/01/23 GRB 190114C 6.5 5.1 3.0 6.5
2019/01/30 GRB 181201A 11.0 8.5 7.5 7.6
2019/03/05 GRB 190114C 5.2 2.4 2.5 3.5
2019/03/22 GRB 181201A 36.4 25.9 18.2 24.0
2019/05/22 GRS 1915+105 159.0 ± 14.7 177.0 ± 11.7 187.0 ± 8.9 -

1. the region –centered on the source– with a radius of n HPBW6, depending on the max-
imum S/N ratio in the range 1.5 – 5 HPBW (Ts,sum); the n value depends on the source
and local background flux densities.

2. a background area taken from an image region free of sources (Tb,sum).

After normalizing Ts,sum and Tb,sum with respect to the same extraction area, the contribu-
tion of residual background from the image is calculated through the difference D = Ts,sum−
Tb,sum. The flux density of our target (in units of Jy) is calculated as S = D×Kconv×P, where
Kconv is the calibration factor (Sect. 3.1) and P = Ωpix/Ωbeam (where Ωpix is the solid angle
of a single pixel of the image). The uncertainty on S is calculated as ∆S = ∆Ts,sum +∆Tb,sum;
the uncertainties ∆T correspond to

√
Npix×RMS min, where Npix is the total number of pixels

of the extraction region.

4.3 Method C - 2-Dimensional Gaussian fitting procedure detection method

In Method C we fit the image using a 2-D Gaussian plus a constant, defined as:

G = N0 + A × e−u(x,y,x0 ,y0 ,θ,a,b)/2 , (2)

where N0 is the residual background, A is the amplitude and u is the ellipse equation, de-
pendent on the position (x0, y0), the semimajor and semiminor axes (a, b) and the position
angle θ7.

Our Python code adopts a non-linear least squares method through the Python pack-
age curvefit. The parameter uncertainties are described by the square root of the diagonal
elements of the covariance matrix.

5 Setting up of the code: simulations of point-like sources

To test the robustness of our fitting procedure, we inject a fake point-like source in image
convolved with a 2-D Gaussian (Eq. 2) with fixed HPBW (a = b = 2.7 arcmin, correspond-
ing to the SRT C-band beam. We then create a sample of images, each of which composed by
one fake point-like source with increasing Gaussian peak A in order to understand when the
target becomes distinguishable from the background. In this way we tested the robustness

6 The half power beamwidth (HPBW) is the angular separation in which the magnitude of the radiation
pattern decrease by 50% (or 3 dB) from the peak of the main beam.

7 For our purpose, we fixed a = b (circular beam) and θ = 0.
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of our fitting procedure by injecting fake point sources (one per image per trial) of vary-
ing amplitudes. We implemented two kinds of simulations: (1) full simulation of the source
and the background (Sect. 5.1), and (2) simulation of the source in a real background/image
(Sect. 6.1). Finally, for each image of this sample we apply these detection methods, com-
paring them in terms of sensitivity and robustness. For Method C, we assume Am as free
parameter, and we apply two combinations to localize the target in the image during the
fitting procedure: (1) we fix the target position parameters (x0,m, y0,m) to their true values,
which are known in the simulation (fixed position case), and (2) we assume x0,m and y0,m

as free parameters (free position case). Regarding the free position case, we assume two
additional detection criteria: (1) the positional uncertainty ∆x and ∆y (obtained by fitting
procedure) must be . 10% of the actual source position, and (2) x0,m and y0,m must to be
inside the 4% region of the true position. If these conditions are not satisfied, we consider it
a non-detection.

We assume that –for each detection method– the source is detected at 3σ-level, whereas
upper limits are reported at 2σ-level.

5.1 Full simulation

This procedure, consisting in the simulation both of the background and the source, is cru-
cial to set up our Python code for the analysis. We simulated an image of 46 × 46 pixels,
corresponding to 27.6 arcmin (the pixel size is 36 arcsec), with a fake source at x0 = y0 = 23
with A increasing from 0.1 mJy with step 0.1 mJy; we assume five cases of the background
N0 (10−3, 1, 2, 5 and 10 mJy).

The results shown in Figs. 1, 2, 3, 4, suggest that the Method C provides an excellent
accordance with the original flux density injected in the 2D-Gaussian fake source, implying
a good significance S; on the other hand, method A shows high uncertainties and we rec-
ommended it only for a rapid and preliminary estimation of the flux density and/or when
the instrument beam is poorly known. According to the best case (Method C), in the fixed
position case the 3σ-level detection is reached for flux densities ranging between & 2 mJy
(N0 = 1 mJy, Fig. 1) and & 15 mJy (N0 = 10 mJy, Fig. 4); in the free position case, this
detection ranges between & 2.3 mJy (N0 = 1 mJy, Fig. 1) and & 20.8 mJy (N0 = 10 mJy,
Fig. 4); moreover, the ideal case N0 = 10−3 ∼ 0 mJy corresponds to a source 3σ-level
detection at the limiting sensitivity of & 0.1 mJy.

For Method B, simulations suggest an optimal extraction region (providing the maxi-
mum S/N ratio) of ∼ 2 HPBW; this corresponds to 93.75% of the Gaussian beam solid
angle, and hence for real observations we apply a corrective factor of 1.07 to the flux densi-
ties obtained with this method.

6 Detection methods applied to real observations

The analysis of these detection methods in the case of real radio observations shows very
interesting aspects about the imaging of faint sources and the upper limit estimation in case
of undetected targets. Fig. 5 (left) shows the image of the detected source GRS 1915+105;
our detection methods produce similar values of flux densities (Tab. 2). In particular, Method
C is able to detect a single source in the field also in free position case, despite the region
being characterized by variable background and strong RFI. The analysis on this source
(Tab. 2) shows that Method C provides an uncertainty on the flux density measurement of
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Fig. 1 Results of full simulation procedure for the case N0 = 1 mJy. Color shaded area in the panels are
bounded by the maximum and the minimum values computed in 20 bins of flux densities. Red, green and
blue regions are Method A, B and C, respectively; for Method C, uniform region indicates fix position case,
and hatched region indicates free position case. Top left: plot of the fitted amplitude Am as a function of the
simulated amplitude A0 (fixed position in blue, free position in red). Top right: plot of the relative error on the
fitted peak as a function of the simulated amplitude A0 (fixed position in blue, free position in red). Bottom
left: plot of the simulated amplitude A0 as a function of the significance S (fixed position in blue, free position
in red); green dotted line indicates the 2σ-level for upper limits. Bottom right: plot of the fitted position x0
(in red) and y0 (in blue), for the case of free position, as a function of the simulated amplitude A0; green line
indicates the true position of the fake source; yellow area indicates the 4% region of good positional detection
of the source, and red area indicates the excluded regions from the positional criteria.

∼ 5% (∼ 7% for Method B, and ∼ 9% for Method A), suggesting that this method is the
most accurate and robust for flux densities measurements.

The image on the right in Fig. 5 shows an example of a field characterized by an unde-
tected source (GRB 190114C); we discuss this part in the following Section. Tab. 2 shows
in detail the results of our Python code for real observations.

6.1 Real images of undetected sources

In single-dish mode, often faint radio sources could be non-detectable. In this context we
wonder ”What is the minimum significance level needed for source detection?”. To answer
this question, we need to inject fake sources in the real radio image (Eq. 2) in order to under-
stand when the target becomes distinguishable from the background. These fake sources are
located in the position detected by other facilities (from radio to high-energy frequencies);
we simulated increasing values of A from 0.1 mJy to the maximum value of flux density in
each image, with step 0.1 mJy. A detection of the fake injected source at 2σ-level sets the
precise upper limit in the real image at the actual source position.
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Fig. 2 Results of full simulation procedure for the case N0 = 2 mJy. See the caption of Fig. 1 for a full
description of the symbols and plots.

Fig. 3 Results of full simulation procedure for the case N0 = 5 mJy. See the caption of Fig. 1 for a full
description of the symbols and plots.
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Fig. 4 Results of full simulation procedure for the case N0 = 10 mJy. See the caption of Fig. 1 for a full
description of the symbols and plots.

Fig. 5 Gaussian smoothed images of GRS 1915+105 (left) and GRB 190114C (right). White circles indicate
contours with respect to 2 (outer) and 5 (inner) times the value of RMS min.

The first epoch at 2018 December 11 shows RMS min ∼ 1.9 mJy (Tab. 3), resulting in a
standard upper limit estimation of 3.8 mJy (2σ-level). The injection of fake source in this
field shows that the 2σ-level upper limit of the source is ∼ 3.9 mJy for Method A, ∼ 2.2 mJy
for Method B and ∼ 7.4 mJy for Method C (Fig. 6). The additional criterion for the free
position case (with a fake source) of Method C shows a detection at ∼ 4.6 mJy where,
for the Method C, the significance S is ∼ 5 (∼ 5 for Method A, and ∼ 7 for method B).
This is the only case where Method C is characterized by 2σ-level upper limit higher than
Method A and B estimations: this high value originates probably by an inaccurate baseline
subtraction.
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Fig. 6 Overview of fitting procedure for a fake source (suited by a 2D-Gaussian) about SRT observation of
GRB 181201A at 2018 December 11. See the caption of Fig. 1 for a full description of the symbols and plots.

The second epoch at 2019 January 17 shows a very low RMS min (∼ 1.5 mJy, Tab. 3),
caused probably by the optimal weather conditions at that epoch, resulting in an high image
quality. As we can see in Fig. 7, we confirm the results for the full simulation procedure: the
most accurate method is the method C, and the worst method is the method A (Fig. 7). The
injection of fake source in this field suggests a 2σ-level upper limit at ∼ 3.4 mJy for Method
A, ∼ 2.5 mJy for Method B and ∼ 1.8 mJy for Method C (Fig. 7); the additional criterion for
the free position case for Method C shows a detection at ∼ 2.7 mJy, where the significance
S is ∼ 4 (∼ 2.5 for both Method A and B; Fig. 7).

The third epoch at 2019 January 23 (Fig. 8) is characterized by RMS min ∼ 2.7 mJy;
Tab. 3), resulting in a standard upper limit estimation of 5.4 mJy (2σ-level). The analysis on
this epoch seems to confirm the results for the full simulation procedure. The most accurate
method is the method C, and the worst method is the method A (Fig. 8); moreover, methods
A overestimates the flux densities, whereas method B underestimates these flux densities
(Fig. 8). The injection of fake source in this field shows suggests a 2σ-level upper limit at
∼ 6.5 mJy for Method A, ∼ 5.1 mJy for Method B and ∼ 3.0 mJy for Method C (Fig. 8); the
additional criterion for the free position case for Method C shows a detection at ∼ 6.5 mJy,
where the significance S is ∼ 4 (∼ 2 for Method A and ∼ 2.5 for Method B; Fig. 8).

The fourth epoch at 2019 January 30 shows RMS min ∼ 3.3 mJy (Tab. 3). As we can see
in Fig. 9, the most accurate method is the method C, and the worst method is the method A.
The injection of fake source in this field suggests a 2σ upper limit at ∼ 11 mJy for Method
A, ∼ 8.5 mJy for Method B and ∼ 7.5 mJy for Method C (Fig. 9); the additional criterion
for Method C (free position case with a fake source) shows a detection at ∼ 7.6 mJy, where
the significance S is ∼ 3 (∼ 2 and ∼ 1.5 for Method B and A, respectively; Fig. 9).
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Fig. 7 Overview of fitting procedure for a fake source (suited by a 2D-Gaussian) about SRT observation of
GRB 190114C at 2019 January 17. See the caption of Fig. 1 for a full description of the symbols and plots.

Fig. 8 Overview of fitting procedure for a fake source (suited by a 2D-Gaussian) about SRT observation of
GRB 190114C at 2019 January 23. See the caption of Fig. 1 for a full description of the symbols and plots.
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Fig. 9 Overview of fitting procedure for a fake source (suited by a 2D-Gaussian) about SRT observation of
GRB 181201A at 2019 January 30. See the caption of Fig. 1 for a full description of the symbols and plots.

The fifth epoch at 2019 March 5 shows the lowest value of RMS min in our analysis
(∼ 1.3 mJy, Tab. 3). The analysis, as in the previous cases, confirms the results for the full
simulation procedure (Sect. 5.1), where the most accurate method is the method C, and the
worst method is the method A (Fig. 10). The injection of fake source in this field suggests a
2σ-level upper limit at ∼ 5.2 mJy for Method A, ∼ 2.4 mJy for Method B and ∼ 2.5 mJy for
Method C (Fig. 10); the additional criterion for the free position case for Method C shows
a detection at ∼ 3.5 mJy, where the significance S is ∼ 4 (∼ 3 and ∼ 1 for Method B and
A, respectively; Fig. 10). This epoch shows the power of the Method C in terms of accuracy
and robustness: at the same conditions we are able to detect a source where Method A fails
(Fig. 10, bottom right).

On the other hand, the last epoch at 2019 March 22 is the worst image in our followup
campaign, characterized by a very bad weather at SRT site (rain and wind) and RMS min ∼
9.6 mJy (Tab. 3). The injection of fake source in this field suggests a 2σ-level upper limit
at ∼ 36.4 mJy for Method A, ∼ 25.9 mJy for Method B and ∼ 18.2 mJy for Method C
(Fig. 11). The additional criterion for the free position case for Method C shows a detection
at ∼ 24 mJy, where the significance S is ∼ 4 (∼ 2 for Method A and B; Fig. 11).

7 Discussion

Radio observations of real fields are intrinsically characterized by several features (such as
the background, systematic errors of the radio devices or weather conditions) which directly
impact on the detection and flux estimation of –especially faint– sources. The analysis of real
images obtained with SDI confirms the results of the full simulation procedure (Sect. 5.1),
showing that –especially for faint sources (mJy or sub-mJy events)– a refined knowledge of
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Fig. 10 Overview of fitting procedure for a fake source (suited by a 2D-Gaussian) about SRT observation of
GRB 190114C at 2019 March 5. See the caption of Fig. 1 for a full description of the symbols and plots.

Fig. 11 Overview of fitting procedure for a fake source (suited by a 2D-Gaussian) about SRT observation of
GRB 181201A at 2019 March 22. See the caption of Fig. 1 for a full description of the symbols and plots.
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the baseline (such as the background, other sources, RFI, weather, and the systematic errors
of the antenna) is crucial. These images show that Method C is the most accurate, whereas
the least accurate one is Method A, which either under- or overestimates flux densities, pos-
sibly due to the approximation of the 2D-Gaussian peak with respect to the corresponding
pixel peak.

Method B tends to underestimate flux densities, possibly due to inaccurate baseline
subtraction in SDI package, considering that this method does not consider RFI or other
sources near the target. The baseline subtraction in SDI package is crucial especially for
faint sources. In this respect, Method C is also particularly sensitive to the baseline subtrac-
tion.

In Section 6.1 we estimated 2σ upper limits and set strong positional constraints, em-
phasizing how the knowledge of background is essential. These limits strongly depend on
the weather conditions (e.g. rain, humidity, and cloud cover), especially for observations of
very faint sources, as is our case. From the analysis of real images, we do not detect the af-
terglows of either 181201A or 190114C in any images at S & 5. Our upper limits lie above
the VLA and ATCA flux densities [23,35] and East Asia VLBI upper limits [55] obtained
almost at the same epoch. In particular, our upper limit of 17 January 2019 for 190114C
(1.8 mJy), estimated with Method C in fixed position case (Tab. 2), lies just above the inter-
polated ATCA flux density (∼ 1.6 mJy) calculated in C-band (6.9 GHz) at the time of SRT
observation (2.9 d after the GRB trigger). This value is affected by scintillation for about
35% of the observed flux density [35], and hence –even more so– is compatible with our
upper limit.

In the literature there is an upper limit (0.6 mJy at 3σ) with SRT in C-band for an old
GRB afterglow (GRB 151027A, [56]), significantly lower than our values. It is not straight-
forward to compare results obtained under very different observing conditions, so the dis-
crepancy should not necessarily be alarming. In particular, [56] did not carry out a mapping,
but limited their observations to cross-scans centered on source, following an approach de-
signed for blazar observations [1]. While such a technique benefits from a higher efficiency
(through a larger fraction of time spent on-source), it is on the other hand more limited in
the presence of a complex background. Mapping thus represents a more reliable and general
approach, particularly in the Galactic plane and/or at high frequency.

The success of the observations of faint sources (or the quality of the image) for SRT
is described by the limiting sensitivity of a radio astronomical receiver, calculated with the
radiometer equation S = φ∆t−1/2, where S = RMS min (in units of mJy) and δt is the total
observing time of the source (in units of hours). Therefore we calculate the parameter φ =

S∆t1/2 (in units of mJy h1/2) that provides a rough estimation of all the contamination factors
of the image, such as the background, other sources beyond our target, RFI phenomenon,
weather conditions, and systematic errors of the single-dish facility. Our radio campaign
shows that (1) φ ≤ 3.5 mJy h1/2 indicates a high-quality image (with a good upper limit),
(2) φ between 3.5 and 8 mJy h1/2 indicates a medium-quality image, and (3) φ > 8 mJy h1/2

indicates a low-quality image (Tab. 3).

8 Conclusions

We analyzed three detection methods having different degrees of sensitivity and robustness
(’quick-look’ or Method A, ’source extraction’ or Method B, fitting procedure with a 2-D
Gaussian or Method C). Their performances were assessed in the case of weak sources in
single-dish mode through the INAF network of radiotelescopes. To this aim, we developed
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Table 3 Minimum value of RMS min (estimated with Method A) for the undetected sources observed in SRT
maps (in units of mJy), based on 1.5 beams of SRT receiver. δt indicates the integration time (in units of
hours), and φ = RMS min/δt (in units of mJy h1/2).

Epoch GRB Receiver δt RMS min φ
(aaaa/mm/dd) (h) (mJy) (mJy h1/2)
2018/12/11 181201A SRT-C 3.84 1.93 3.78
2019/01/17 190114C SRT-C 4.80 1.49 3.26
2019/01/23 190114C SRT-C 4.80 2.70 5.92
2019/01/30 181201A SRT-C 5.28 3.26 7.49
2019/03/05 190114C SRT-C 3.60 1.30 2.47
2019/03/22 181201A SRT-C 4.08 9.57 19.33

a specific Python code, where the input data are the calibrated FITS images (suited for
INAF network) produced by SDI, and the output consists in flux densities and corresponding
uncertainties.

This new approach for the SRT data analysis enhances the capabilities of this radiotele-
scope, especially optimizing the detection of faint sources, as is the case for GRB afterglows
or GW radio counterparts. We observed two GRB afterglows (181201A and 190114C) and
the Galactic binary GRS 1915+105 with SRT in C-band (6.9 GHz).

Our comparative analysis of the different detection methods made extensive use of simu-
lations as a useful complement of actual radio observations. In the regime of faint/undetected
sources, simulations of injected point-like sources are used for the assessment; in particular,
the estimated flux densities (or upper limits in case of undetected sources) strongly de-
pend on the weather conditions (e.g. rain, humidity, and cloud cover). Simulations of both
background and source are essential to characterize the detection of point-like sources in
images/fields, and as such they were used to calibrate our software for the analysis of real
targets. This analysis shows that the Method C provides an excellent agreement between
fitted and real injected flux density. Source detection at 3σ confidence (for N0 & 1 mJy)
is feasible for flux densities & 2 mJy; on the other hand, Method A shows high uncertain-
ties and we recommended it only for a rapid and preliminary estimation of the flux density
and/or when the instrument beam is poorly known.

These results are further corroborated by the analysis of real radio observations. For
GRS 1915+105, Method C (in free position case) is able to detect it, although the region is
characterized by a variable background. Images with undetected sources offer the possibility
to study the conditions required for a detection through the injection of a fake source in the
real radio image, located at the position previously found by other facilities. Our results show
that –especially for faint sources (mJy or sub-mJy events)– a deep knowledge of the radio
background is crucial for accurate flux density measures. These images show that Method
C pushes down the sensitivity limits of this radiotelescope –with respect to more traditional
techniques– to ∼ 1.8 mJy, improving by ∼ 40% compared with the initial value.

The image quality for faint sources is described by φ, that provides a rough estimation
of all the contamination factors affecting the image; our campaigns show that the range
φ ≤ 3.5 mJy h1/2 corresponds to a high-quality image, 3.5 ≤ φ/(mJy h1/2) ≤ 8 corresponds
to a medium-quality image, whereas φ > 8 mJy h1/2 characterizes a low-quality image.

The code developed for this analysis will be further improved adopting a Bayesian ap-
proach in the fitting procedure that incorporates the likelihood analysis for crowded images.
In the multi-messenger era, it can be employed to analyze (1) not only faint sources such as
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the radio counterparts of GRBs or GWs, but also other sources such as solar flares 8, and (2)
images obtained through interferometric radiotelescopes, such as the Very Large Baseline
Array (VLBA9), the European Very Large Baseline Interferometry Network (EVLBI10, of
which SRT is part), LOw Frequency ARray (LOFAR, [57]) or the next generation Square
Kilometer Array facility (SKA, [58]).
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nikov, T. Terzić, M. Teshima, N. Torres-Albà, L. Tosti, V. Vagelli, J. van Scherpenberg, G. Vanzo, M.V.
Acosta, C.F. Vigorito, V. Vitale, I. Vovk, M. Will, D. Zarić, L. Nava, P. Veres, P.N. Bhat, M.S. Briggs,
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